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Lol no1 dau
Quyén siach BAI TAP TRAC NGHIEM TOAN 9 (Tap 2) duge bién

soan theo chuong trinh Toan 9 hién hanh.

Nhitng bai tap thudc loai trdc nghiém c6 nhiéu lua chon da dang,
duoc sdp xép tir dé dén khé nham giip hoc sinh tu hoc, tu rén luyén kién
thic todn tif co ban dén nang cao.

No6i dung quyén sach gém c6 :
e Phan dai sé:

— Chuong III: Hé hai phuong trinh bac nhat hai 4n

— Chuong IV: Ham s3 y = ax’ (a # 0) - Phuong trinh bac hai mot 4n
e Phan hinh hoc :

~ Chuong I1I: Gée v6i dudng tron

— Chuong IV: Hinh tru — Hinh nén — Hinh céau

Méi van dé trong chuong déu c6 phan tém tdt kién thidc co ban, bai
tap tric nghiém

Cuéi méi chuong déu c6 phan én tap chuong va huéng din cach giai
mot s6 bai tap ciua chuong.

Phan 6n t4p cudi nam hoc 1a bd dé téng hop giup hoc sinh tu lam, tu
kiém tra danh gia két qua hoc tap cua minh.

Tac gia hy vong quyén sach nay con giup phu huynh hoc sinh c¢é tai
litu dé huéng dan, kiém tra viéc hoc todn cia con em minh.

Du ching téi ¢6 gdng nhiéu trong qué trinh bién soan nhung chic
khong tranh khoi mot s6 thiéu sé6t. Rat mong nhan duge y kién déng goép
tir ban doc dé giip chiing téi c¢6 diéu kién hoan chink juyén sdch nham
phuc vu ban doc tét hon. |

Cac tac gia



PHAN PAI SO

CHUONC Ill. HE PHUONG TRINH BAC NHAT HAI AN
Vin dé 1. PHUONG TRINH BAC NHAT HAI AN

A. KIEN THUC CAN NHO

m Pinh nghia
Phuong trinh bac nhat hai Gn x va y la hé thiee co dang ax + by = ¢ (%)
trong do a, b, ¢ la cdc s6 da biét (a =0 hogc b =z0)
“Phuong trinh (*) c6 nghiém la (xp: yo) < axp + byg —c = 07

@ Tap nghiém cta phuong trinh bac nhat hai an

o Phuong trinh ax + by = ¢ co vé sé nghiém, tdp nghiém cua phuong
trinh dige biéu dién bdi duong thing ax + by = c.

avab | Puong thdang (d) biéu dién tdp nghiém cia phuong trinh
a =0 va a ¢
y=-—X+—
b = O : b b
= G’ y > . " s> .3
% " y= . td) song song hodc triung vdi truc hoanh
b =0 b
=0 va ' .
ab :;a x=< , (d) song song hodc trung vgi truc tung
= a

R. BAITAP

L. Cho phuong trinh 4x — 3y = 16
Cap s0 (x; y) ndo sau diy la nghiém cua phuong trinh trén?

A.(1;3) B.(1; -4) C.(2; 3) D.(-2;5)
2. Cong thdic nghiém téng quat cua phuong trinh 3x + y = 6 1a :
yeb6
6

A "€ hoac 1
y=-3x+6 X=—-=y+2

3

yeR

B. {*€ K hodc 1
y=3x-6 X==y-2

3



yeR

: - R
C. {xe hodc 1
y=-3x+6 x=—§y+2

D. Mot két qua khac
3. Cong thic nghiém téng quat cia phuong trinh 4x + 2y = 0 la :

R yeO
R Y€
A. {” hoac 1 B. {"EO hodc )
y =-2x 1X==-=y ¥ o=2% X=—y
2 9
xeR yeR
C. 1 hoac { D. B) ding; A) va C) sai
y:Ex x=2y

4. Tap nghiém (x; y) cia phuong trinh 2x — y = 1 dugc biéu dién bdi
dutng thing nao dudi day ?

YA yn/
S 2 N
0 1 X 0 x

(D2)
(Dy)
YA

1
- »
. _1 X

(Dy)

A. (D)) B. (Dy) C. (D3) D.(Dy)



5. Duong thing (D) trong hinh vé biéu dién tap

nghiém cua phuong trinh nao duéi day ? (D) N
A.3x+2=0 3

B.-2x-3=0 9 _
C.2v+6=0 —o 1 -1 0 1 x
D.2y+3=0

6. Phuong trinh nao dugi day khong xac dinh mét ham sé dang
y=ax +b:
A.4x-2y =5 B. 3x+3y=8
C.0x + 5y = 10 D. 2x -0y =12

7. Gi4 tri nao cia m dudi day dé diém M(2; 1) thuoc do thi (D) cua
phuong trinh mx - 3y =5 ?
A.-3 B. 3 C. 4 D. -5

8. Gia tri nao cua m dudi day dé do thi (D) cua phuong trinh
1

g*+ 2y = é m cat truc hoanh tai diém c6 hoanh dé x = -1 ?

A. B. -—- C. - D.0

Co |+
W
NN

b. Cho'hei dudng thdng s (05 y=—%x+% va (Dy) : yz-léx-—l

Toa do giao diém cia hai dudng thiang (D;) va (D,) la :

16 1 9 1
il B B.[—;-—
A[g’ 9) (15 15]

4 1
< (3+-5) 0. (-1
10. Cho hai phuong trinh x - 2y = =10 va x + y = —1. Nghiém chung cta
hai phuong trinh la :
A.(-2;5) B. (-8; 4) C. (7;-3) D.(-4; 3)
DAP AN

Bai | 1 2 5 6 10
Cau | B C| A | D B D | C B A | D

]
(=Y
|
o o
e}




Van dé 2. HE PHUONG TRINH BAC NHAT HAI AN
A.  NKIEN THUC CAN NHO

Il_l Khai niém vé hé phuong trinh bac nhat hai an
Cho hai phuong trinh bac nhat hai &n ax + by = cvaa'x + b’y = ¢’.
Khi d6, ta c6 hé hai phuong trinh bac nhat hai an.

(1) {ax +by=c (1)
a'x+by=c (2)
e Néu hai phuong trinh (1) va (2) ¢6 nghiém chung (xy; yo) thi
(xg; yo) duge goi la nghiém caa hé (I).
» Néu hai phuong trinh (1) va (2) khong ¢6 nghiém chung thi ta noi
hé (I) vé nghiém.
Gidi hé phuong trinh 1a tim tat cd cdc nghiém cua né.

II | Minh hoa mh hoc tap nghiém cla hé phuong trinh bac nhat hai dn
Goi (Dy) va (D,) 1a hai dutmg thing xac dinh bdi hai phuong trinh trong
hé

() {ax+by =c (D;)
ax+by=c (Dy)
e (D;) cat (D) «» Hé (I) c6 mdt nghiém duy nhat
e (Dy)/(Dy) < Hé (I) vé nghiém
¢ (D;) = (Dy) < Heé (I) c6 vd s6 nghiém
lll] Hé phudng trinh tudng ducong
e Djnh nghia: Hai hé phuong trinh duge goi la tuong duong véi nhau
néu ching cé cung tdp nghiém.
Dung ky hiéu “=” d€ chi sy tuong duong cia hai hé phuong trinh.

. BAITAP

X-y=3 |,

1. S6 nghiém cda hé phuong trinh .
2x +4y =3

A. Hé phuong trinh da cho ¢6 mot nghiém duy nhat
B. Hé phuong trinh da cho c6 vo sé nghiém
C. Hé phuong trinh da cho v6 nghiém



IXx-y=-2
6x -2y =2

. S0 nghiém cua hé phuong trinh { la:
A.Hé phuong trinh da cho ¢6 mot nghiém duy nhat
B. Hé phuong trinh da cho ¢6 vo s6 nghiém

C. Hé phuong trinh da cho v6 nghiém

4x -4y -2=0

la:
-2x+2y =-1

. S6 nghiém cua hé phuong trinh {

A. Hé phuong trinh da cho ¢6 mét nghiém duy nhat
B. Hé phuong trinh da cho ¢6 vé s6 nghiém

C. Hé phuong trinh da cho v6 nghiém

. Hé phuong trinh nao duéi day vé nghiém?

= — = - = =6
AL x+y=4 B. X-y=2 C. x-y=0 D. X+y
x-y=0 x-y=0 x+y=0 X-y=2

. Trong mat phing toa d9, cho bén diém M(-l;%). N(-2; -3),

P[2 : 21;], Q(—4; 1). Piém nao trong bén diém trén biéu dién nghiém

-2y =1
cia hé phuong trinh {x 4
3x+4y =8
A.Piém M B. biém N C.biém P D.Dbiém Q
. =5
Tinh a va b & (- 2; 3) Ia nghiém ctia hé phuong trinh { > |
- 3x +by =0
A. (a;b)=(-3;3) B. (a;b)=(-2; 1)
C. (a; b) =(2; -4) D. (a; b) =(-1; 2)

. O Tai ditimig iy (D —%x +y=2 va(Deh—x + 2y=1

Toa d9 giao di€ém cuaa (D;) va (Dy) la:
A. (-5; 4) B. (9; 5) C.(5;9) D.(-4;9)
. Cho ba duong thiang (Dy): 3x +y =0
(D) :x-y=-4
(D3) : 0,56x +y = 5,6
Khéng dinh nao sau day ding?
A. (D)) va (Dy) ct nhau tai diém (-1; 3)
B. (D) va (D3) cét nhau tai diém (1; -2)



C. (Dy) va (D3) cit nhau tai diém (3; - %J

D. A), B), C) déu ding
9. Diém nao trong cac hinh vé duéi day la toa do giao di€m cua hai
duong thiang (D)) :x+y=2va(Dy) :y=4

n

S X
B Z\(DJJ
(D3)
(D) /N

(Ds) >

X
:’x : (D)

/s -4
A.DPiém M B. Piém N C.Diém P D.DPiém Q

10. Xét cac phat biéu sau:
- Hé phuong trinh bac nhat hai 4n c6 mét nghiém duy nhat duge biéu

dién bdi hai dudng thdng cit nhau (1)
— Hai hé phuong trinh bdc nhat hai 4n c6 vé s6 nghiém la hai hé
phuong trinh tuong duong (2)
~ Hai hé phuong trinh bac nhat hai 4n déu vo nghiém 1a hai hé
phucong trinh tuong duong (3)
Ph4t biéu nao dung?
A. (1) va (2) B. (1) va (3) C. (2) va (3) D. (1), (2) va (3)
PAP AN
Bai 1 2 3 4 5 6 7 8 9 10

Cau | A | C B B C | D B A C B




Van dé 3. GIAI HE PHUONG TRINH BAC NHAT
HAI AN BANG PHUONG PHAP THE

A.  KIEN THUC CAN NHO

1| Qui tic thé
Qui tac thé dung dé bién doi mot hé phuong trinh thanh hé phuong
trinh tuong duong.

Qui tac thé cho phép ta thuc hién hai budce sau :

e Budc 1 Tir mot phuong trinh cia hé da cho, ta biéu dién mot an
theo an kia réi thé vao phuong trinh thi hai dé duge mot phuong
trinh mdi chi con mét an.

¢ Budc 2 Dung phuong trinh méi 4y dé thay thé cho phuong trinh
thd hai trong hé (va gitt nguyén phuong trinh thinhat).

@ Toém tat cach gidi hé phuong trinh bdng phuong phap thé

*+ Dung qui téc thé bién déi hé phuong trinh da cho dé duge mot hé
phuong trinh méi, trong dé c6 mét phuong trinh mét 4n.

* Giai phuong trinh mét an via c¢dé, rdi suy ra nghiém cuia hé
da cho.

e ay: . :
ay-
R. RAITAP
* Gidi cdc hé phuong trinh sau bAng phuong phép thé:
= -2 =17
M Xx+2y=5 (1D X+Yy
x-y=-1 3x+2y =0
5x -4y =4 Xx+3y=-4
(IIT) (IV)
{2x+2y:-2 {-3x+2y=12

Hay chon cau tra 191 ding trong céc bai 1, 2, 3, 4.

1. Nghiém cua hé phuong trinh (I) la:
A.(x;y) =(1; 1) B. (x; y) = (0; -2)
C.(x;y)=(-1;0) D. (x;y) =(1;2)



2. Nghiém cua hé phuong trinh (I) la:

A.{x; y) =(3:-1) B.(x;y) =(-2; 3}
C.(x;y}=[%;0) D.(x;y)=(1; 3}
3. Nghiém cua hé phuong trinh (III) la: ;
A.(x;y)=(-1; 1) B. (x; y) = (-3; 3)
C. (x; y) =(0; -1) D.ix v ={1;0)
4. Nghiém cta hé phuong triph (IV) la:
A (x;y)=(-4;0) B.(x;y) =(-4; 4)
C.(x;y)=(3; 0 D. V6 nghiém
S . {x +3y=1 )
5. Giai hé phuong trinh ¢ bang phuong phap thé.
2x + By =3
Nghiém cia hé phuong trinh la:
(w1 2 1
A.lx; v _;.-1.—5] B.(x;}’)=(§;§) _
C.(x; y) = (0; -3) D.. V6 nghiém

Vox -y = B(J3-1) (1)
2\3x +3JBy =21  (2)
Ban Tam da gidi hé phuong trinh nay bing phuong phdp thé nhu sau:

6. Cho hé phuong trinh {

Bude 1: (1) = y = V5x - V15 + V5 (3)
Bude 2: Thay (3) vao (2) ta ¢é: (15 + 243)x = 3(2 + 5J3) (4)

Buéc 3: Giai phuong trinh (4) ta duge: x = - J3, luc dé y=- J5
Vay nghiém cua hé phuong trinh 1a: (x; y) = (-3 ; - V5)
Theo em ban Tam giai ding hay sai. Néu sai thi sai d buéc nao?

A. Ping B. Sai tir bude 1
C. Sai tif budc 2 D. Sai tit bugc 3
= 22 s
7. Giai hé phuong trinh 5xV3 +y = 242 biing phuong phép thé, dugc
xV6 - yﬁ =2
nghiém la:
)
A.(x;y) = l?;l} B.(x;y) = (V3;-6)
\
:
C.(x;y) = -‘;—6 . -*%) D. Cé6 vb s6 nghiém
. \

10



2,4x + 0,2y = 6,4

bang phuong phap thé.
{);qx"‘Q}’:_‘z gp gp p

3. Giai hé phuong trinh {

Nghiém cua hé phuong trinh la:

A.(x:y) =(2,564; 1,51) B.(x;y)=(1,85; -1,2)
C. (x; y) = (-2,15; 1,54) D. Vb nghiém
%
). Giai hé phuong trinh 1? &
|x+y-10=0
Nghiém ctua hé phuong trinh la:
A.(x;y) =(0; 8) B. (x;v) =(2: 8)
C.(x;y)=(-2; 4) D.(x;y) =(4; 8)

2x + by =2

10. Xac dinh c¢c hé sb a va b, biét rang hé phuong trinh {
bx +ay = -4

cénghiéin la(x ;y)=(2;-2)

A.(a;b)=1(1; 2) B.(a; b) =(-1, 3)
C.(a;b)=(3; 1) D. A), B), C) déu sai
~_DAP AN B
Bﬁi12{3]4i5i6k78910
_____ __t_ _T____.__ e e
Cau| D | B | C ' A D |D|C|A|B]|C

/an dé 4. GIAI HE PHUONG TRINH BAC NHAT |
HAI AN BANG PHUGNG PHAP CONG DAI SO
A KIEN THUC CAN NHO

L‘I_l Qui tic cdng dai s6
Qui téc cdng dai s6 dung dé bién déi mdt hé phuong trinh thanh hé
phuong trinh tuong duong.

Qui tdc cong dai s6 cho phép ta thuc hién hai buéc sau :

e Budc 1: Cong hay trif timg vé hai phuong trinh cia hé da cho dé
duge mét phuong trinh mdi.

e Budc 2: Dung phuong trinh méi dy thay thé cho mét trong hai
phuong trinh cia hé (va giir nguyén phuong trinh kia).

11



*

i_zJ Tém tit cach gidi bdng phuong phap céng dai s6

Nhén cdc v& cia hai phuong trinh vai s6 thich hop (néu cin) sao
cho cdc hé s6 cia mét 4n nao d6 trong hai phuong trinh ciia hé
bang nhau hodc déi nhau.

Stt dung qui tdc cong dai sé dé dugc mét hé phuong trinh méi, trong
d6 ¢6 mét phuong trinh ma hé sé cua mot trong hai 4an bing 0
(nghia 1a ta sé duge phuong trinh mét 4n).

Giai phuong trinh mét &n vita thu duge réi suy ra nghiém cha hé da
cho

(*)

3.

4,

12

B. BAITAP
* Gidi cdc hé phuong trinh sau bing phuong phédp cong dai sé:
., = S -3y =0

@ {2 =-5 an{ *"

x+2y=1 2x+ y=17

2x+ y=2 : 4x + y =20
(111 (IV) '

){x~2y=6 {—23--3y=—10

Hay chon cau tra 161 ding trong cac bai 1, 2, 3 va 4

. Nghiém cua hé phuong trinh (1) la:

A (x;y)=(0; 1) B.(x;y)=(-1;1)

C.ixsy)is(2: 1) D. (x;y)=(-2;0)
. Nghiém cua hé phuong trinh (II) 1a:

A.(x;y)=(3;1) - B.(x; y) =(-2;6)

C.(x;y) =1(3;4) D. V6 nghiém

Nghiém ciaa hé phuong trinh (III) la:

A.(x;y) = (~1; 4) B. (x; y) = (-3; 0)

C. (x; y) = (-2; 3) D. (x; y) = (2; -2)

Nghiém cua hé phuong trinh (IV) la:

A.(x;y) =(-1;3) B.(x;y)=(-5;2)

C.(x;y) =(5;0) D. V6 s6 nghiém



0,4x -1,5y = -3,7

. Giai hé phuong trinh " ba huong phap céong dai
s 8 {3,5x+3y=16- nE B 8. PUED.CHOR CR)

s0, ta duge nghiém la:

A.(x;y)=(0,5;4) B. (x;y)=(2; 3)
C.(x;y) =(2,3;1,5) D. (x; y) = (-1; 5)
XV2 + y\/_ = V2
xV3 - yv2 = V3

. Giai hé phuong trinh [ bang phuong phap cong dai sé,

ta duge nghiém la:
A.(x; y) =(1; 0) B. (x;y) = (0; -1)

C.(x;y) =(2; V3) D. (x;y) =(V3;0)
3x-4y =1 (1)

bang cdch nhan hai vé cua
x-y=4 (2)

. Cho hé phuong trinh {

phuong trinh (2) véi mét sé thich hop réi cong vdi phuong trinh (1) ta
duge phuong trinh bac nhat 4n s6 y la phuong trinh nao sau day?
A3y +14 =0 B.2y-11=0

C.-y+12=0 D.y-11=0

3x -2y =7 (1)

(a+1)x+2y=-1 (2)

Ap dung phuong phép cong dai s6 dé giai hé phuong trinh. Cong (1) va
(2) vé& theo vé ta dugc phuong trinh x — 6 = 0. Tinh a.

. Cho hé phuong trinh {

A.a=-2 B. a=-3 C.a:l D.a=—§
: : 3 4
i - 3x -2y =m
. Cho hé phuong trin {9x—2m2y 5
Néum = V3 thi tap nghiém cia hé la:
A.S = {1; V2 B.S=(2;1)
C.S = {0; V2 D.S=R

x+y-z=1 (1)

10. T4p nghiém cia hé phuong trinh {x+z-y =3 (2) la

y+z-x=5 (3)

A.S = {1, 3; 4} B. S ={2; 5; 6]
C.S =1{2; 3; 4) | D. S=0

DAP AN
Bai 1 2 3 4 5 6 7 10
Cau | B A D | C B AI|D B b l°C

(o o]
=]

13



van aé 5. GIAI BAI TOAN BANG CACH LAP
HE PHUONG TRINH

A KIEN THITC CAN NHO

Dé giai bai todn bing cdch 1ap hé phuong trinh bac nhat hai &n ta
lam theo ba budc sau déy:

Buoc 1. Lép hé phuong tr7 /i

Chon hai 4n va dat diéu kién thich hop cho ching.

Biéu dién céc dai luong chua bist theo c4c 4n va cac dai luong da biét.

Lap hai phuong trinh biéu thi méi quan hé gilta c4c dai lugng.

Budc 2: Gidi hé phuong trinh noi trén.

Budc 3: Kiém tra xem trong cdc nghiém ciua hé phuong trinh,
nghiém nao thich hop vdi bai toan va két ludn.

1.

14

R. RAITAP

Mot hinh chit nhat c6 chu vi 14 56cm. Néu bdt chiéu dai 8cm va tidng
gap déi chiéu rong thi chu vi cha hinh chit nhat 1a 54cm. Tinh cdc
canh cta hinh chir nhat lic dau.

Cau tra 1 nao sau day dang?

A. 9cm; 19c¢m B.5cm; 23cm  C.7cm; 2lcm  D. 6cm; 22em

. Hai ban An va Hoa cung di mua vd va siach. Ban An mua 3 quyén vo

va 2 quyén sach hét 13000 dong, ban Hba mua 5 quyén vd va 4 quyén
sach (cung loai véi vd va sich ban An da mua) hét 25000 dong. Hoi gia
tién mdi quyén vd va mdi quyén sdch la bao nhiéu?

Cau tra 101 nao sau diay dung?

A.V3; 800 dong ; Séch : 5300 déng

B. V&: 1000 déng ; Séch : 5000 dong

C. V&: 1500 dong ; Séch : 4250 dong

D. V4: 2000 dong ; Séach : 3500 dong



3.

5.

Mot cand di tif bén A dén bén B, du dinh dén bén B lic 12 git trua. Néu
chay vé6i van toc 20km/h thi sé dén B lic 13 gid. Néu cané chay véi
van toc 35km/h thi sé dén B sdm hon 2 gio. Tinh d6 dai quang dudng
AB
Cau tra 10i nao sau day ding?
A. 140km B. 146km C. 150km D. 160km
Cé6 hai voi nudc A va B chay vao mdt cai bé (khéng c6 nuéde). Néu ca
hai vdi cung chay thi sau 20 gid nude ddy bé. Néu mdi vdi chdy mot
minh thi thdi gian vdi A chay day bé nhiéu hon thdi gian vdi B chiy
day bé 1a 4 gid. Hoi mdi voi chdy mét minh thi trong bao lau bé ddy
nudge?
Céu tra 101 nao sau day dung?
A. Vbi A: 14 gio: Voi B: 6 giy B. Voi A: 11 gio; Voi B: 9 gid
C. Vdi A: 12 gio; Voi B: 8 gig D. Voi A: 13 gig; Voi B: 7 gio
Giai bai todn cd sau day :
Quyt, cam mudi bay qua tuoi
Pem chia cho mét tram nguoi cung vui
Chia ba méi qua quyt réi
Cdn cam moi qua chia mudi that xinh
Tram ngudi trdim miéng ngon lanh
Quyt cam mai loai tinh ranh la bao?
Cau tra 101 nao sau diay dung?

A. Cam: 9 qua; Quyt: 8 qua B. Cam: 5 qua; Quyt: 12 qua
C. Cam: 10 qua; Quyt: 7 qua D. Cam: 7 qua; Quyt: 10 qua
PAP AN
Bai 1 2 3 4 5

cau| C| B|A|[C]|D
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ON TAP CHUONG IlI
A. TOM TAT CAC KIEN THUC CAN NHO

1) Phuong trinh bdc nhét hai 4n x va y la phuong trinh cé dang
ax + by = c trong d6 a, b va c la céc s6 va a0 hoac b # 0.
2) Phuong trinh bac nhét hai 4n ax + by = ¢ ludn cé vd sd nghiém
Trong mat phing toa dd, tap nghiém cla phuong trinh ax + by = ¢ duge
biéu dién bdi dudng thdng ax + by = c.
3) Giai hé phuong trinh béc nhat hai &n bdng phudng phép thé
* Dung quy tdc thé bién d6i hé phuong trinh da cho dé€ dugc mét hé
phuong trinh méi, trong d6 c6 mdt phuong trinh mét an.
*+ Giai phuong trinh mot 8n vifa ¢6 roi suy ra nghiém cia hé da cho.
4) Giai hé phuong trinh béc nhat hai 4n bidng phuong phap cdng dai
sd
* Nhéan hai vé& cia mdi phuong trinh véi mot s6 thich hgp (néu can) sao
cho cdc hé sé cia cing mét an nao dé trong hai phuong trinh cta
hé 1a bdng nhau hodc dé6i nhau.
* Ap dung quy tdc cong dai s6 d€ duoc mot hé phuong trinh méi, |
" trong d6, mot phuong trinh c6 hé s& ciia mdt trong hai 4n bing 0 (tic |
1a phuong trinh mét 4n).
* Giai phuong trinh mot 4n vifa ¢6 rdi suy ra nghiém cta hé da cho.
5) Giai bai toan béng cach Iap hé phuong trinh
e Buée 1: Lép hé phuong trinh
— Chon hai dn va dat diéu kién thich hgp cho ching. |
— Biéu dién céc dai luong chua biét theo cac &n va cac dai lugng da
biét.
~ Lap hai phuong trinh biéu thi méi quan hé giira cac dai lugng.
e Budc 2: Gidi hé hai phuong trinh néi trén.
o Budc 3: Kiém tra xem trong cdc nghiém cia hé phuong trinh,
nghiém nao thich hgp véi bai todn va két ludn.
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B. BRAITAP

. Vi gia tri nao cua m dudi day thi duomg thang y = (2 - m)x + 3m - 5 di qua

diem P(-2: 1)

Am=0 B.m=3 C.m=2 D.mzi
X4c dinh gi4 tri cia a va b dé dudng thing (D) : y = ax + b di qua hai
diéem (-1; -2) va (2; 10)

Aula bYy=i(d: 2) B.(a; b) = (-2; 3)
C.(a; b) =(-4; 5) D.(a; b) = (-1; =-3)
. omx — y =
Xdc dinh m dé hé phuong trinh { W— g =~ vO nghiém
(4-m)x+y=5
A.m-—-—% B. m=3 C.m=0 D.m=-4
; : ¢ . ; 3x-y=-12k+2)
. Xac dinh gid t 1a k dé hé phu trinh
¢ dinh gid tri cua | é hé phuong trin {—6x+2y=k+1
¢6 vb s0 nghiém.
Ak =1 B.k = -3 c.k=§ D.k:—-%

3x+4y-8=0 (1)
x-2y+4=0 (2)

Ti phuong trinh (2) biéu dién x theo y réi thay vao phuong trinh (1) ta
dugce phuong trinh nao sau day?

Cho hé phuong trinh {

A.y+10=0 ‘B.y-2=0
C.2y-4=0 D.3y-20=0
Té4p nghiém cta hé phuong trinh da cho & bai 5 1a
.S = {1; -4} B. S = {-3; 2]
C.S =10; 2 D.S=0
g " . x-3y+b=0
Ap dung phuong phap cing dai s8, hé phuong trinh {4){ ty=2 tuong
duong v6i hé phuong trinh nao du6i day?
{x-—3y=5 B. {5x—2y=—3
bx -2y =3 4x+y=2
c: {5x+2y=3 D {x-3y=5
4x+y =2 2x + 3y 1__1*____
DAIHOC QUOC GIA HA NOI 17

— e 1

LC/-/ LG

I»Jreuwb [AM TH( HONG T;N—mm



8. X4c dinh phuong trinh cua dudong thédng (D) di qua hai diém M(% : 1)

va N(-2; 0)
3 3 4
A.y=—x+— B. yv=-10x+ —
~ =B " 5
1 3 2
C- — A i = D. =4 + —
¥Y="4*"s y=%x*3

(m-5x-2y =12

9. Cho hé phuong trinh {
2mx +y =-1

Ban Héng da gidi va bién ludn hé phuong trinh trén nhu sau:

—B)x —9v = CBlx'— v = 19
Buéc 1 : Ta cé {(m o -2y =12 = {(m S)x -2y =1
4mx + 2y = -2

2mx +y =-1
{(m-l)x =2 (1

2mx +y = -1 (2)
Budc 2 : ¢ Néum # 1 thi:

¥ (1)¢:>x= il
m-
-5m+1

m-1

*2eoys=

Vay hé phuong trinh c6 nghiém la: (x; y) = [ 2 ; ~5m + 1]
m-1 m-1
Bugc3:e Néum=1thi:
2 2
il evx = 1—_—i=..6=0
* 2Qeoy=-1
Véy hé phuong trinh c¢6 nghiém la: (x; y) = (0; -1)

Theo em, ban Héng gidi ding hay sai. Né&u sai thi sai tif buéc nao?

A. Dung B. Sai tif bugce 1
C. Sai tir bude 2 D. Sai tir budc 3
ly +3|+|x -2/ =5
10. Cho hé phuong trinh
|x - 2| =2y + 4
T4p nghiém cia hé nay la:
A.S =1(-2; 1} B.S=12;-3] C.S=(2;2) D.S=0
11. Tim hai s tu nhién a va b, cho biét 2a + b = 91 va % = g
A. (a; b) = (26; 39) B. (a; b) = (24; 41)
C. (a; b) = (21; 50) D. A), B), C) déu sai
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12. Hai ngudi tho du dinh may 850 céd1 4o trong m{t thang. Nhung do
ngudi thdt nhat (I) may vuot muc 12%, ngudi tha hai (II) may vugt muec
10%; do vay trong thang dé ca hai ngudi da may dugc 944 cai do. Hoi

moi ngudi.du dinh may bao nhiéu cai 40?
Cau tra 101 nao sau day dung :

A. (I): 300 cdai do; (II): 550 céi 4o

B. (I): 450 cai ao; (II); 400 c4di ao

C. (I): 500 cai 4o; (II): 350 cai 4o

D. Mot két qua khac

DAP AN
Bai | 1 | 2 |3 | 4|5 |6 |7|8]|9|10]|11]12
Cwu|C|A|D|A|B|C|B|A|D|C|A|B

HUGNG DAN GIAI

1. PHUGNG TRINH BAC NHAT HAI AN

1.(B) Ta c6: 4x - 3y = 16 (%)
Thay x = 1, y = 3 vao vé trdi cua (*), ta c6:
41-33=-5=16
Do dé (1 ; 3) khéng phadi la nghiém cua (¥)

Lam tuong tu trén déi vai cac cap sd con lai thi chi ¢6 (1;-4) 1a nghiém

cua phuong trinh da cho.

2.@ Cing thie nghiém téng quat cua phuong trinh 3x + y = 6:

xeR yel
hoac 1
y=-3x+6 x=u§y+2

3.@ Cing thitc nghiém tdng quat cia phuong trinh 4x + 2y = O:

hoac 1
y = -2 x=—~éy

4.(D) Tip nghiém (x; y) ctia phuong trinh 2x - y = 1
duge biéu dién bdi dudng thing di qua hai difm  _

{!ER [y €eR

trin hai truc (0; -1) va (% : OJ

0]

A (D_i)
g




' 2

X=—-—

(3x+2=0 g
~2x-3=0 |x=-2

5.(B) Ta c6: « =X

c 2_Y+6:0 y=_§
. -k2y+3=0 3
Y =7

Pudng thing (D) song song véi truc tung va cit truc hoanh tai diém
¢6 hoanh dé-—g biéu dién t4p nghiém cia phuong trinh x = -g- hay

-2x-3=0

(4x -2y =5 -l
3x+3y =8 ' 8
6_ T 6:1 < =—-—X+—
@Tac ox+5y =10 3
2x-0y=12 [¥Y=2
(x=6
Véy phuong trinh 2x — y = 12 khéng xdc dinh ham s§ dang y =ax + b
7.©Thayxu=2vayu=lvaomx—3y=5tac6:2m—3'=5<:>m=4
8.(B) Toa d¢ giao diém ciia (D) véi truc hoanh la: (-1; 0)

' Thayx=-—1,y=0vé.0%x+‘2y=%m

Ta c6: 1.(—1}+2.0=1m¢>m=._g
3 2 3

9.(A) Phuong trinh hoanh dj giao diém cia (Dy) va (Dy) la:
i 4 1 16

——X+—-==x-1-3x+4=6x-129x=16 x = —
4 3 2 9
16 1 1 16 8-9 1
= — e -—1, s =———lle—a -
Thay x 5 vao y 2x ta dugc: v ' 9 1 3 3

Vay toa 40 cia giao diém cia (Dy) va (Do) 1a [% : -%)

10. @Nghiém chung ctia hai phuong trinh b4c nhét hai 4n la toa do giao
diém hai dudng théng biéu dién t4p nghiém cia hai phuong trinh
dé.

-

: 1
Ta 6 - x—2y——10@y—§x+5 (1) -

X+y=-1 &y=-x-1 (2)
20



Phuong trinh hoanh dé giao diém cia hai dudng thing (1) va (2) la

—;x+5=~x*t1¢>x+10=+2x-2<:>x=—4

(2)=>y=-(-4)-1=3
Toa do giao diém la (-4; 3)
Vay nghiém chung cua hai phuong trinh da cho la (x; y) = (—4; 3)
Minh hoa hinh hoc:
— DPudng thing (D)): x — 2y = —10 di qua hai diém (0; 5) va (-10; 0)
- Pudng thiang (D,): x + y = -1 di qua hai diém (0; -1) va (-1; 0)

(Dy)

—~ Trén d6 thi ta thdy (D,) va (D) cidt nhau tai A(-4; 3).
Vay nghiém chung cia hai phuong trinh da cho la (x; y) = (-4; 3)

2. HE PHUGNG TRINH BAC NHAT HAI AN

i x-y=3 y=x-3 (1) (a=1,b=-3)
@ 2x +y = 3 y=-2x+3 (2) (@'=-2,b" =3)
Via=za (1#-2)nén dé thi cda (1) va (2) 1a hai dudng thing cét

nhau
Véy hé phuong trinh da cho ¢6 mdt nghiém duy nhat

3X-y=-2 y=3x.2 (1) (a=3,b=2)
2. &
©{6x—2y=2 {y=3x—l (2) (@=3Db=-1)

Via=a(=3)vab=#Db (2=%-1)nén do thi cda (1) va (2) 12 hai
dung thdng song song
Véy hé phuong trinh da cho v nghiém.
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1 1
y=x+=— (1) [a=l,b=——J
4x -4y +2=0 2 2
3.Tacé: e o
S —x+—1~ (2) [a'*lb'fi)
y=XT3 PR
'Via=a'=1vab=b'=%'néndmhgcﬁamva(z)lahaiduang

4.

5©

22

thang trung nhau
Véy hé phuong trinh da cho ¢6 vé sé nghiém

A.{x+y=4¢b{y=—x+4 (a=-1,b=4)

= Hai do thi 12 hai dudng thing cdt nhau.
Vay Hé phuong trinh ¢6 mdt nghiém duy nhat

B.{x—y=2:{y=x—2 (a=1,b=-2)

x-y=0 Yy =X (2’ =1, b'=0)

= Hai d6 thi 12 hai dudng thidng song song.
Vay hé phuong trinh v6 nghiém

- = = =1, =
C.{x y Ow{y x (a b=0)

x+y=0 y=-x (a'=-1,Db"'=0)

= Hai d thi 12 hai dudng thing déu di qua goc toa do
Vay hé phuong trinh ¢6 mét nghiém duy nhat

D.{x+y=6¢>{ =-x+6 (a=-1,b=86)

y=x-2 (a'=1b =-2)
= Hai d6 thi 12 hai dudng thing cit nhau
Viy hé phuong trinh ¢6 mét nghiém duy nhat
Toa d6 tia mot trong bén diém M, N, P, Q 14 toa dd giao diém cuia
hai d6 thi cta hai phuong trinh thudc hé thi toa dé cua diém dé6 la
nghiém caa hé phuong trinh. Ta cé:
1 1
9y = ¥ =R A7)
x-2y=1 i ) 2
3x +4y = 8

X-y=2

-3
=—x+2 (2
y 4"

Phuong trinh hoanh dé giao diém cia hai d6 thi (la hai dudng
thidng) cia (1) va (2) la:
1 3 3

—X—-—=-—X+2 2 2x-2=-3x+8ox=2
2 2 4



1

—

(1) ——2
=% ¥ .-

2

MIH

Do d6 toa do giao diem la (2;%]
Vay diém P[Z ; %) biéu dién nghiém ctia hé phuong trinh da cho
ax+ y=58 (1)
6.
®{3x+by=0 (2)
Thay x = -2 vay = 3 vao (1) va (2), ta co6:
-2a +3 =5<:> a=-1
3.(-2)+3b=0 b=2
1
==x+2 (1)
y 3x+ (
-x+2y=1 y:%:ﬁl (2)

2

Phuong trinh hoanh do giao diém:
~1—x+2=-1-x+1 <> 2x+12=3x+3=>x=9
3 2 2

(kY =s y=é—.9+2=5

Vay toa do giao diém cua hai dé thi 1a (9; 5)
8.(A)Lam tuong tu bai 7 van dé 2, ta c6:
(D;) va (D;) cit nhau tai (-1; 3)
(D) va (D3) cat nhau tai (-1; 3)
Vay (D)), (Dy) va (D3) déng qui tai diém (-1; 3)
9.(C)Taco (D) :x+y=2va(Dy):y=4
Thayy=4vaox+y=2tacé:x=-2
Toa do giao diém cia (D,) va (Dy) la (-2; 4). Vay P la di€m cén tim
10. .(1) va (3) ding, (2) sai
Giai thich
e (2) sai vi hai hé phuong trinh bac nh4t hai 4n déu c6 vd s6
nghiém thi chua thé két ludn 1a ching tuong duong nhau
Vi du:

2=y =1, , ,
o (D { o c6 vo s0 nghiém va tap nghiém la
2x -y =1

Si=x;y\xeRvay=2x-1}
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X+y=2 ; : .
e (ID { Y c6 vo sO6 nghiém va tap nghiém la
X+y=2

S;={x;y\xeRvay=-x+ 2
Ta thdy S, # S,
Vay hé (I) va (II) khéng tuong duong nhau
* (3) ding vi hai hg phuong trinh i jc nhét hai 4n déu v6 nghiém nén
hai hé phuong trinh nay <0 churg mét tap nghiém 1a tap hop 3. Do
d6 hai hé phuong trizi: nay tuong duong nhau

3. GIAI HE HAI PHUONG TRINH BAC NHAT HAI AN

BANG PHUONG PHAP THE
|x+2y =5 X+2x+1)=5 x=1
1. I
®(}{x-y=~lc>{y=x+1 c}{y=2

Vay (x; y) = (1; 2) 1A nghiém cta hé phuong trinh (I)
-2x+y="17 y=2x+7 y=3
2. II =3
@an {3x+2y=0 ¢{3x+2(2x+7)=0 {x:-z’t
Véy (x; y) = (-2; 3) 1a nghiém ctGa hé phuong trinh (II)
5x -4y=4 . [bx-4(-x-1)=14 x=0
3.(C)(In {2x+2y=—2¢>_{y"—-—x—1 “{y=-1
Véy (x; y) = (0; —1) 12 nghiém cuaa hé phuong trinh (III)
X+3y=-4 x=-3y-4 X=-4
4.
®(IV) {—3x+2y =12@{—3(—3y—4J+2y =12¢{y =0
Vay (x; y) = (-4; 0) 12 nghiém cua hé phuong trinh (IV)
5@ x+3y =1 x=1-3y a5 x=1-3y
2x + By = 3 2(1-3y)+6y =3 Oy =1
Vay hé phuong trinh vé nghiém
5x-y=+5(v3-1) (1
6.(0)Ta c¢ {J‘x y=V5(/3-1 (1)

2J3x +3V5y =21 (2)
Gidi hé bing phuong phédp thé nhu sau :
()= y=\[5x-\/5(\f§-1)=\/5x—ﬁ5+\/_3 (3)
Thay (3) vao (2) ta 66 : 2v3x + 3V5(/5x — V15 + V5) = 21
& 2V3x +15x - 375 +15 = 21 & (23 + 15)x = 6+ 15V/3
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_6+15V3 _ (6+15V3)(2/3 - 15) .8
“of3+15  (243)° - 15°

B)>y= J53-V15+V6 =5
Vay (x; y) = (V3 V5) la nghiém cia hé phuong trinh da cho

(4)

Nhu vay ban Tam da giai sai ¢ budc 3

7@ 5xxf—+y 272 (1)
X6 — y\/_ 2 (2)
(1) o y = -5x3 + 242 (3)

Thay (3) va (2), ta co:

|5

-::9)(6+5)£J§-4=2¢>5XJ§=6¢:&X= (4)

Thay (4) vao (3) ta c6: y = (- 5)£ +2J2 == 5J_ +2J2
2-15J§+2J~=-5J§2+4J§=_£§

6
Vay (x;y) = [J_ \/—J la nghiém cuia hé phuong trinh da cho
8.@ 2,4x+0,2y=6,4¢> 24x + 2y = 64 . 12x +y = 32
0,4x - 2y = -2 4x - 20y = - 20 x-5y=-5
_ 92
y = 32 - 12x Y= %1 y = 1,51
=
x-5(32-12x)=-5 x_}iﬁ_ x = 2,64
~ 61

Vay (x; y) = (2,54; 1,51) 1a nghiém cta hé phuong trinh di cho

x 1
9. o y = 4x a{yzﬂ

ol
xb 3 100 O x+4x =10 = 2

Vay (x; y) = (2; 8) 12 nghiém cta hé phuong trinh da cho
lﬂ.@ Thay x = 2 va y = -2 vao hé phuong trinh da cho, ta cé:

4-2b=2 ” b=1
2b—-2a=-4 a=3

Véy (a; b) = (3; 1)
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e -~ - ~ ' ~?
4. GIAI HE PHUONG TRINH BAC NHAT HAI AN
- ~ ~r
BANG PHUONG PHAP CONG DAl SO
3x-2y=-5 (1 =~ - =
1-®([} X Y (1) _— 4x 4 - X 1
Cx+2y =1 (2) Xx+2y =1 y=1
Vay (x; y) = (-1; 1) 1a nghiém cua hé phuong trinh (I)
3y =0 x-3y=0 Tx =21 x=3
2. II
@ ){2:: y—7¢>{ﬁx+3y=21¢}{2x+}r=7c>{y=1
Véy (x; y) = (3; 1) 1a nghiém cua hé phuong trinh (II)
2x +y =2 4x + 2y =4 5x =10 X =2
3.(D)(I1I) =
@ {x—2y=6 {x—2y=6 <:::}{:nt—2y=6€::’{y:—2
Vay (x; y) = (2; -2) la nghiém cua hé phuong trinh (II1)
=2 = - -
4-@ 4x +y 0 Py 4x +y =20 2 4x +y 20@ x=35
-2x-3y=-10 -4x -6y =-20 -5y =0 y=0
Viay (x; y) = (5; 0) 1a nghiém cua hé phuong trinh (IV)

5_ {0,4::-1,53: =-3,7 Q{O,Bx -3y =-T74

3,5x + 3y = 16 3,0x+ 3y =16
4,3x = 8,6 - X =2
3,5x+3y =16 y=3

Vay (x; y) = (2; 3) 14 nghiém cua hé phuong trinh da cho

B®{x 2 +yJ3 =12 {2x+y\f{_i=2¢:>{5x=5r @{le-

~yJ2 = J_ 3x-yJ6=3 [3x-yv6=3 [y=0
Vay (x; y) = (1; 0) 14 nghiém cua hé phuong trinh da cho
3x -4y =1 (1)
i
@10
Nhén hai vé cia phuong trinh (2) véi -3, ta c6: - 3x + 3y = - 12 (3)
Cong (1) va (3) vé theové tadugc : y— 11 =0
8.(B) , 8x-2y=71 (1)
(a+1)x+2y=-1 (2)
3x+(a+1)x=6
Hay x(4 + a) =6 (3)

Taco6x-6=0=x=6 (4)
B)vai4d)>6(4+a)=6=24+a=1=a=-3
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9.®Thay m = 3 vao hé phuong trinh, ta c¢6 :

3x -2y =m 3x -2y = V3
5 _ &
9x - 2m®y = 3v3 9x - 6y = 3J3

{3:{ -2y = V3
<D

3x - 2y = /3 (chia hai vé& cho 3)
Vay hé phuong trinh da cho ¢6 vo sé6 nghiém: S = R

10(C)

X+y-z=1 (1) 2x = 4 (cong (1) va (2)) = 2
X+2-y=3 (2) ©422=8(cong (2) va (3)) = 4{z=4
y+z-x=5 (3) y+z-x=5 y=3

Vay S = {2; 3, 4] la tAp nghiém cua hé phuong trinh da cho

5. GIAI BAl TOAN BANG CACH LAP HE PHUONG TRiNH

1.(C) Goi x(cm) 1a chiéu dai, ylcm) 14 chidu rong cia hinh chi nhat

PK:0<y<x<28
o L (x+y).2=>56 X+ y=28
Theo dé bai ta ¢c6 hé phuong trinh: &S
P A cO e PALEnE tn {(x-8+2y).2z5«4 {x+2y - 35
Giai hé phuong trinh nay ta duoe (x; y) = (21; 7) déu thoda diéu kién -
néu trén

Tra 161: Hai canh cua hinh chir nhat 13 21cm va 7cm

2..Goi x(déng) va y(déng) theo thi tu la gia tién mdi quyén vé va mbi

J.

quyén sach. PK: x>0,y >0

An mua 3 quyén vd va 2 quyén sach, ta c6: 3x + 2y = 13000 (déng}

Hoa mua 5 quyén vd va 4 quyén sdch, ta c6: 5x + 4y = 25000 (déng)
3x + 2y = 13000

Giai hé phuong trinh {5x+4y _ ta duoe (x; y) = (1000; 5000) déu

thoa diéu kién néu trén.
Tra 1¥i: — Gi4 tién mbi quyén vd 1a 1000 déng
— Gi4 tién mdi quyén sach la 5000 dong

@Ggi S(km) 1a 46 dai quang dudng AB, t, 1a thoi diém xudt ph4t cua

cand. PK:S>0,t,>0
Ta da biét: Quang dudng = Van toc x thoi gian di

'~ Khi cané di v6i van tdc 20km/h thi dén B lic 13 gid, ta c6:

S = 20(13 - to) (km)
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— Khi cand di véi van toc 35km/h thi dén B sém hon 2 gid tie la luc
10 git cand dén B, ta ¢6 : S = 35(10 - tg) (km)
S = 20013 - t;)

ta duge (to; S 6; 140) d
S = 3510 - to) (to; S) = ( ) déu

Giai hé phuong trinh {

thoa diéu kién néu trén
Tra 1¢1 : Quang dudng AB dai 140km
4.(C) Goi x(gid) va y(gi®) thes thi ty 14 thi gian cda voi A va vdi B chay
mdt minh day bé. PK: x>0,y > 0
Theo dé bai ta ¢c6 hé phuong trinh {x ¥ )
X-y=4
Gidi hé phuong trinh nay ta duge (x; y) = (12; 8) déu théa diéu kién
néu trén
Tra 10i : = Voi A chay mot minh diy bé mat 12 gio
— Voi B chdy mét minh ddy bé méat 8 giv
5. @ Goi x(qua) 1a s6 luong qua cam va y(qua) la s6 luong qua quyt
BK: x, v : nguyén duong
x+y=17
10x + 3y = 100
Giai hé nay ta duoc : (x; y) = (7; 10) déu thoéa diéu kién néu trén
Tra 1o1: Cam: 7 qua; Quyt: 10 qua

ON TAP CHUONG I

1. @ Thay x, = — 2 va y, = 1 vao phuong tnnh ctia dutmg théng, ta co:
1=(2-m)-2)+3m-5
>1=-4+2m+3m-5<5m=10m=2
2.®Tga do hai diém (-1; -2) va (2; 10) nghiém ding phuong trinh
y = ax + b. Tir d6 ta c6 hé phuong trinh:

{-2=-—a+b@{2=a—b <::’{3&|1=12 ﬁ{a=4

10=2a+b 10=2a+b 2a +b =10 b=2

3.®{2mx—y=3 ‘b{y=2mx—3 (a=2m,b=-3) (1)
4-m)x+y=5 y=—-(4-m)x+5 (a@'=m-4,b"'=5) (2)

Hé phuong trinh da cho vé nghiém khi dd thi cia hai phuong trinh
2m=m-4< m-=-4.

-3 # 5(gt)
Viy khi m = —4 thi hé phuong trinh da cho v6 nghiém

Theo dé bai ta c6 hé phuong trinh {

(1) va (2) song song, tic 1a: {2 b hay {
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- _(2k +2) y=3x+2k+2(a=3,b=2k+2) (1)

3x -y =
4, & k
@{+6x+2y=k+1 y=3x+-k—;} (a'zii.b'z——g—-l—) (2)
Hé phuong trinh ¢é vo s6 nghiém khi dé thi cia hai phuong trinh
a=a' =8 =0 {a:a’:B

hl"
ay k+1 & k= -1

(1) va (2) trung nhau, tde la:

Vay khi k = -1 thi hé phudng trinh da cho c6 v6 s6 nghiém
3x+4y-8=20 (1)
5.(8) { Y (%)

X-2y+4=0 (2)

2)=>x=2y-4 (3)

Thay (3) va (1), ta cé: 3(2y —4)+4y-8=0

—6by-12+4y-8=0c010y-20=0¢c=y-2=0 (4)
6.0 =y=2 (5)

Thay (5) vao (3), tac6: x=22-4=10
Vay tap nghiém caa hé phuong trinh (*) la: S = {0; 2}

-3y+5=0 -3y =-5 bx -2y = -3
'7. e = il N
4x +y = 2 o 4x+y=2 dx +y =2
8.(A) Phuong trinh duong thing (D):y = ax + b (*)
(D) di qua M[%; 1] va N(-2; 0) nén toa do cua hai diém nay nghiém

dung phuong trinh (*)

Tir d6 ta c6 hé phuong trinh 1=3

Véay phuong trinh cua (D) la: y = % X + g

(m-5)x -2y =12 (m-5)x -2y =12
9'® {2mx+y=—1 @{4mx+2y=—-2
{5(111 -Dx =10 {(m -Dx=2 ()
= =

2mx +y = ~1 2mx+y=-1 (2

. (2) & Y=:_5_r_nl1
m-1 m-1
2 —5m+1)

é ph inh ¢6 nghiém 1a (x ;y) = ;
VAay hé phuong trinh c6 nghiém la (x;y) [m—l =

e Neum=1thi:*(1)e x=

e Néum =1:(1) & 0x = 2 phuong trinh nay v6 nghiém
Vay hé phuong trinh v6 nghiém. Do d6 ban Hong da gidi sai ¢ bude 3
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+3 -20=5 (1)
10(C) Ta c6: F+3 -G =5 {
x-2/=2y-4 (2

(Dva@2)=>5-ly+3|l=2y-4o |ly+3l=9-2y (3
Diéukiénzg—i’yzO@ySg

9

Tu (3) ta cé:
(3)tac {y+3=2y—9

y=12>» —g- (loai)

Thay y = 2 vao (2) tac6: |x- 2| =0 = x =2
Vay t4p nghiém cia hé phuong trinh da cho la: S = (2 ; 2}
11.@ Theo dé bai ta c¢6 hé phuong trinh :
23+b=91¢> b=91—2a¢$ b =39
a 2 a 2 a =926

b3 91-2a 3
Véy hai s6 phdi tim la:a = 26,b = 39
* Cdach khac

2 a b 2 b 2 b 2a+b 0l
Tacb: —=—-p—=s—=z—=—-—=== =— =13
b 58" 2 B & "B Ass 0
a
8 _13=a=26
L 2 = a
. §=13:>b=39.Vay(a;b)=(26;39)

12(B) Goi x 14 s5 40 ngudi thg thit nhat du dinh may
y 1a 86 40 ngudi thg thit hai dy dinh may
PK : x, y nguyén duong
Hai ngudi du dinh may : x + y = 850 (1)
Do tang néng suat nén ca hai thg da may thém duge mét s6 4o 1a :
944 - 850 = 94 (40)
Tu d6 ta ¢6 phuong trinh:
E+10—3"=94 hay 6x + 5y = 4700 (2)
100 100
Giai hé phuong trinh gédm phuong trinh (1) va (2), ta c6 :
{ X+ y =850 - {x = 450 (thich hgp)
6x + By = 4700 |y =400 (thich hgp)

Tra 10i: — Ngudi tho thd nhat du dinh may 450 cdi 4o
— Ngudi tho thi hai dy dinh may 400 cdi do
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CHUONG IV. HAM SO y = ax? (a = 0)

PHUONG TRINH BAC HAI MOT AN
Vandé 1. HAM SO y = ax? (a = 0)
A. KIEN THUC CAN NHO

(a # 0) duoc xdc dinh v6i moi x € R

e Ham sé y = ax®

Tinh chat
e Né&ua > 0 thi ham s6 y = ax® nghich bién khi x < 0 va déng bién
khix >0
e Néu a < 0 thi ham sé y = ax® déng bién khi x < 0 va nghich bién
khix >0
(2] Nhan xeét
* Néua>0thiy>0véimoix#0;y=0khix=0
Gid tri nho nhat cia hAam s6lay =0
* Néua<Othiy<Ovéimoix=0;y=0khix=0
Gia tri nho nhat cia ham sd lay =0

B. BRAITAP

. Dién tich cta dudng tron ban kinh R dugc tinh bdi céong thde S = nR®
(r =3,14)
Khéang dinh nao sau day sai?

A.Néu R giam -;- 145 thi 8 gidm % 1&n
B. Néu R tang gdp 5 14n thi S tang gap 10 lan
C.NéuR = g m thi S~ 1,77m?

D. Néu S = 32em® thi R = 3,19cm

. Cho ham s6 y = fix) = %::2

~ Khiéng dinh nao sau day ding?
A. Ham sd da cho xdc dinh vdi moi x thuoc R
B. Ham sd da cho déng bién khi x > 0

C. Ham s8 da cho nghich bién khi x < 0
- D. A), B), C) déu ding
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3. Cho ham s6 y = f(x) = -i—xz

Khéng dinh nao sau day sai?

A. Ham s6 da cho xdc dinh v4i moi x thugec R

B. Ham sé da cho c6 gia tri nhé nhat y = 0 khi x = 0
C. Ham s6 da cho c6 gid tri 16n nhaty = 0 khix = 0
D. Néuy = -1 thi x = +2

4. Cho ham s6 y = fix) = - 2x? +%

Khdng dinh nao sau day ding nhat ?

A.y=10)=0 B.y=fl-1) = _g
23 : .
C.y=12)= -3 D. A) sai; B) va C) ding
1 o |

5. Cho ham sd y = flx) = rh
Bung ghi b, sai ghi S vao 6 trong :
A. :‘ Ham s6 da cho c6 gid tri nho nhat y = - k‘m % =

Ham sé da cho nghich bién khi x < 0
C DNeux -3thiy=15
D.|: Néu y = -3 thi x = +32

6. Xdc dinh m dé ham s6 y = [3 - % m) x> ‘déng bién khix < 0

Khéng dinh nao sau day dung?
A m>6 B.m>5 C.mc4 D.m2>3

7. X4c dinh m dé ham s6 y = x% nghich bién khi x > 0

Khing dinh nao sau day diung?

A.m=1 B.mc<1 C.m>1 D.m22
8. X4c dinh m d€ ham s y = vm? - 4.x% nghich bién khi x < 0

Khéng dinh nao sau day ding? |

A m=2 B.m=-2
C.m = 22 D. m < -2 hodcm > 2

9. Cho ham s6 y = fix) = 3x>. Néu flm + 1) = 12 thi gi4 tri cia m la:
A. -1 hoac -2 B.-2 hoac -3 C. 1 hoac -3 D. 0 hoac -1
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0. Choham s6 : y =

v et

9
m- +1

Khing dinh nao sau day dung?

A. Ham s6 xac dinh moi x thudc R

B. Néu m = -3 thi ham s6 nghich bién khi x < 0
C. Néu m = 3 thi ham s déng bién khi x > 0

D. A), B), C) déu sai

DAP AN
Bai 1 2 3 4 5 6 7 8 9 | 10
Cau | B D B D X A D| C | D

vAN BE 2. DO TH] CUA HAM SO y = ax? (a = 0)

A. KIEN THUC CANNHG

Ham s8 y = ax’ (a # 0) dugec xdc dinh v6i moi gié tri ciia x thudc R.

a>0

a<0

* Ham s6 dong bién khi x > 0 va
nghich bién khi x < 0

* Ham s6 dong bién khi x < 0 va
nghich bién khi x > 0

D6 thi parabol c6 dinh O(0; 0),
truc doi x(img 1a Oy va & phia trén
Ox

Do thi 1a parabol c6 dinh O(0; 0),
truc déi xing 1a Oy va & phia duéi
Ox

a>0

= W

a<0

e W
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[

6. Cho diém M c6 hoanh dp x =

34

B. BAITAP

. Parabol (P) 1a d4 thi cia ham sd nao sau ddy ? (p)

1 2
A. — '_“_“x
y=73

1 o A

_20

s

W

. bung ghi D, sai ghi S vao 6 tréng :

(P)

D. y = J/2x? (P2 (P) py

A.
B.

C.

(P,) 12 d3 thi cia y = 2x*
[ ](Py) 12 db thi cia y = 3x>

[ Poy 1 doethi ciay = -~

; ' ; 2
D.| |(P)ladéthiciay = -Zx?2
l:. 4 1 Y 3 (P,)

Trong mat phing toa do Oxy, lay bon diém M(1; V2), N(V3;V6),
E(-V3;3J2), F(-v2;442) thi diém nao thudc dé thi cia ham sé
y = 2x%? '

A.PiEmMvaN B.PiémEvaF C.PiémMvaE D.DPiémNvaF

. Goi (P) 1a dé thi cGia ham s6 y = (m — 3)x* (m # 3). Tinh m cho biét

(P) di qua diém I3 ; V6)

A.m=6+6 B.m:3+§
C.m= 9—? D. Mot két qua khac

-2 thudc dé thi (P) cia ham sé
y = -—-%xz. Toa dd cia M’ 1a diém déi ximg véi M qua truc tung la:

A.M'(2; -2) B. M'(2; 2) C. M'(4; -2) D.M’(-2; 4)



7. Toa db giao diém cla parabol (P): x* va dubmg théng (D): y = 2x la:
A.(1;4)va (0;0) B. (-2; 4) va (0; 0)
C.0:0)va(-1;2) D. (0;0)va(2; 4)

3. Toa A0 giao diém cua parabol (P): y = - % x? va dudng thing

(D) y=-3la:
A. (V3:3) va (V3:-3) B. (V6 .-3) va (-/6;-3)
C. (V6:3) va (-6 :3) D. (V3:V2) va (V3:-V2)

). Xét bai toan : “Cho ham sé6 y = fix) = 2x* c6 dé thi la (P). Néu céch vé
diém M trén (P) c6 hoanh do 1a xy = V2~
Hay sdp xép mot cach hop li cdc cdu sau dé cé 101 gidi cha bai todn
trén.
A. Veé cung tron (O; OA) cdt truc Ox tai B
B. Vé dé thi (P) trong mat phing toa dé Oxy
C. Ve diém A c6 toado (1; 1)
D.Qua B vé dudng thing vuong géc vdi Ox cét (P) tai diém M. D6 1a

diém ta can ve IA

Sap xép nao sau day hop li nhat : (P)
A.a), b), d), ¢)

“IM
B. b), a), c), d) f
C. b), ¢), a), d) ) [
D. d), ¢), b), ‘a) - _J§ \ | / \B -
10. Cho ham sc‘:y:ﬂx}=-—2x|x| -109 12 “x

Pung ghi D, sai ghi S vao 6 trong :
A. Ham s6 y = -2x|x/| xdc dinh v6i moi x thudc R
B. Ham sé y = fix) dong bién khi x < 0
C.| |Ham s y = f(x) nghich bién khi x > 0
D.[ | Pb thi (P) cia ham s& y = fix) = —2x /x| 1a:
XA

SE:

12
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Bai 1 2 3 4 5 6 T 10
Céu | D A x C B A D B C x

(0 o]
@Qo

Van dé 3. PHUONG TRINH BAC HAI MOT AN
A. KIEN THUC CAN NHO

* Binh nghia
Phuong trinh bdc hai mét Gn la phuong trinh c6 dang ax* + bx + ¢ = 0,
x la dn s6; a, b, ¢ la nhitng s6 cho trudc goi la hé s6 va a =0
a)2x’-x+5=0(a=2:b=-1;c=5)
b)-3x*+4x=0(a=-3;b=4;c=0)
)(2-xA2+x)=0=24-x>=0(a=-1;b=0;¢c=4)
" d)5x*=0(a=5;b=c=0)

- B. BMITAP

1. Hay viét c4c phuong trinh sau dudi dang ax® + bx + ¢ = 0 rdi x4c dinl
céc hé s6 a, b, ¢ cia méi phuong trinh :

e x’+3=4x=m o V3x-43=x%+1
o(x—Jg}(x+J§)=0 * (2x—§][2x+-‘§-}=0

Khéng dinh nao sau day sai?
AxX+3=4x+mex*-4x+3-m=0
trongd6:a=1;b=-4;c=3-m
B. /3x-4y3=x*+1x* -V3x+4/3+1=0
trongdé:a=1;b = ~J3 :c=4J3+1

C. (x-Jng+J§)=0<¢x2—J§x—ﬁﬁ=0
trongdé:a=1;b=-3;c= ~-J10

'D.[2x—§][2x+§)=0¢>4x? —§=0 trongd6a=4;b=0;c= —g

2. Khéng dinh nao sau day ding?
A. Phubng trinh x> - 9 =0c6 nghiémlax =3
B. Phuong trinh 5x° - 125 = 0 ¢c6 nghiém lax = 5
C. Phuong trinh — 3x® — 12 = 0 ¢6 nghiém 1a x = +2
D. A), B), C) déu sai



3. Khang dinh nao sau day sai 7
A. Nghiém cua phuong trinh x> +5x=01a:x;,=0;%x,=-5

B. Nghiém cua phuong trinh 2x* + —:]; x=0lax;=0;x = —é

C. Nghiém cua phuong trinh ~3x% + J18x = 0 la: X1 =0; %= - J3
D. Nghiém cta phuong trinh (V3+v2)x* - (5+2V6)x =0 la:
Xy = %9 = J8 ++/2 |
4. Cho bén phuong trinh :

e x2+1)?2-3x"=0 (1) . (—2x2)(x—1)=0 (2)v6ix =0
X
. (x+-3)(x—é]=0 (3) e (4x +D5)4x —-5)=0 (4)

Phuong trinh nao trong 4 phuong trinh trén la phuong trinh bac
hai mot an?

A. (1) va (2) B. (3) va (4) C.(1)va(3) -~ D.(2)va(4)

* Bién doi vé trdi thanh dang tich réi tim tap nghiém cua cic
phuong trinh :

e x’-8x+16=0 (1) e X*-7x+6=0 (2)

e 3x’+5x-9=0 (3) e 6x*+10x+5=0 (4)

Hay chon céu tra 101 ding trong cac bai 5, 6, 7, 8

5. Tap nghiém cta phuong trinh x* - 8x + 16 = 0 la:

A.S = |4 B.S=(-4;4 C.S=(-24 D.S=0
6. T4ap nghiém cta phuong trinh x* - 7x + 6 = 0 la:

A.S = (-2; 3) B.S=(-1;5] C.S=1{1;6) D.S=0
7. Tép nghiém cia phuong trinh x* + 2x — 5 = 0 1a:

A.S = {-3; 5] B.S=(-5;1] C.S={-9;-1] D.S=0
8. Tap nghiém cta phuong trinh x* - 10x + 28 = 0 la:

A.S:{O;—%} B.S={—2;§} C.S=R D.S=0

9. Tim s6 nghiém cia phuong trinh (x - %)(xz +2x+3)=0

A. 1 nghiém B. 2 nghiém
C. 3 nghiém D. A), B), C) déu sai
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10. Bién déi v& trai cia phuong trinh x* — 4x + 4 — 9(x® + 4x + 4) = 0 thanh
tich rdi tim tap nghiém cta phuong trinh nay.
Khéng dinh nao sau day diang?
A.S = {-1; 4} B.S = (2; 3} C.S=1(-4:-1) D.S=¢
DAP AN
Bai | 1 [ 2[3[4[5][6 7 ]88 ] 97]10]

Cw | C|D|[C|B|A|[C|[B|D A C]

Vin dé 4. CONG THUC NGHIEM CUA PHUONG TRINH

BAC HAI MOT AN
A. NIEN THUC CAN NHO

< Cong thic chung

Phuong trinh ax® + bx + ¢ = 0 (1)

Biét thic A = b® - 4ac

» Néu A > 0 thi phuong trinh (1) ¢6 hai nghiém phéan biét :

b+JA -b-JA
2a 2a
e Néu A = 0 thi phuong trinh (1) ¢6 nghiém kép: x; = x5 = _%

e Néu A < 0 thi phuong trinh (1) v6 nghiém.

* Chi y : Néu cic hé s6 a va b trdi ddu thi biét thitc A lubn lubn
duong. Phuong trinh bao gio cing c¢6 hai nghiém phén biét

* Céng thic nghiém thu gon:
Phuong trinh ax? + bx + ¢ = 0 v6i b 1a s§ chin b = 2b’, ta c6:

* Biét thic A’ = b - ac

e Néu A’ > 0 thi phuong trinh c6 hai nghiém phan biét:

=~b'+v”E;x -b' - VA’

b4 =
! a e a
e Néu A’ = 0 thi phuong trinh c6 nghiém kép: x; = x5 = -%

e Néu A < 0 thi phuong trinh vé nghiém
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B. RAITAP

Dung cong thie nghiém dé giai cic phuong trinh sau :

o 2x°-9x-5=0 (1) o x*-2/15x+15=0 (2)
e 5x°+3x+1=0 (3)

Hay chon cau tra loi dung trong cac bai 1, 2, 3

. Nghiém cua phuong trinh (1) la:

1 1
A. % = -3 X9 = - B. x; =5, x9 = —=
1 2 =5 1 2 9
C x—-—-l—'x =-4 D.x,=-1;x o X
- X g’ X2 - Xy X2 T ¢
. Nghiém cua phuong trinh (2) la:
A.xI:—O;x2=-‘§—- B.x; =1;%,=5-1
C.x1=x2=1 D.xlzxzng
. Nghiém cua phuong trinh (3) la:
A. V6 nghiém B. x, =%, = -g
1 3
C. %3213 == D. = D1 Xy =
1 X2 =% %1 2%

Dung céng thic nghiém thu gon dé tim tap nghiém cﬁa'cér phuong
trinh sau day:

e 3x"-4x+1=0 e 03x*+08x-05=0

o V3x?2-6x+19=0

Hay chon cdu tra 181 dung trong céc bai 4, 5, 6.

. Tap nghiém cba phuong trinh 3x* - 4x + 1 =0 la:

A.S={l;*1} B.S={_1;1} c.S={1;l} D.S=0
2 1 3

. Tap nghiém cia phuong trinh 0,3x% + 0,8x + 0,5 = 0 1a:

vofd meefel

C.S={—3;g} D.S=0

»
. Tap nghiém cua phuong trinh J3x% -6x+19=0 la:
A.S = (0] B.S=(-1;1] C.S=(/3;J19] D.S=0
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7.

Giai phuong trinh (m - 1)x* -~ mx + 1 = 0 v6i m 1a tham s va m = 1
ta duge nghiém cua phuong trinh la :

A.x1=—1—;x2:m—1 B. x; =1; %5 = ——
m

1
m+1 ) m-1

C.xy=m-1;%xp=

. Cho phuong trinh (m - 2)x* - 2m - 4)x + m + 2 = 0 (*) (v4i m la

tham s6 va m # 2)
Khéng dinh nao san day sai?
A.A=-8m+ 20

B. Néu m > g thi phuong trinh (*) vé nghiém.

C.Néu m < g thi phuong trinh (*) ¢6 hai nghiém phan biét

D. Néu m = gtlu phuong trinh (*) ¢6 nghiém kép l1a x; = x, = —%

Cho phuong trinh: 2x2 -1+ 2V2)x+V2 =0
Ban Hoa da giai phuong trinh trén nhu sau:
Bude 1: A = [-(1+2V2)? - 4.242 = (1 - 232)?

Bube 2: VA = (1-242)2 =1-242

Buéc 3: Phuong trinh c6 hai nghiém: x, = % (X =2

Theo em ban Hoa giai ding hay sai ? Néu sai thi sai tif buéc nao.

A. Ping B. Sai tu bude 1 C. Sai tir bude 2 D. Sai tir buée 3

10. Cho phuong trinh (1 - V5)x? - 2y6x -(1+V5) =0 (*)
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Khéang dinh nio sau ddy ding ?

il

A. Phuong trinh (*) ¢6 hai nghiém phan biét: x, = -1; x; = 1 % g
B. Phuong trinh (*) ¢c6 nghiém kép: x; = x; = i+ g

C. Phuong trinh (*) v6 nghiém
D. A), B), C) déu sai

DAP AN

(@i | 1 | 2] 3 4[5 67 ][8]9]10
Ciu| B| D| A|C|B|D|B|D|C]|A




Vin dé 5. HE THUC VI-ET VA UNG DUNG
A. KIEN THUT CAN NHO

< Dinh li Vi-ét

x;; X la hai nghiém ctia phuong trinh ax® + bx + ¢ = 0 (a =0), ta co :

S=x;+xXxy =- o (tong hai nghiém)
a
P=x,.X, =~ (tich hai nghiém)
a

+ Ung dung
Co hai trudng hop ddc biét:
e Néua + b +c=0 thi phuong trinh (*) ¢6 hai nghiém:

Xx1=1;%=—.
a

e Néu'a - b + ¢ =0 thi phuong trinh (*) ¢6 hai nghiém:
c

x=-1;X9=~——.
a

< Tim hai s6 biét tong va tich cta ching
Pinh li
u+v==_S

Gia siz hai s6 u va v cé { p thi u va v la nghiém cua phuong
u.v=

trinh x° — Sx + P = 0 (diéu kién d€ c6 u va v la:8* - 4P > 0)
B. BAITAP

1. Cho phuong trinh 2x* + 7x -4 =0
Khéng dinh nao sau day sai?

A.A =81 'B.x1+x2=-%

C. xp.x5 = 2 D. A), B) ding; C) sai
2. Cho phuong trinh 5x° - 8x +4 =0

Khing dinh nao sau diy ding?

A.AN=4 B. x1+x2=—g

O, xyxy = -;- | D. A), B), C) déu sai
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3. Cho phuong trinh x>~ 4x + 2m = 0 (m la tham s§)
Tim gid tri cia m dé phuong trinh c6 nghiém, réi tink tong va tich cdc
nghiém theo m. Khing dinh nao sau day sai?
A.A=4-2m
B. Neum=3tacéx; +X:=4,x,X2=6
C. Neum = -3tacé x; + x; = 4, X,.Xo = -6
D. Néum = 2 ta co x; + X3 = X1.X»

4. Cho phuong trinh 2x* — 2(m + 2)x + m = 0 (m 1a tham s6)
Khéng dinh nao sau day sai?
A. Biét thie A’ > 0 vdl moil m thude R
B. Tong hai nghiém: x; + x, = m + 2

C. Tich hai nghiém: x,x, = %

D. Néu m = 0 thi phuong trinh ¢6 hai nghiém la: x, = 0, x; = 2

5. Dung dicu kiéna + b + ¢ = 0 hoic a - b + ¢ = 0 dé tinh nh4dm nghiém
ctiia mdi eng trinh sau:

< x < 4x—-8=0 (1)
e 1,38x +59%x+4,52=0 (2)
e 3-VB)x2+25x-(3++5)=0 (3)

Pién vao chd tréng (..) d€ duge khing dinh dung :
A. Nghiém cia phuong trinh (1) 1a : x; = .. ; X2 = ..
B. Nghiém cia phuong trinh (2)1a . x; = ... ; X2 = ..
C. Nghiém cua phuong trinh (3) la : x; = .. ; X3 = ..

6. D& phuong trinh 2x* + (k + 3)x — 4k + 2 = 0 ¢6 mjt nghidm bang -1 thi
gia tri cua k bing:
A.0 B e c, i D.

4 3 5

7. Tim hai 8§ u va v, biét u + v = 45 va uv = 500
Au=19, v=26 hodcu=26;v=19
B.u =20, v=25hodicu=25v=20
C.u=28,v=17hoacu=17;v = 28
D. A), B), C) déu sai

8. Tim hai s6avab, bista+b=-9,ab=18
A.a=4,b=5hoaca=5b=4
B.a=3,b=6hoaca=6,b=3
C.a=-3,b=-6hoica=-6,b=-3

D.a=-3,b=6hoaca=6,b=-3

|
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9. Tim hai s6 m va n biét m - n = 14, mn = 51
A m=-20,n=-4hodcm=-4,n=-20
B.m=19n=5hodcm=-5,n=-19
C.m=17,n=3 hoAcm = -8, n = -17
Dm=17n=3hoscm==-3,n=-17

10. Cho phuong trinh x* - 2kx - 5 = 0 ¢6 hai nghiém la x, va x,. Hay lap

I

phuong trinh ¢6 hai nghiém la hai sé 2 va : .

X) X2
A.5x" +2kx - 1=0 B. 5x” — 2kx - 5= 0
C.-x>+2x+5k =0 D. A), B), C) déu sai

DAP AN

BaiLLEE 3 | 4 [ s8] 7

oo
L

10
Cw C|D | B|A|[x|Cc|B|cCc|D]|aA]

PHUONG TRINH QUY VE PHUONG TRINH BAC HAI
A KIEN THITC CAN NHO

[1] Phuong trinh trung phuong ax* + bx* + c=0(@20) |
o Patt = x"'(diéu ki¢n t > 0), ta ¢6 phiang trinh at” + bt + ¢ = 0
it
o Gidi (*) réi chon nghiém t >0, lic d6 x = #/t
';_ﬂ Phuong trinh chiia 4n & mau thuc
Khi gidi phuong trinh chua dn ¢ mdu thie, ta lam nhu sau :
e Buoc 1. Tim diéu kién xdc dinh ctia phuong trinh.
e Budc 2. Qui dong mdu thie hai vé réi khit mdu thuc.
e Buoc 3. Chon nghiém théa mdn diéu kién & buoc 1 va két ludn.
3] Phuong trinh tich
Phuong trinh duoc bién déi vé dang A.B = 0 <

B=0

[A:O
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B. RAITAP

1. Nghiém cta phuong trinh: (x + 22 - 9x + 3 = (2 — x)(2 + x) 1a;

Ax =-1:%=3 B.x;=1;x2=1,5
C.x1=22;x=15 D. V6 nghiém
2. Nghiém cia phuong trinh x(x> - 6) — (x - 2)% = (x + 1)° + 4x la:
A-XIZ—I;x2=‘""5 _ _ B.x]=2;x2=—~4
C:t;-——l':h:--i Dx*——l'x--—-5—
- B & =limg= o Rk s =
3. Nghiém caa phuong trinh (x + 1?2 +0,5x% = x(x*+ 1,5) 1a :
A. Vo nghiém B. x; =x, = g
2
C.x;=-1;xzzg D.xy=2;%x0=5
4. Nghiém ciia phuong trinh "_("4‘ I 0‘35" " "; L 1a
A.x;=-15 x=-3 B.x1=0,x2=-3
C.xy=-3;x9 = —2— D. V6 nghiém
. i i < X > 2
5. Dé tim tap nghiém cia phuong trinh + = (*)

x+1 x-1 x%_1
Ban Phuong da lam nhu sau :
Bubc1: PK:x 2+ 1vaMTC=(x+1)x—-1)=x*-1
Busc2: (M) o x(x-1)+x(x+1)=2 ox’ —x+x+x-2=0
oxl-1=0cx=1
Buéde 3: Vay tap nghiém cta phuong trinh (*) 1a: S = {1)
Theo em, ban Phuong lam diang hay sai ? Néu sai thi sai tif bu6c nao?

A. Pang B. Sai tir buéce 1
C. Sai tir bude 2 D. Sai tir buée 3
5 9
. T4 hi ja phuong trinh : - — =0 la:
6. Tap nghiém cua phuong trin -5 x-5+10 -

g .1 1 .2
S=43-:;3— B.S=4{-3-;9-
. {3’34} -1-33:9)
c.S={11;21} D.S=0

9 b

7. T4p nghiém cia phuong trinh x° + 3x° - 2x - 6 = 0 la:

A.S=(-3:+V2) B.S={-2;%+V3] C.S=(V/2;+V3] D.S=2
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8. Tap nghiém cua phuong trinh 2x® — 12x? + 18x = 0 la:

A.S =1(1;2 B.S=10;-4 C.S=10;3| D.S=¢
9. Tap nghiém cta phuong trinh 5x* - 2x* + 16 = 22 - x°

A.S=0 B.S={O;§}

C. S ={J/6;-/5i D.S:{—@; ?}

10. Cho phuong trinh 4x” — 19x + 11 = 0 (*). Khong giai phuong trinh. Hay
cho biét khang dinh nao sau day dung ?
A. Phuong trinh (*) ¢6 hai nghiém duong
B. Phuong trinh (*) ¢é hai nghiém am
C. Phuong trinh (*) ¢6 mét nghiém duong
D. Phuong trinh (*) ¢6 hai nghiém bang nhau
DAP AN

Bai 1 5 6 10

Cau B D A C C B A C |'D A

]
o
[
-~
@
o)

Van dé 7.

GIAI BAI TOAN BANG CACH LAP PHUONG TRINH
"N KIEN THUC CAN NHO

Khi gidi bai todn bdng cach lap phuong trinh ta lam nhu sau :
* Budc 1: Ldap phuong trinh
— Chon an va tim diéu kién cho 4dn do.
— Biéu dién cdc dai luong chua biét theo 4n néi trén.
— Léap phudng trinh biéu thi méi quan hé giita cdc dai lugng.
*  Budc 2: Gidi phuong trinh g budc 1 | |
* Budc 3: Kiém tra xem trong cde nghiém cua phuaong trinh thi nghiém

nao thich hop vdi bai todn va két ludn

Vidu 1:
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Tich cia hai s6 tu nhién lién tiép 16n hon téng cia ching 14 109.
Tim hai so dé.

Buoe 1 LAap phuong trinh |
— Goi hai s0 ty nhién lién tiép la x va x + 1 (diéu kién x € N)

— Tichechaxvax+ 11axx + 1)

— Tongciaxvax+llax+(x+ 1 =2x+1

Theo dé bai ta c6 x(» + 1'~ (Iv + 1) = 109 < x* - x - 110 = 0 (1)
Buoc 2 Giai phuong tri. . (1) tacé x = 11 ; x = - 10.

Bude 3 Theo diéu kién da néu 6 bude 1, ta chon x = 11.

Két luan: Hai s6 phdi tim 1a 11 va 12.

46

B. BAITAP

. Tdng hai chif s§ cia m¢t s6 bang 13. N&u ta cdng thém 34 vao tich hai

chit s6 dé thi duge sd ddo ngugc lai. S& d6 1a:
A. 52 B. 61 C. 67 D. 73

. Tim ba canh cia mét tam gidc vuéng. Biét chu vi 12 36m va téng binh

phuong ba canh la 450.

CA4u tra 10i nao sau day ding?

A. 9cm, 12cm, 15cm B. 7cm, 13cm, 22cm
C. 10cm, 14cm, 18cm D. Mot két qua khac

. Nguoi ta mudn trong thanh hang ngang va hang doc 324 cay dao trong

mét khu vudn hinh chit nhat ABCD c6 chiéu dai 140m va chiéu rong
32m. Cdc hang cach déu nhau (ngang ciing nhu doc). Vé hang ngang :
hang diu & trén canh AB va hang cudi ¢ trén canh CD. Vé hang doc :
hang diu & trén AD va hang cudi & trén BC.

Khodng cédch gitta hai hang lién tiép bing :

A.3m B. 4m C. 5m D. 6m

. Mot 6t6 di tir Tp.H6 Chi Minh dén Bién Hbda cdch nhau 30km. Oté di

duge 12km thi c6 mot ngudi tir Bién Hea di xe dap vé Tp.Hé Chi Minh.
Ot6 dén Bién Hoa nghi 18 phdt réi trd vé Tp.Hd Chi Minh véi vén tdc
bing lan di va vé& dugc nita gid thi xe dap méi dén. Tinh vén téc cha
6td. Biét ring 6t6 di nhanh hon xe dap méi gi¥ 25km.

Khéng dinh nao sau day ding ?

A. 36km/h B. 38km/h C. 40km/h D. 44km/h



). C6 hai voi nude cung chay vao mét bé can. Néu voi thit nhat chay day
nia bé thi ngung lai dé cho voi thit hai chdy ddy nia bé con lai. Nhu
thé thi tdng thdi gian cta hai voi chay ddy bé l1a 25 gio. Néu hai voi
cung chay thi chi 12 giy nugc day bé. Héi néu mot minh thi mdi voi
phai chay mat bao nhiéu lau mdi day bé. Biét ring thai gian voi thd
nhat chay day bé nhiéu hon voi thi hai.

Céau tra 181 nao sau day dang?
A. Voi I: 20 gig; Voi I1: 38 gio
B. Voi [: 24 gig; Vou II: 16 giv
C. Voi I: 28 gig; Voi II: 21 gio
D. Voi I: 30 gig; Voi 1I: 20 gig

DAP AN

Bai 4

-
)
Qo

5

Cau | C A B C

D

ON TAP CHUONG IV

A.  TOM TAT CAC KIEN THUC CAN NHO

Ham sé y = ax’ (a # 0)

a>0

e Ham s6 dong bién khi x > 0.
Ham so nghich bién khi x < 0.
ey =0 la gid tri nhd nhat cia
ham s6 (khi x = 0).

e Dé thi la parabol nam phia trén
truc hoanh, nhén truc tung lam
truc déi xdng, géc toa do O la

dinh parabol.
A y

= W

a<0

e Ham s6 nghich bién khi x > 0.
Ham sd dong bién khi x < 0.

ey =0 1a gia tri 16n nhdt cia
ham sé (khi x = 0).

e P6 thi la parabol ndm phia
dudi truc hoanh, nhén truc tung
lam truc déi xding, géc toa 46 O

1a dinh caa parabol.
N y

t 3 4
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Phuong trinh bac hai ax’+bx+c=0(a=0)

A = b® - 4ac A’ = b - 4ac (b = 2b")
Phuong trinh ¢é 2 nghiém Phuong trinh ¢6 2 ﬁghiém
phén biét : , phén biét :
4201 bidB -2 "7 budE . bE
X = % ; Xo = %2 1 a y Xg = -
Phuong trinh ¢6 nghiém kép Phuong trinh c6 nghiém kép
A=l "1:1"2=‘"il e 313123“9—'
2a a
A &0 Phuong trinh vé nghiém A <0 Phuong trinh v6 nghiém

Hé thic Vi-ét va ung dung

Khi phuong trinh ax”’ +bx + ¢ =0 ¢é 2 nghiém x;, x; ta c6 :
« He thuc Vi-ét

e Téng hai nghiém x; + x, = -E ¢ Tich hai nghiém x, .x, = §~

« Ung dung

e Biét u+v =S vauv="P uva v la nghiém cia phuong trinh
X? - SX + P = 0 (diéu kién dé phuong trinh c¢6 nghiém la
S2-4P20).

e Néua+b+c=0 thi phuong trinh ax® +bx + ¢ = 0 (a # 0) ¢6 hai

' c
nghiém x; =1;xy, = —.
a

. Né’ua—b+c=0thiphi.ro‘ngtrinhax2+bx+c=0(a:¢0)c6hai
c

nghiém X =—1;% = -3
B. BAITAP
1. Parabol (P) trong hinh bén la d6 thi cia ham sé:
A y= --i—xz
B.y=- % x2
C.y= —-%xz
D.y=- % x2

W
o &]



. Cho ham s6 y = ax” va y = — 3x + 1. Tinh gid tri caa hé sé a. Biét ring

dé thi cia hai ham sé trén cat nhau tai diém M ¢6 hoanh do xy = — 2
A.azZ B.az-?l C.a:§ D.au=:—1—0
4 7 4 3

. Cho phuong trinh x* — 2x = 0 (*).
Ban Tam da giai phuong trinh nay bang phuong phap dd thi nhu sau :
Buéc 1: Nghiém chia phuong trinh (*) 1a hoanh dé giao diém hai do thi

cia haiham sy =x*vay=y=- 2x AY

Bude 2: Trén cing mdt mat phing toa
do, vé d6 thi cla hai hamsd y =x"va  \ |4
Y¥y=— 2x
— Db thi cia ham s y = x° 1a parabol (P)
di qua cac diém (-2; 4) ; (-1; 1); (0; 0);
(1; 1); (2; 4)
— D6 thi cua ham s6 y = —2x 1a duong
thang (D) di qua goéc toa do va qua ~2¢¥
diém (1; -2) (D)
Nhdn xét : Trén dé thi ta thay (P) va (D) c4t nhau tai hai diém O va A
c¢6 hoanh d0 1a xo = 0 va xa = - 2
Bude 3: Két luan: Vay phuong trinh (*) ¢6 hai nghiém: x; = 0 ; x; = -2
Theo em, ban Tam 1am ding hay sai. Néu sai thi sai tif bu6c nao?
A. Pung B. Sai tif buée 1 |
C. Sai tu budgc 2 D. Sai ¢ buéc 3
Cho parabol (P) : y = ax”® va dudng thing (D) : y = x + 1. Xdc dinh a dé
(P) va (D) tiép xic nhau.

1 2 1
.a=—-4 B.a=-- e D. 8 =—=
Aa a 3 a 3 a y

. Cho phuong trinh mx® — (4m - 1)x + 4m = 0 (m = 0) (*)
Khing dinh nao sau day dung?
A. Néu phuong trinh (*) ¢6 hai nghiém phén biét thi m < %

1

B. Néu phuong trinh (*) c6 nghiém kép thi m = — va nghiém kép dé

@ |

1a x; =% =-2
C. Néu phuong trinh (*) v6 nghiém thi m > %

D. A), B), C) déu ding
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6. Cho phuong trinh x* - 2(m - 3)x - 2m = 0 (m la tham s8). X4c dinh m dé
cdc nghiém x,, x, cia phuong trinh nghiém ding hé thuc x,.x,=2(x;+x,
A m=0 B.m=-1 C.m=2 D.m= -4

7. Goi x;, X 12 nghiém cia phuong trinh 3x*> + 8x + 5 = 0. Khong gié
phuong trinh, tinh x? + x5

A.x?+x§=4~5- B. x?+x%=3-7-
9 9
C. xf+x%=-2-!1; D. A), B), C) déu sai
8. T4p nghiém cta phuong trinh i W T LT
x=-1 x-2 6
A.S = {-1; 4} B.S={1,-4) C.S=|(2; -3} D.S=0

9. Tinh hai canh cia m6t hinh chit nhat biét ring chu vi 12 86cm va dié
tich 1a 450cm®,
Céau tra 101 nao sau day dang ?
A. 16¢cm, 27cm B. 14cm, 29cm
C. 18cm, 25cm D. Mét két qua khac

10. Tinh hai canh géc vuéng cia mét tam gidc vudong. Cho biét do da
canh huyén la 13cm va dién tich 12 30cm®.
Cau tra 1 nao sau day ding?.
A.6cm, 10cm B. 3em, 20cm  C. 4cm, 15cm D. 5cm, 12¢m

11. Hai tinh A va B c4dch nhau 171km. M6t mété khdi hanh tir A dé d
dén B vdi van téc khéng d6i. Pi dude 2 gid motd nghi nira gid rdi la
ti€p tuc di dé€n B véi van tée tang thém Tkm/h so v6i van téc lie dac
Dén B, mé6té nghi thém nita gio réi quay vé A va tang thém vén té
1km/h. Tinh ra ca di va vé hét 10 gio 30 phut. Tinh véan tée lic da
ctia motd.
Cau tra loi nao sau diy dang?
A. 28km/h B. 30km/h C. 34km/h D. 40km/h

12. Mot vdi nude chdy vao mot bé nude c6 dung tich 1a 270 lit. Néu md
gidy vdi d6 chdy vao bé thém 1 lit nuée thi thoi gian can thiét dé lan
ddy bé sé gidm dugc 45 giay. Héi trong mdi gidy, voi chay vao bé dug
bao nhiéu lit nuéec.
Cé&u tra 10i ndo sau day dang?
A. 2 lit B. 4 lit C.5lit D. 6 1it

PAP AN

Bai 1 2 3 4 5 6 7 8 9 | 10|11 | 12
Cju | D{ A|B|D|D|C|B|A|C|D|]B]|A
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HUGNG DAN GIAI

1. HAM SO y = ax? (a = 0)
-(B)Néu R tang gép 5 lan thi S tang gdp 25 1an: S = n(5R)” = 251R”
I.@Ham s0y = flx) = %xz ¢6 dang y = ax’ [a = % > 0]
Do dé:

— Ham s6 xac dinh véi moi x thudc R
— Ham s6 déng bién khi x > 0, nghich bién khi x < 0

. = ]. 2 _ 2 _ 1
L@Ham sOy =flx) = —zx c6 dang y = ax [a = _Z < 0)
Do dé:
— Ham s6 xdc dinh véi moi x thuéc R

— Ham s6 ¢6 gid tri ién nhat y = 0 khix =0

- Né’uy=-1thi——i-x2=—1 X =4 x =12

l.@'i‘a c6: y = fix) = -2x> +%

1 1
Ay=R0)=(-2)0+= =~
Y 373
1 1 5
B.y=fl-1)= (-2)(-1)2+==-24+-=-12
d ( 3 3 3
C.y=ﬂ'2}=(—2)-22+l=—8‘;+l=—~2E
3 3 3

i.@Tacd:y:f(x)z éxz c6 dang y = ax® (a:%:»o]

A. [EI Ham s06 ¢6 gid tri nho nhat y =0 khix =0
B. E] Ham s6 nghich bién khi x < 0

o

C.[P]Néu x = -3 thi y=-é(43)2 =2-15

]

D.|S|Néuy = - 3 thi x* = - 18 khéng tén tai x

I.@Ham 8Oy =[3—%mjx2cé dang axz[a =3—-%m] dong bién khi x < 0
néu a < 0 hay 3—%m<0 <om>6

ol



7.@Ham 86 y = x? ¢6 dang y = ax* [a = Jid nghich bién kit

m-1 m -

x > 0 néu a < 0 hay <0

m-1

Vid>0nénm-1<0&mcel
8.@Ham 86 y=vm?-4x* ¢6 dang y = ax’ (a=vVm?-4) nghic

bign khi x <Ondua>0hay Vm2 -4 >0= J/(m-2)m + 2) >0
m-—2<0h0ac{m—2>0 {m<2 hoﬂc{m}z

m>-2

Ta cé: 3
{m+2<0 : m+2>0 m<-2

<> m < -2 hodcm > 2
9.(C) Theo dé bai ta c6: fim + 1) = 3(m +1)* = 12
o m+1)P¥=4eom®+2m-3=0m-1Dm+3)=0

m-1=0 m=1
<> o~
m+3=0 m=-3

lﬂHamsﬁ'y= -2—3 .xg( s o2 J

+1 m? +1

m
Ta théy J ;3 khong dugc x4c dinh
m- +1

Vi -3 <0vam?+ 1> 0 v6i moi m thuéc R nén

3 <0 vl moir
m-+1

thudc R

x2 khéng x4c dinh tai moi diém.

- m*“ +1
* Ghi nhd : P6i véi ham s6 y = ax’, ta cé:
- Néu a > 0 thi ham s6 déng bién khi x > 0, nghich bién khi x < 0

— Néu a < 0 thi ham s6 déng bién khi x < 0, nghich bién khi x > 0

—
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2. PO TH| CUA HAM SO y = ax? (a = 0)

.(D)Parabol (P) 1a dé thi ciia ham s& c6 dang y = ax® (*)
Trén do thi ta thay diém A(2 ; 2) thudc (P) nén toa dé cia A nghiém
dung y = ax”

. Vay (P) 1a d5 thi cia ham s6 y = = x°

0o | =

(*):>2=a.22¢>a:§=

L= I N

L.(A)Lam tuong tu bai 1, ta ¢ (P) la dé thi cia ham s6 y = ,_;. X

b (Py), (Py), (P3) va (Py) la nhimg db thi clia ham s8 ¢6 dang y = ax® (*). Trén
cac d6 thi ta thay:
A.|D|A(1;2) e (P)néntit(*)suyra:2=al’=a=2
Vay (P)) 1a d6 thi cGa ham s6 y = 2x°
B. [ S | B(-3; 3) € (Py) tuong tu trén, ta c6 (Py) 1a d8 thi cGa ham
1 o

s y=—-x
=3

C.|D|C(2; -2) € (P3) suy ra (P3) 1 d6 thi cha ham s8 y = —-%xz

D.[S] D(=2; -3) € (P,) suy ra (P,) 1a dé thi ciia ham s y = ‘?3‘ X2

L(© Ta c6 y = V2x? db thi Ia (P)

e MQ; Jﬁ){gx%‘/f o IMe J2.x}.Dodé6 M e (P)

e N(/3; @){j;:%ff JEtJi w05 = yn #V2x%. Do d6 N ¢ (P)

e E(-V3; 3&){32:%3‘:@ B iP maig YE J2x% . Do d6 E € (P)
o F(-V2; 4&){3;:;35&-(_ B 03 = yp #V2x5. Do d6 F ¢ (P)

Vay trong bdn diém M, N, E, F chi c6 M va E thudc parabol (P)
cta ham s6 y = /2x?
i.(B) (P) di qua I(+/3; V6) nén toa dd cia I nghiém ding y = (m — 3n¢

Ta c6: \/é=(m—-3)(J§)2¢J§=3m-9¢m=&§‘@¢m=3+i§-
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6.@Ta c6: (P):y = _%xz di qua M ¢6 xy = -2

= ¥M =—%.{—2)2 =-2

Toa d6 caa M 1a (-2; -2)
Do dé M’ déi xding vdi M qua truc tung c6 toa do 1a (2 ; — 2)

* Ghi nho:

— Néu hai diém co hoanh dé déi nhau va tung dé bing nhau thi
chiing déi xuing nhau qua truc tungf va nguoc lai.

~ Néu hai diém c6 hoanh dé bdng nhau va tung dé déi nhau thi
chiing dét xing nhau qua truc hoanh va ngugc lai

— Ta da biét parabol (P): y = ax’ gém hai nhdnh bao gio cing doi
xung nhau qua truc tung.
Do vdy diém M thude (P) thi diém M’ déi xitng cia M qua truc tung
ciing thuée (P)

7'.@ Toa dd giao diém cta (P) va (D) 13 nghiém cGa hé phuong trinh

y=x° (1) (P) Y
yi=2% (2)

(1) va (2) = x* = 2x

S -2%x=0ex(x-2)=0

x =0 x=0
&5 2

x-2=0 x=2
— Thayx=0vao(l)tacoy=0
~ Thay x=2vao(l)tacoy =4

Nghiém cua hé la: (x; y) = (0; 0) va (x; y) = (2; 4)
Vay (P) va (D) cat nhau tai géc toa do O(0; 0) va diém thu hai (2; 4)

8.(B) Toa do giao diém cia (P) va (D) la nghiém cta hé phuong trinh

R4

yz-—%xz 1)
y=-3 (2)
(1) va (2) = —-;—x2=—3¢:>x2=6<:::vx=i\/é

Nghiém cia hé 1a: (x; y) = (V6; -3) va(x;y) = (-6 ;-3)
Vay (P) va (D) cit nhau tai hai diém c6 toa do: (V6; -3) va (- J6; -3)



9.(C) Lui gidi cia bai toan la:
A. Vé db thi (P) trong mat phang toa do Oxy
‘B Vé diém A c6 toa d6 (1; 1)
C Vé cung tron (O; OA) cit truc Ox tai B
D Qua B vé dudng thiang vudng géc vdi Ox cit (P) tai diem M. D6 1a
diém ta can vé (Xem hinh vé d dé bai)
[-2x? khi x 2 0
|2x® khix<0

~ Ham s6 y = -2x° xdc dinh véi moi x 2 0

10.A.@Ta 6y = fix) = -2x /x| =

— Ham s0 y = 2x” xdc dinh véi moi x <0
Vay ham s6 y = -2x | x| xdc dinh véi moi x thuoc R
B. [j Khi x < 0, ham s6 da cho trg
thainhy = fix) =2x*c6 hés6a=2>0
nén ham sé nay nghich bién LIVE O
C. Khi x > 0, ham s6 da cho tro thanh
y = fix) = —-2x” ¢6 hé sd a = -2 < 0 nén. :
ham sé nay nghich bién 1 2 X
D. @ Po thi cia ham sé -2 -1 O]\
y = fix) = -2x| x| gém hai nhanh parabol
cia hai ham sd y = -2x* (vé6i x > 0) va
y = 2x* (véi x < 0) duge vé nhu sau: o pm— p %

3. PHUONG TRINH BAC HAI MOT AN

1.©Ta c6: (x —B)x +2) =0 x% + x2 - x5 —'ﬁﬁ=0
E=" x2+{\f§—\/5)x-ﬁ5=0

Phuong trinh nay c¢6 dang ax® + bx + ¢ = 0 trong dé a = 1,

b=v2-v5, c=-410
:@
X -9=0ox*=9x=+3
Vay phuong trinh c¢é hai nghiém: x; = -3; x, =3
B.5x2-125=0x" =25 & x =15
Vay phuong trinh ¢6 hai nghiém : x; = -5; x2 =5
C.-3x%- 12 = 0 < x’= -4 (PT sai vi x* > 0 vdi moi x; -4 < 0)
Vay phuong trinh v6 nghiém
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3.(C)

:0 :O
A Taco: x* +5x=0>x(x+5)=0 > &
, x+5=0 5

Vay phuong trinh c6 hai nghiém : x; = 0, x; = -5

x=0
=0
B. Ta c6: 2x2+§x=0¢::-x(6x+1):=0¢:>[;x+1=0c:> 'xz_,l
6
Véay phuong trinh c¢6 i:u1 nghiém : x; = 0, x5 = —%
C.Tach: -3x2 +/18x =0 -3x2 +3/2x = 0
=0
2 _ oy = . X
o xl-V2x=0ox(x-V2)=0
L=v’§
Véay phuong trinh c6 hai nghiém: x; = 0, Xp =2
D.Ta c6: (V3 +2)x2 - (5+2/6)x =0
o V3+V2)x% -(V3+V2Px =0 x2 - (V3+2)x=0
x=0 x=0
@x[x—(\/ﬁ+\/§1]=0m =
[x—(s/—ﬁ+\/§)=0_ |:x=\/§+\f§

Véay phuong trinh c¢6 hai nghiém : x; = 0, x; = V3 +2

* Ghi chu:

- Qua hai bai tdp 2 va 3 cda vdn dé 3 ta c6 thé rit ra nhing
diéu cdn biét sau déy :

+ Phuong trinh ax’ + ¢ = 0 (a #0) dugc goi la phuong trinh bdc hai

thiéu b (b = 0), tacd:ax2+c=0-:>x2=—§

+ Néu a va c cung ddu thi phuong trinh vé nghiém '
+ Néu a va c khéce déu thi phuong trinh cé hai nghigm déi nhau :

x = va x 1’ s
= -_—— 2:— -_——
1 U a a

+ Phuong trinh ax + bx = 0 (a # 0) duge goi la phuong trinh bdc
;b ' x=0
hai thi€uc(c=0),tacé :ax’ +bx =0 < x(ax + b) =0 & b

- Phuong trinh bao gi¢ cing c6 hai nghiém : x; = 0 va xg = -E
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«®

(1)rx° + 1) - 3x° = 0 < x* — 2x* + 1 — 3x’ = 0 khong phai la phuong

trinh bac hai vi khéng c6 dang ax®* + bx + ¢ = 0

e
X

]=0 -2 +2x=0

(2) (—2x2)(x——l-] =0(xz20)e (- 2x2}[
X

khéng phai 1a phuong trinh béc hai vi khéng c¢6 dang: ax” + bx + ¢ = 0
(3}(x+3)[x~%)z0¢>x2-—;-x+3x—1:0 &5 x2+gx-—l=0

< 3x? + 8x — 3 = 0 la phuong trinh bac hai vi ¢6 dang ax> + bx + ¢ = 0
trongdéa=3,b=8c=-3 :
(4)(4x + 5)X4x - 3) = 0 < 16x° — 25 = 0 1a phuong trinh bac hai vi c6
dang ax® + bx + ¢ = 0 trong d6 a = 16, b = 0, ¢ = —25. Vay phuong
trinh (3) va (4) la phuong trinh béc hai
5.(A)Tacs: x- 8x+16=0 (x-4’=0ox-4=0cx=4
Viy tap nghiém cda phuong trinh 1a S = {4)
6.(C)Tact: x* - Tx +6=0x"—x-6x+6=0 > x(x-1) - 6(x - 1) =0
x-1=0 x=1
xu6=0@[x=6
Vay tap nghiém cia phuong trinh 1a : S = {1 ; 6}
7.(B)Tacé: x> +2x-5=0 (x*+2x+4)-4-5=0
Sx+2°-3=0x+2+3)x+2-3)=0
x+5=0 X=-5
%=1 [
Véay tap nghiém cua phuong trinh la: S = [-5; 1]
8.®Ta c6: x° — 10x + 28 = (x*~10x + 25) + 3 = (x — 5)* + 3 > 0 v6i moi x
Do d6 x* — 10x + 28 = 0 1a vé ly.
Véay phuong trinh vé6 nghiém: S =0

9.®Ta ch: (x - %](xz +2x+3)=0

@(x-l')(x~61=o¢:[

m(x+5){x—1)=0c>[
x=1

Vix?+2x+3=(x+1?%+2>0 véi moi x

Do dé x-—%-‘:ﬂmx:%. Vay phuong trinh c¢6 mgt nghiém: x=—:—
lO@ Taco: xX2—4x+4 -9 +4x+4) =0 (x-2°% -[3x+2)P =0
S x-2+3x+6)(x-2-3x-6)=0=4x+4)-2x-8)=0

4x+4=0 x=-1
=N &
-2x-8=0

Véay tdp nghiém cua phuong trinh 1a : S = [-1; -4}

x=-4
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4. CONG THUC NGHIEM CUA PHUONG TRINH
1.(B)Taco: 2x* - 9x - 5=0(a=2,b=-9,c =-5)

A=b?-4dac=(-9°-42.(-5)=121; VA =J21 =11

-b+JvA 9+11
xlz = =5
2a 2.2
_-b-vA _9-11_ 1
“ 2a 22 2

Vay phudng trinh c6 hai nghiém 1z =6, x= ~=
2.(D)Tac6: x? -2J16x+15=0 (a=1,b= -2J15,c = 15)

A=(-2/15°-4.1.15=60-60=0; x; = x, ={;=312’-§=J5
- a

Vay phuong trinh c6 nghiém kép: x; = x5 = J5

8.(A)Taco: 5x* +3x +1=0(a=5b=3,c=1)

A=38%"-451=- 11 < 0. Vay phuong trinh vé nghiém
4.(C)Tacs: 3x* - 4x+1=0(a=3,b =

==2, = ]1)
AN=b%-ac=(-2°-31=1
“Hedl gat KA 2.1 1
l= — =1,X2= = = =
a 3 a 3 3
1
Vay S={=;
dy S {3,1}

5.Tacé:0,3x2+0,Bx+0,5=0<:>3x2+8x+5=0(a=3, b'=4,c=5)
AN=4>-35=1

x1=“43+1=—1; x2=h4_-1=—g.VéyS= {—1;—%}_

B.@Ta c6: V3x2 -6x+19=0(a=+3, b =-3,¢c=19)

N=(-3%-4319=9-193<0.VayS =0
7.’I‘acd:(m»1)x2—mx+1=O(a=m—1,b=—m,c=1}
A=(-mP-4m-1).1=m?-4m+4 = (m - 2)?

VA =J(m-2)? =|m - 2|
. ~m+m-2 2(m-1) ¢ i ~m-m+2 2 1
" 2m-1) 2m-1D "% 2m-1  2m-1) m-1

Vay phuong trinh ¢6 hai nghiém : x, = 1, x» :

- m-1
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8.®Ta o m=-2x2-2m-Ax+m+2=0(m =2) (¥

(a=m-2,b’=-(m-4),c=m + 2)
A AN=[-(m-4))-(m-2)m +2)
=m’-8m+ 16 —m?+4=-8m+ 20

B. Néu phuong trinh (*) vé nghiém thi A’ < 0 hay - 8m + 20 < 0
5
& m> —
2
C. Néu phuong trinh (*) ¢6 hai nghiém phan biét thi A" > 0 hay

-8m+20>0& mcg

D.V6i m = g thi phuong trinh (*) ¢c6 nghiém kép la:

Xy = X ] —| L
* “ a m -2 _9

9.©Ta c;iz 2x% —(1+2J2)x+V2=0(@=2,b=-(1+2J2), ¢c = 2)
A=[-(1+2J2)° -422 =1+4J2+(2/2)2 -8/2
= 1-4V2 +(2V2)? = (1- 2V2)?
Do 1<2V2 nén VA = J1-242)% =2/2 -1
_1+2V2+2/2-1 _

xl 4 v’E
1+2J2-2V2+1 1
3= 4 "2

Vay phuong trinh c6 hai nghiém: x; = V2, x, = .%

Nhu vay ban Hoa da giai sai tir buée 2

10.(A)Ta c6: (1 - V5)x? - 2V6x — (1 +v5) = 0
[a=1-v5,b=-2V5,c=-(1+56)]
A= (-5 +(1-B)X1+5) =1

" =J5_1=-J5_1=-1x =1+\/5
T =48 Wb ~1 T

&

[

+
; -

VAay phuong trinh ¢6 hai nghiém : x; = -1, x3 =

&
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5. HE THUC VI-ET VA UNG DUNG

1.©Tacé: 2% +Tx-4=0(@=2,b="7,¢c=-4)
AA=T-42(-4)=49 + 32 = 81
b 7
B.x; +x = o R
e 4 B
=
2.(D)Ta c6: 5x* -8x+4=0(@=50b=-4,c=4)
AN=(-4)7-54=-4<0
Phuong trinh da cho vé nghiém, vay khong c6 téng va tich
ciac nghiém cua phuong trinh nay
* Ghi nho:
Muén tinh téng va tich hai nghiém cia mét phuong trinh bdc hai
trudge hét ta phdi xét xem phuong trinh do c6 nghiém hay khéng.
(Néu co 4 20 hodge A& 20 hodc a va ¢ khdc ddu thi phuong trinh bao
Z10 iy ¢O nghiém )
3.(B)Ta co: X~ 4x + 2m = 0 (m la tham s6) (a = 1, b’ = -2, ¢ = 2m)
AN =(-2°-12m=4-2m
B.Neum=3thiA’'=4-23=-2<0
Vay phuong trinh da cho vé nghiém
C.Neum=-3thiA=4-2(-3)=10>0

C
G wimpes e _2
a

b 4
X +Xp=——=—=4
Ta ¢6 : a 1
¢ 2m 2(-3)
xlxzr.—-:———:—-—-——:—s
a 1 1
D.Neum=2thiA=4-2=0
Phuong trinh ¢6 nghiém kép: x; =x2=—%=2
X, +Xo =4
Do dé {xi.xziz_2=4:x1+x2=xl,xg

4.@'1‘3(:6:2x2—2(m+2)x+m=0(a=2,b=—2(m+2),c=m)
AN=[-(m+2)P-2m=m’+4m + 4 - 2m
=m’+2m+4=m+1)*+3>0
Ta c6 (m + 1)* > 0 v6i moi m thude R
Do d6 (m + 1)* + 3 > 0 véi moi m thuoc R
b 2(m+2)

B. Tdong hai nghiém: x; + Xy = - — e m + 2
a
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C. Tich hai nghiém: x,x, = - = _‘;_1
a

D.Khim=0=A"=4,tacé: x; = _—b"@ L
a 2 2
vy = -b' VA" m+2+2 0+4
a 2 2
Vay khi m = 0 thi phuong trinh ¢6 hai nghiém : x; = 0, xy = 2
* Cach khae: Thay m = 0 vao phuong trinh da cho, ta cé:
x=0 {x =0

<l .
x-2=0 X=2

=0

= 2

2x3—4x=0<::»x2—2x=0c>x(x—2)=0c>{

5. A. Ta co:
e —38x"+41x-3=0 (1) (a=-38,b=41,¢c=-3)
e a+b+c=(-38)+41+(-3)=0

Nghiém ctia phuong trinh (1) la: x; = 1, xp = — = —— = —
a

B. Ta c6:
e 1,38x>+59x+4,52=0 (2) (a=1,38;b=509; ¢ = 4,52)
e a-b+c¢c=138-59+452=0

c 4,52

Nghiém cia phuong trinh (2) la: x, =~ 1, X0 = —— = 138 =-3,28
a ;

C.o 3-V5)x®>+2/6x-(3+J5)=0 (3)
@a=3-V5:b=2J5:¢c=-(3+5)
ea+b+c=3-5+2/6-3-J6=0

. 5 i —-(3+/5)
Nghiém cta phuong trinh (3) 1a: x, =1; x .
ghié phuong 1 S A
(Hoc sinh ty dién cdc két qua trén vao chd trong)
6.(C)Tacs: 2x* + (k +3)x — 4k + 2= 0 (*)
Thay: x = - 1 v3o (*), ta duge: 2(- 1> + (k + 3~ 1) -4k + 2 =0
o -bk+1=0 k=-;—
'7. Ta c6:u + v = 45 vA uv = 500 nén u va v la nghiém cta phuong
trinh X - 45X + 500 = 0
A= (-450-4.1.500 =25

X1=.45+5 45-5

=25;Xy = = 20

Vay (u; v) = (25; 20) hodc (u; v) = (20; 25) .
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8.@ Tacé:a+b =-9 vaab=18 nén a va b 1a nghiém cia phuong trinh
X*+9X+18=0
A=9"-4118=9
X1=_9+3=—3,X2=_9_3

2 2
Viy (a; b) = (-3; — 6) hoic (a; b) = (-6; -3)

9.®Ta cd:m-n=14 (1) vamn =51 (2)

Pait:v=-n=>n=-v

=-6

(1)=>m+v=14, (2) > mv=-51

m va v 12 nghiém cta phuong trinh: X® - 14X - 51 =0

A =(-T7?-1.(- 51) = 100

X1=7+10=17;Xz=7__1"12=_3
Dod6Xi=m=17,Xo=v=-3=>n=3
Hoac X, =v=17=>n=-17,X;=m=-3
Vay (m; n) = (17; 3) hoic (m; n) = (-3; -17)

10.(A) Ta c6: x* - 2kx - 5= 0
A=(-k)?-1-5)=k*+5>0 v4i moi k

X +Xg=—=—=2k
B a . 1
X|.Xp = —=— =5
122 1
Ta cé
o & 1_x1+x2_2k__gk
X; Xo X Xo -5 5
s 2 E L _E_ ¥
X, X2 XjXp -5 5
1 1 e 5 . 9 2 1
Vay — va — la nghiém cua phuong trinh x“ + —kx~-= =0 hay
xl X2 5 5

5x2+2kx-1=0

62



6. PHUONG TRINH QUY VE PHUONG TRINH BAC HAI

1.®Ta 6 (X +2P-9x+3=(2-x)2 +x)
X +4dx+4-9x +3=4-x*=>2x*-5x+3=0

Tacé:a+b+c=2+(-5)+3=0
Vay phuong trinh da cho ¢6 hai nghiém la: x; = 1, x2 =

2.(D)Ta co: x(x* - 6) - (x - 2)* = (x + 1)* + 4x
SR B — X +4x -4 =X+ +3x +1+4x =4 +Ix +5=0

Tacé:a—-b+c=4-9+5=0

£=§=1,5
a 2

c 5

Vay phuong trinh ¢6 hai nghiém la: x; = - 1, xp= - — = - 3
a

3®Tacé (x + 1 + 0,5x% = x(x* +151
o x° 4 3x%° +3x+1+05x =x° + 1,5x

@3,5){ + 1,5x+1=0-::>35x +156x+10=0
= (15)° - 4.35.10 =-1175 < 0. Vay phuong trinh da cho vé nghiém

4-©Ta co: X(x - 3) -1= LT *xgl (me = 12)

4 3
& 3x°-9-12=2x-6x-6=3x*+4x - 15 = 0
A =2"-3(-15) =
- _=2-7 35 & _—2+7_§
S T T
Nghiém cia phuong trinh da cho la : x; = -3 va x; = 5
X 2

(*)

X
5.©Tac6:x+1+x_1=x2¥1 .‘
PK: x # +1, MTC = (x + 1)(x - 1) = x>~ 1
Meoxx-D+xx+ D=2 -x+x+x-2=0
oAt i2=0exl-1=0ox’=1cx=41
Vay tap nghiém cta phuor. “rinh (*)1aS=1{-1; 1)

Nhu vay ban phuong da gidi sai tif buéc 2
9

5

e )

G.Tacé x+2 =510 (*)
PK:x#-2vax#5 MTC: 10(x + 2)(x - 5)

()= 20x-5)-50x+2)+9(x+2)x-5)=0
& 20x — 100 - 50x — 100 + 9x* - 27x - 90 = 0 & 9x* - 57x - 290 = 0

A = (= 57)2 = 4.9.(- 290) = 3249 + 10440 = 13689
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VA = V13689 = 117
57 +117 174 2 57-117 -60
xl = = = 9—; X2 = = =
18 18 3 18 18

Viay S = {—3% : 92}

=
3

3
7@'1‘306:x3+3x2—2x—6=0<:>x2{x+3)—2(x+3)=0

. _ XxX+3=0 Xx=-3 _ .
Sx+3)x-2)=0 2 — .VayS—l-3,tJ§I
x-2=0 x=d:\@

8.(C)Taco: 2x’ - 12x* + 18x =0 &> x’ - 6x* + 9x = 0 (¥)
Sx(x*-6x+9)=0x(x-32=0

x=0 x=0 x=0 x=0
< o, o = 3 =N
X -6x+9=0 x =3 (x-3)°=0 x=3

Vay S = {0 ; 3}
9®Tac6 5x! — 2x% + 16 = 22 — x° m5x—x~6 0 (1)
Batx =Y(PK:Y =0) (2)

1 e=5Y-Y-6=0
Giai phuong trinh nay, ta c6 nghiém la: Y, = -1 (loai), Y, =

6 ’ ,30 ,30
2 *a = 5 L o ¥ R
(2) = x z i .Vay S = { = i\E

lO.@ Tacé: 4x* - 19x + 11 =0 (¥)
e A=(-19"-4.4.11=185>0
= Phuong trinh (*) ¢6 hai nghiém phéan biét
* X;.Xg = L % > 0 = Hai nghiém cung ddu
a

X; +Xg = :;E 149 0= Ha1 nghiém déu duong

o

L —

* Ghinhd :
Néu phuong trinh ax’ + bx + x =0 (a #0) ¢6 hai nghiém x; va x,, ta co:

b ¢
S=x;+x;=-—,P=x1.x2= —
a a

e Néu P < 0va S < 0 thi hai nghiém khdc ddu va nghiém dm cé gid
tri tuyét déi lon hon nghiém duong

e Néu P <0 va S > 0 thi hai nghiém khdc ddu va nghiém duong c6
gid tri tuyét déi lon hon nghiém dm

e NéuP >0vasS <0 thi hai nghiém déu dm

e NéuP >0vaS8 >0 thi hai nghiém déu duong



7. GIAI BAI TOAN BANG CACH LAP PHUONG TRINH

1.(C) Goi ab 12 58 phai tim. PK: 1<a<9,0<b<9

Tacé: ab=10a+b va ba=10b+a
a+b=13 (1)

dé 1 6: 1 =13 - ;
Theo dé bai ta c {ab+34=10b+a ) < (1)eb a (3)

(2)«<=a(l3 -a)+34 =113 —a) +a
<> 13a-2a°+34=130-10a+a<a*-22a+96=0
Giai phuong trinh nay ta duge nghiém la: a;=16 (loai), az = 6 (nhén)
Khia=6,tt(3) =>b=13 -6 =7 (nhan)
Tra 1oi: Vay s6 phai tim 1a 67
2.@Gpi a(cm), b(em), c(cm) 14 d§ dai ba canh cia tam gidc vudng trong
dé a(em) 14 do dai canh huyén va cho b(em) > ¢(cm)
a+b+c=36 (1)

a? + b2 +c2 =450 (2)

Theo dinh ly pytago, ta ¢6 : a® = b® + ¢® (vi a 1a canh huyén)

(2) = 2a% = 450 < a’ = 225 < a = 15 (cm)

(1) >b+c¢c=36-15=21 (3)

(2) = b® + ¢® = 450 — 225 = 225 (4)

(4) = b + c® = (b + ¢)* - 2bc = 225 = be = [(b + ¢)* — 225] : 2 = 108

Ta c6: b + ¢ = 21 va bc = 108 nén b va ¢ 12 nghiém cia phuong

trinh X* - 21X + 108 = 0

Giadi phuong trinh nay ta duge : X; = 9 va X, = 12

Dodé b = 12cm, ¢ = 9cm

Tra loi: VAy dd dai ba canh cta tam gidc vuéng la: 9cm, 12cm, 15¢m
3.(B) Goi x(m) 1a khoang cach giita hai hang ngang (hang doc) lign tigp

PK: x > 0. So6 hang tréng doc 1a: l:_l) +1 (hang)

BK:a>b>c>0.Theodébaitac6:{

(Céng thém 1 vi hai canh AB va CD déu c6 trong dao)
S6 hang tréng ngang la: g +1 (hang)
X

Theo dé bai ta c6 phuong trinh:

(@ + 1)(3—2 4 1) =324 < 323x% - 172x - 4480 =0
X X .
o 5 1120 ;
Gii phuong trinh nay ta dugc : x; = 4 (nhén), x; = - 238 (loai)

Tra 16i: VAy khoang c4ch giita hai hang cdy lién tiép la 4m



4.© Goi x(km/h) la vdn téc cha 6td6 thi van toc cia xe dap la
x — 25 (km/h). DK: x > 25. Ta c6: 18 phiit =1% gid, 30 phut =% gids
Khi xe dap bdt ddu di & Bién Hoa vé Tp.Hé Chi Minh thi 6t6 chi
cdn cdch Bién Hoa 18km. Thoi gian 6t6 di 18km la: 1}? (h)

30
x - 25

Thai gian xe dap di tif Bién Hoa vé Tp.Hé Chi Minh la: (h)

Theo dé bai ta c6 phuong trinh: s 81 B
x 10 x 2 x-25
(MTC: 5x(x — 25)) < 4x° - 10x — 6000 = 0
Giai phuong trinh nay, ta dugce: x, = 40 (nhén), x; = -37,4 (loai)
Tra 1i: VAy van tdc cua 6td la 40km/h
5.(D)Goi x(giv) 1a thoi gian cia vdi thd nhdt mét minh chay ddy

bé va y(gid) 12 thoi gian ctia vdi thit hai mdt minh chay diy bé

PK:x>y>0
§+}2—r=25 x+y=>50 (1)
Theo dé bai ta c6 hé phuong trinh : 1 1 1 x+y#_1_(2)
'y v 1

(2) & xy=12(x + y) = 12.50 = 600
Ta ¢6: x + y = 50 va xy = 600 nén x va y la nghiém cia phuong
trinh: X* - 50X + 600 = 0
Giai phuong trinh ndy va dodox > y, ta c6: x = X, = 30, y = X3 =20
Tra 16i: — Mt minh vdi thir nhat chdy diy bé 1a 30 gio

— M6t minh vdi thi nhat chdy d4y bé 1a 20 gid

ON TAP CHUONG IV

I.@Parahol (P) di qua diém M(3; —4) nén toa d6 cia diém ndy nghiém

dﬁngy:af,tacé: 4=a3’>oa-= _%

Vay (P) 1a d6 thi cha hAm s6 y = —% x2

2.(A)Ta c6 M la giao diém hai d thi cia hai ham s8'y = ax” (1) va
y = — 3x + 1 (2) nén toa d9 ciia diém M nghiém ding (1) va (2)
Thay xy =-2vao (2)tacé :ym=(-3N-2)+1=7

Thay xm = -2, ym = 7 vao (1), tacé: 7 =a.(-2)* o a =

| =3
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3. ®Ta da biét nghiém cua phuong trinh x® — 2x = 0 (néu c6) 1a hoanh
dd giao diém hai d6 thi cia hai ham sdy = x* va y = 2x
Trén cung mot mat phang toa do ve (P) AY
do thi cuz hai ham sé trén
— Db thi clia ham s y = x* 1a parabol {P}
di qua cdc diém (-2: 4), (-1; 1), (0; 0), (1; 1),
(2: 4)

— Pd thi cia ham sé y = 2x la. Puong thing
di qua goc toa do va qua diém (1; 2)

* Nhan xét: Trén do thi ta thay (P)
va (D) cdt nhau tai hai diém
O(0; 0) va A(2; 4) (D)
Vay phuong trinh x® — 2x = 0 ¢6 ha' nghiém : x; = 0, x5 = 2
Nhu vay ban Tam da giai sai tir buée 1

4.®Tqa do giao diém (néu ¢6) cua (P) va (D) 1a nghiém cha hé phuong

triH}T:{y=ax 1 112) (1)va(2) s ax’=x+1oax*-x-1=0
y=Xx+ )

A=(-17-4dal-1)=1+4a
Néu (P) va (D) tiép xic nhauthiA=0hayl +4a=0¢ a =—i
5.(D)Ta ¢6: mx* ~ (4m — 1)x + 4m = 0 (m +0) (*
(a=m,b=-(4dm - 1), ¢ =4m)

A=[-@4m-1)*-4m4m=-8m + 1
A. Néu phuong trinh (*) ¢6 hai nghiém phén biét thi :

A=—8m+1>0@m<%
B. Néu phuong trinh (*) c6 nghiém kép thi :
A=-8m+1=0< m=%.Lﬁcnaytacé:

C. Néu phuong trinh (*) vo nghitmthi :A=-8m +1<0 < m> —;-

6©Tacé:
xX-2m-3)x-2m=0(a=1,b=-2(m - 3), ¢ =-2m) (*)
A =[-m-371-1(2m)
=m’-4m + 9 =(m -2 +5>0 véi moi m
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Vay phuong trinh (*) ¢6 nghiém véi moi m

xl.]..xz_,wh_g_(_tlll_@_z -6

Do d6: _ .,
Xq X —5='—2-‘5=-2m

Ta ¢6: x;x2 = 2(Xy + Xx2) hay - 2m = 2(2m - 6)
o-2m=4m-126m=12 < m =2
7.Ta c6:3x° +8x+5=0

b 8
; X; + X9 = — —=—§
A'=4%-35=1>0. Do dé: ;
¥ C
X2 =773
2
2 2 8 64 10 34 1
To SR 42 gl (5] -23=5-3-3-%

Vay x2 + x2 =3%

2x—1 2x -3 1 _ "
8®Tc6 g w0 )
DK.xatl,xatZ.MTC-—-ﬁ(x—1)(x-2)
(Meo62x-1)x-2)-62x-3)Nx-1)+(x-1Xx-2)=0
B2 -5x+2)-6(2x°-b5x+3)+ (xX>-3x+2) =
.¢:>12x2-30x+12—12x2+30x—18+x2-3x+2=0
axz—ax—4=0.Tac6:a—b+c=1—(3}+(4)

Phuong trinh ¢6 hai nghiém x, = -1, x;= -5 =4. Vay S = |- 1; 4)
a

9.(C) Goi x(cm) va y(cm) theo thit tyf 1a chibu dai va chidu rong cia hinh
chitnhat. PK: x >y > 0.
. X+y=43
Theo dé bai ta ¢6 : {xy - b
Nhu véy x va y 1a nghiém ctia phuong trinh: X% — 43X + 450 = 0
Gidi phuong trinh nay ta duge: X, = 25, X; = 18
Két hop vé6i diéu kién x > ynén x = 25, y = 18
Tra 181 : Vay cédc canh cia hinh chir nhat 14 25¢cm va 18cm
10{D) Goi a(cm) va blcm) 12 d dai hai canh géc vudng cla tam giéc vudng
PK:0<a,b<13 |
Dién tich cua tam gidc vudng 14 :

S= %ab =30 {cmz}lzb ab = 60 (cm?) (1)
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Theo dinh ly pytago ta c6: a® + b® = 13% = 169
Ta cé : (a+ by’ =a’ + b® + 2ab = 169 + 2.60 = 289
>a+b=17(via,b>0) (2)
(1) va (2) = a va b la nghiém cua phuong trinh: X* - 17X + 60 = 0
Giai phudgng trinh nay ta duge: X, = 5, X, = 12
Tra l&i: Vay hai canh géc vuéng cha tam giac vuéng la: S5cm va
12cm
BT I o ——  rr———————
2xkm (171 - 2x)km
Goi x(tkm/h) la van téc luc dau cua xe motod
PK: 0 < x <855
Quang duong moto di duge trong 2 giy dau 12 2x(km)
Quang dudng con lai : (171 - 2x)km ‘
Moéto da di véi van tée (x + 7)km/h nén thoi gian moétd di hét

quang dudng nay la : il (gid)
X+ 7

Tu B vé A m6tod da di véi van tde (x + 8)km/h nén thai gian méto di

hét quang dudng BA la: i
X+8

(gi). Theo dé bai ta cé phuong

trinh: [2+‘11—+13~1_—2EJ+(£+ it ]= 10+l
2 x+7 2 x+8 2
o 2L ATL 15 | 10x% _ 497x - 4290 = 0
-x+7 x+8 2
Giai phuong trinh nay ta duge : x; = 30 (nhan), x; = 7,5 (loai)
Tra 16i : VAay van téc lie ddu cia motd 1a 30km/h
12.@ Goi x(lit) 1a s6 nuéc voi chay vao bé trong 1 gidy

PK:x>0

Thot gian vdi nuéc mudn chdy day bé 1a : 20 (gidy)
X

Néu mdi gidy, vdi chdy thém 1 lit nudc thi thai gian vdi chdy ddy bé

270 |, .
la: —— (gia
x+1 (gidy)

Theo dé bai ta c6 phuong trinh: L =45¢:§- s =1
X x+1 X x+1

S6x+1)-6x=xx+Deox*+x-6=0
Giai phuong trinh nay ta dugc : x; = 2 (nhén), x; = -3 (loai)
Tra 10i: VAy trong moi gidy, vdi chdy duge 2 lit nuée
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PHAN HINH HQC

CHUONG I11. GOC V31 BUGNG TRON

Vin dé 1. GOC G TAM, SO PO GOC
A. KIEN THUC CAN NHG

'] Goc & tam .
Dinh nghia: G6c ¢6 dinh trung véi tam L -
dudng tron dugc goi la géc d tam. D

AOB = a 1a géec & tam chén cung AB

e Cung AB ki hiéu la AB

e V6i O° < a < 180° thi cung AmB nim trong géc AOB duoc goi 1a

“cung nhd” va cung AnB nam ngoai AOB duoc goi 1a “cung 16n”
e Cung nim trong géc goi la cung bi chin
V6i o = 180° thi méi cung AB 12 mdt nia dudng tron
E] Sé do cung
Dinh nghia:
— 86 do ctia cung nhé bang s6 do cia géc & tAm chdn cung dé.
— S8 do cha cung 16n biing hiéu gitta 360° va s8 do cia cung nhé (c6

chung hai mit véi cung 16n) .
— S6 do ctia nifa dudng tron biang 180°,
S§ do cua cung AB, ki hiéu 1a sd AB, ta cé: 9 B

¢ sdAmB = sdAOB = a
 sdAnB = 360° - sdAmB
* Chuy: B
- Cung nhé co s6 do nhé hon 180°
Cung lon c6 sé do lon hon 180°
El So sanh hai cung
Trong mét dudng tron hay hai dudng tron bing nhau :
— Hai cung duge goi 1a bing nhau néu ching ¢6 sd do bing nhau.
—~ Trong hai cung, cung nao c6 sd do l6n hon duge goi 1a cung 16n hon.

|sdAB = sdCD < AB = CD
sdAB > sdCD < AB > CD

A D
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4] Khinao thi sd AB = sdAC + saCB ?

Dinh li:
Neéu € la mot diém nadm trén cung AB thi sdAB = sdAC + sdCB

B. BAITAP

. Trén dugng tron (O) 1ay hai diém A va B sao cho AOB = 80°. V& day

AM vuang goc vai ban kinh OB tai H. S6 do cung nho AM béang:

A, 80" B. 100° C. 140° D. 160°

. Cho duong tron (O; R) va day AB=RJ2. S do cua cung nhé AB
bang:
A. 60 B. 90" C. 100° D. 120°

. Cho duong tron (O; R) va day AB = RV3. S6 do cia cung nhé AB
bang:
A. 90° B.110° C. 120° D. 160°

. Trén duong tron (O; R) lay cung AB ¢6 sé do 100°. Vé ban kinh OC

song song va cung chiéu véi day AB.
Khing dinh nao sau day dung?

A. AC la duong phan gidc cua géc OAB
B. S6 do cua cung nho AC bang 140°
C. S0 do cua cung l6n AC bing 220°
D. A), B), C) déu ding

. Cho tam gidc ABC c6 A = 60° néi tiép dudng tron tam O. S¢ do cla

cung nho BC béng:
A. 120° B. 136° C. 140° D. 148°

. Cho tam gidc ABC c6 géc A = 80° ngoai tiép dudng tron tadm I, dudng

tron nay cit IB va IC theo thi tu tai E va F. S6 do cia cung nhé EF
bing:
A. 100° B. 130° C. 138° D. 145°

. Cho dudng tron (O ; R) va diém P sao cho OP = 2R. Pudng tron tam I

dudrng kinh OP cdt dudng tron (O) tai A va B
bung ghi D, sai ghi S vao 6 trong :

Piém I thudc dudng tron (O)

. :] PA va PB la tiép tuyén cua duong tron O
.[_] 86 do géc 6 tam AOB bang 140°

.[] 86 do cung nhé AB bing 140°

Tawp
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8. Cho dudng tron (O; 6cm) dudng kinh AB. Trén ban kinh OC vudng géc
véi AB lay diém D sao cho OD = 2J3cm. Tia AD cét (O) tai M. S5 do
cGa cung nhé BM béng:

A. 30° B. 45° C. 50° D. 60°

9. Trén dudng trdn (O ; 5cm) 14y ba cung lién tiép AB, BC, CD sao cho

SAAB = 60°, SABC = 140°, SA4CD = 70°. Tinh dé dai day AD

A. 3v/2cm B. 4V/3cm
C. 5V/2cm D. A), B), C) déu sai

10. Trén dudng tron (0) 14y cung AB sé do biang 130° va cung AD nhan B
lam diém chinh giita. Cung CB nhén A lam diém chinh gitta..S& do cha
cung nhé CD béang :

A. 30° B. 45° C. 60° D. 90°
DAP AN
Bai | 1 2 3 4 5 6 7 8 9 | 10

Cau | D B C D A B x D C A

Vé&n @é 2. LIEN HE GIUA CUNG VA DAY
A. KIEN THUC CAN NHO

% Dinh I 1:
Vé6i hai cung nho trong mot dudng tron hay
hai dudng trdon bing nhau :
a) Hai cung bing nhau cing hai diy bing nhau.
b) Hai day biing nhau cing hai cung bing nhau.
AB =CD © AB=CD
& Dinh ly 2: |
Vé6i hai cung nho trong mdt dudng tron hay
hai dudng trdon bang nhau :
a) Cung 16n hon cing day 16n hon.
b) D4y 16n hon cidng cung 16n hon. A
AB > CD < AB > CD

S
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R. RAITAP

. Cho dudng tron (O; R) duong kinh AB. Vé hai diay song song AC va

BD. Goi H va K theo thi tu la hinh chiéu cua O trén AC va BD.

Khang dinh nao sau day dung?

A. Ba diém C, O, D thing hang B. AC = BD

C.OH = OK D. A), B), C) déu diing

Trén duong tron (0) lay bon diém A, B, C, D theo thu tuw doé sao
cho SAAB = 60°, SABC = 90°, SACD = 120°. Dung gia thiét nay

dé chon cau tra li dung trong cdc bai 2, 3, 4, 5, 6.

2. S6 do cung nhé AD bing:

A. 60° B. 90° C. 100° D. 110°
3. Goi H 1a hinh chiéu cia O trén day AB. D3 dai OH bang:

A. ~R2£ B. 53‘@ C.3RVZ _ D.2R3
4. Goi K la hinh chiéu ctiia O trén CD. D6 dai OK bang:

A. RJ2 B. RJ3 C. % D. %
5. Khéng dinh nao sau day sai?

A.AB =R B. BC = RJ2

C. CD=RV3 D. A), B) ding; C) sai
6. Khing dinh nao sau day sai?

A.AB// CD B. HK:%(J?ZH)

C. SABCD = -"‘4-' (2 + \/5) D. AJ, B) dl]ng, C) Sﬂi

8.

. Cho tam gidc ABC c6 B> C. Trén canh AC 1dy AD = AB. Goi O Ia

tam dudng tron ngoai ti€p tam gidac BCD. M va N theo thy tu 1a hinh
chiéu cta O trén BC va CD. Hay so sanh OM va ON.

A.OM = ON B. OM < ON C.OM > ON

Cho dudng tron (O) va day AB. Trén ddy AB l4y hai diém M va N sao
cho AM = MN = NB. Céc ban kinh di qua M va N cdt cung nhé AB
theo thu tu tai C va D, AMN la tam gidc gi?

A. Tam gidc cdn B. Tam gidc vudng

C. Tam gi4c vudng cdn . D. Tam gi4c déu
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9. Véi gia thiét ¢ bai 8.
Khiang dinh nao sau day dung?
A.AB // CD B. ACDB la hinh thang can
C. AD =CB D. A), B) ding ; C) sai
10. V6i gia thist & bai 8.
Khéng dinh nao sau day dung ?

_A.E?)}é—lj B. BD = CD C. BD<CD
DAP AN
(Bai | 1 [ 2 (3|4 5678910
caw!D|B|A{c|D[Cc|[B|]A]|D]|C
Vin dé 3. GOC NOI TIEP
GOC TAO BGI TIEP TUYEN VA DAY CUNG
A. KIEN THUC CAN NHO

EI Pinh nghia

Géce noi tiép la gée ¢6 dinh ndm trén dudng tron va hai canh chia
i hai day cung ctia dudng tron dé.
{ *- Cung nim bén trong géc noi tiép duoc goi 1a cung bi chén.

A
/‘ /"\ C
B
B

m

BAC 1a géc ndi tiép BmC la cung bi chdn
[2] Binh 1y:

Trong mdt dudng tron, sd do géc ndi tié€p bang nira s§ do cia cung
bi chdn sd BAC = -;-sd BC

EI Hé qua:
Trong mdt duaong tron:

a) Cdc goc néi tiép bdng nhau chdn cde cung bdng nhau

b) Cdc géc néi tiép cing chdn mot cung hode chdn cdc cung bdng nhau
thi bang nhau
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' . e - DR o . N s 1
| e) Géc néi tiép (nhé hon hodc bang 90°) co sé do bdng niia sé do cia

goc d tdm cung chdn mét cung
d) Goc néi tiép chdn nua duong tron la goc vuéng.

BAC - -;- BOC BC 1a dudng kinh <> BAC = 90°

Goc tao béi tiép tuyén va day cung

& Dinh nghia:
Puong thdng xy tiép xic vdi duang tron (0) tai tiép diém A. Géc tao
bdi tia Ax (hodc Ay) vdi déy cung AB dugc goi la goc tao bdi tia tiép
tuyén va ddy cung.(Cung tron ndm trong g ‘c la cung bi chdn)

¢ Dinh ly:
S6 do cia goc tao bdi tia tiép tuyén va ddy cung bdng nia sé do clia
cung bi chdn.

B

o 0

A e B
sdm=—;—sd.ﬁ=900 sdﬁx=%sd'§ saé‘i&:%sa.ﬁ
& Hé qua:

Trong mét duong tron goéc tao bdi tia tiép tuyén va ddy cung va goéc
néi tiép cung chdn mét cung thi bdng nhau BAx = ACB
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B. BRAITAP

. Trén nda dudng tron tdm O dudng kinh AB, lay di€ém M sao cho

AM = %FB Tinh céc géc cia tam gidc AMB.

A. M =90° A =60° B =30° B. M =90°, A =70°, B = 20°
C. M=90°,A=72°,B=18°  D. Mot két qua khéc

Cho tam gidc ABC vudng tai A ¢6 B = 30° ndi tiép dudng tron (O), tiép
tuyén cha (O) tai C cdt ti€p tuyén tai A & D. S6 do géc ADC béng:

A. 100° B. 120° C. 125° D. 140°

= W

. Cho tam gidc nhon ABC ndi tiép duong tron (O), vé day AE vudng géc

voi BC tai H, goi D 1a diém d6i tAm cia A va M 12 diém chinh gida
cua cung nhé DE. '

Khing dinh nao sau day ding?

A.ED // BC

B. ABC = ADC

C. AM la tia phan gidc cua géc BAC

D. A), B), C) déu diang '

Cho dudng tron (O; 10cm) dudng kinh AB. Vé diy AM cing cung 80°.
Tié€p tuyén cha (O) tai A cit tia BM ¢ C. Tinh chu vi cia tam giac ABC
(lam trdn két qua dén chit sd thap phén thd hai)

A. 62,89cm B. 65,18cm C. 70,95cm D. 72,89cm

. Cho tam gidc ABC néi tiép dudng tron (0). Goi M 1a diém chinh gida

cua cung nhd AC. Vé day AD vudng géc véi AM tai H va cdt day BC
tai K. Tam gidc ABK la tam gidc gi?

A. Tam gidc vudng B. Tam gidc déu

C. Tam giéac cln D. Tam gidc vudng cén

. Cho tam gidc ABC ndi ti€p dudng tron (O ; R) sao cho diy AB cang

cung c6 s6 do 120°. Goi D la diém chinh gilta cha cung nho AB, vé
dudmng tron (D ; R’) v6i R’ < R cit hai day, DA va DB l4n lugt tai P va
Q. I 12 diém tuy ¥ trén cung l6n PQ. Hay so sanh hai géc ACB va PIQ
A. ACB < PIQ B. ACB=PIQ C. ACB>PIQ



7. Cho hai dudng tron (O) va (O’) tiép xuc ngoai tai A. Vé hai bdn kinh
OM a O'N song song cung chiéu. Tam giac MAN la tam giac gi?
A. Tim giac can B. Tam gidc déu
C. Tum gidc vuong D. Tam gidc vuéng cin

8. Cho tam gidc ABC c6 A > 90°, C = 20° dudng cao BH va dudng trung
tuyéx AM. V& dudng tron (O) ngoai tiép tam giac MCH. Tinh sé do cta

cung nho MC.
A. 4(° B. 60°
C. &° ; D. Mot két qua khac

9. Cho 1tfa duong tron (O ; R) dubng kinh AB, vé day AM = R. Tiép tuyén
cua ‘O) tai B va M cdt nhau o P. Goi I la giao diém cua OP va nia
dudng tron.

Khiig dinh nao sau day sai?
A. APMB la tam gidc déu -
B. I a4 tam dudng tron qua bon diém B, P, M, O
C. Ml // AB
D. A, B) ding; C) sai
10. Védigia thiét ¢ bai 9. Hay tinh theo R dién tich t& gidc OMPB.

A RV3 B. R25 C. ?—P‘BQ D. 3Ri‘/§
DAP AN
Bai | 1 | 2 | 3] 4] 5[ e[ 71879110

Cau | C B D A C B C A D A
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Vin dé 4.
Goc c6 DiNH G BEN TRONG DUONG TRON.
Goc cO BiNH G BEN NGOAI BUGNG TRON.
CUNG CH'/A GOC

A (EN THUC CAN NHO

|i| Géc c6 dinh & bén trong dudng tron
Dinh ly: |
Sé do ciia géc cé dinh & bén trong ducong tron bdng
nia téng sé do cia hai cung bi chdn.

AMC = %(sdm+sdﬁ))

[2] Géc cé dinh & ben ngoai duang tron
Pinh ly
S6 do cia goc c6 dinh & bén ngoai dudong tron bdng nia hiéu s6 do
ctia hai cung bi chdn.

B ;( a8nD - saAme) - ~(sdBnC sdAmt) %(sdBmC sqBiC)
<+ Cung chwa géc
% Dinh ly:
Tap hgp nhling di€m M sao cho AMB = a khéng d8i véi A va B
c6 dinh la cung chiia géc a dyng trén doan AB.
A, B ¢6 dinh
{m (khong déi)

= Tép hop nhitng di€ém M 13 hai cung chia géc a dung trén doan
AB

LY
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* Chuy
—~ Hai cung chita géc a néi trén la hai cung tron doi xing vai nhau
qua AB.
— Hai diém A va B duoc coi la thuéc quy tich.
— Qujy tich (tdp hop) cdc diém nhin doan AB cho trude dudi mét géc
vuéng la duong tron duong kinh AB.
% Cach vé cung chia goéc
bé vé cung chia géc AMB = o dung trén doan
thing AB ta thuc hién cdc budc sau :
~ Vé tia Ax hop vai doan AB mét goc BAX = o ;
~ Ve tia Ay vubng goc vdi Ax ;
~ Ve (d) la duong trung true cia AB.
Goi O la giao diém cua Ay va (d) thi O la
tam dudmg tron chia cung AMB (AMB = ).
Ta c6 thé vé hai cung d&i ximg nhau qua AB.

B. RAITAP

. Trén dubng tron (O) 14y ba cung lién ti€p AB = BC = CD sao cho s6 do
cha ching déu bang 50°. Goi I 1a giao diém cua hai tia AB va DC, H 1a
giao diém cua hai day AC va BD.

Khéing dinh nao sau day sai?

A. AHD = 140° B. AIC = 80°
C. AIAB la tam gidc cdn D. Chi c6 A) sai
. Véi gia thiét ¢ bai 1.
A. AHBC la tam gidc can B. AIBC la tam gidc can

C. IH la.duong trung truc cia diy BC D. A), B), C) déu diing

. V6i gi thiét & bai 1. T gide ABCD 1a hinh gi?
A. Hinh thang B. Hinh thang cén
C. Hinh thang vuéng D. A), B), C) déu sai

. Cho nira dudng tron tdm O dudng kinh AB, C 1a diém tuy y trén nda
dudng tron. Tiép tuyén cia (O) tai A cdt tia BC tai D. Tia phan gidc
cua géc BAC cdt day BC tai M va cung BC tai N. ADAM la tam gidc

gi?
A. Tam gidc vudng B. Tam gidc vuéng cén
C. Tam gidc cdn D. Tam gidc déu
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5. V6i dé bai 4, goi H la giao diém cta tia phdn gidc cia géc ADM va day
AC. X4c dinh vi tri cia H trong ADAM.
A.H la trong tAm B. H la truc tdm
C. H 1a tdm dudng tron noi tiép D.H 14 tAm dudng tron ngoai tiép
6. X6t bai toan : “Dung cung chifa goc 40° trén doan thing AB = 5cm”
Hay sdp x€p mdt cach hop li cdc cdu sau dé dugc 1oi gidi cha bai toan
trén
a) Dung dudng trung truc d ciia AB, cidt Ay tai O
b) Dung cung tron AmB tdm O ban kinh OA. P6 la cung chua
g6c 40° cdn dung
¢) Dung BAx = 40°
d) Dung tia Ay 1 Ax
e) Dung AB = 5cm
Sép xép nao sau day hop i :
A.a), b), ¢), d); e)
B. e), b), ¢), d), b)
C.c), e), d), a), b)
D. e), ¢), d), a), b)
7. Cho dudng trdn tdm O va day AB. Goi M la trung diém cia diy AB.
Cho A ¢é dinh. B di dong trén (O). Héi M di déng trén dudng nao?
A. Pudng thing AM
B. Dudng tron tdm O bdn kinh OM
C. Puong tron duong kinh OA
D. A), B), C) déu sai
8. Cho tam gidc ABC c6 A = 80° ndi tiép dudng tron (0), kéo dai BA mot
doan AD = AC. Cho BC c¢§ dinh, A di déng trén cung chia géc 80°
thudc (O) thi D di dong trén dudng nao?
A. PBudng tron tdm C, ban kinh CD
B. Cung chda géc 40° vé trén BC cung phia v6i cung BAC
C. Hai cung chita géc 40° vé trén BC va déi xing nhau qua BC
D. DPudng tron dudng kinh BC
9. Cho AABC c6 A =60° ndi tiép dudng trdn tdm O. Goi H va [ theo thi
ty 1a tryc tdm va tAm dudng tron ndi tiép cia AABC. Héi ba diém O, I,
H thu¢c du¥ng nao sau day?
A. Pudng thdng song song vé6i canh BC
B. Dudng tron tdm A ban kinh AO
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C. Pubdng tron duong kinh BC
D. Cung chua géc 120° vé trén canh BC
10. Cho tam gidac ABC vuéng tai A ndi tiép dudng tron tdm O. Goi I 1a
" tam dudng trdn ndi tiép AABC. Néu cho BC ¢d dinh, A di dong trén
(0) thi khdng dinh nao sau diy dung?
A.Khi A di dong trén (O) thi I di déng trén hai cung chia géc
135° ve trén BC
B. Khi A di dong trén (O) thi Al bao gi¢ cing di qua mdt diém
c6 dinh trén (O)
C. A), B) déu ding
D. A) dung ; B) sai

Bai 1 2 3 4 5 6 8 9 10
Cau | A D B C B D C B D C

-]

Vin 88 5. TU GIAC NI TIEP - amrmolu NGOAI TIEP

PUOGNG TRON NI TIEP
H. NIEN THUC CAN NHO

1] Pinh nghia
Mot t gidc c¢6 bén dinh ndm trén dudng tron duge goi 1a tif gide noi
tiép dudng tron (goi tdt 1a t gidc ndi tiép).
[2]Binh i
a) DPinh li thuin
Trong mét tif gidc ndi ti€p, téng s6 do hai géc d8i dién bing 180°.
b) Dinh Iy dio
Néu mét td gidc c6 tdng s6 do hai géc d6i dién
bing 180° thi tu gidc d6 ndi ti€p duge dudng tron. B
T gidc ABCD A+C =180 A
[nﬁi ti€p duge J al B8 +D = 180°
B C
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a)

b)

c)

d)

1)

2)

Iil D4u hiéu nhén bié’t tr gidc ndi tiép

Tu gidc c6 tdng hai géc d6i dién bing 180° D
A+C=180°C
T gidc c6 gbc ngoai tai mdt dinh
béng géc trong cia dinh déi dién.
C
BCx = BAD

T gidc ¢6 bén dinh cach déu mot diém
(ma ta c6 thé xdc dinh duge), diém d6
1a tdm dudng tron ngoai ti€p tu gidc.

Té gide ¢6 hai dinh ké nhau cung nhin
canh chifa hai dinh con lai duéi mét géc a.

DUOUNG TRON NGOAI TIEP - DUGNG TRON N()I TIEP
Dinh nghia:

Néu ¢6 mot dutmg tron di qua tdt cd cde dinh
cua mdt da gidc dugc goi 1a dudng tron ngoai
tiép da gidc va da gidc dé duge goi la da gidc
ndi tiép dudng tron. D
Pudng tron ti€p xic véi tdt cd cdc canh cia B
mdt da gidc dugc goi 1a dudng tron néi tiép da

gidc va da gidc d6 dugc goi l1a da gidc ngoai

tiép dudng tron.

Dinh ly: C

B4t ky da gidc déu nao cang c6 mot va chi mot dudong tron ngoai
ti€p, c6 mot va chi mdt dudng tron noi tiép.

A
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Hé qua:

, D
B C C
Hinh 1 Hinh 2 Hinh 3
Hinh I Tam giac déu noi tiép duong tron (O; R) = Canh cta tam
gidc déu biing R/3. |
Hinh 2 Hinh vubéng noéi tiép duong tron (O ; R)
= Canh cta hinh vuéng biing RVZ.
Hinh 3 Luc giac déu ndi tiép dudng tron (O; R) = Canh caa luc
gidc'déu bang R.

E

R. RAITAP

. Cdc hinh nao sau day néi tiép dusng tron?

A. Hinh thang, hinh chir nhat

B. Hinh thang can, hinh binh hanh

C. Hinh thoi, hinh vuéng

D. Hinh thang can, hinh chit nhéat, hinh vuéng

. Tu giac MNPQ c6 M = 75° noi tiép duong trdn (0). S§ do cua goc P
bang:

A. 105° B. 110° G. 115° D. 125°

. Cho tam giac nhon ABC. Pudng tron dudng kinh BC cdt AB va AC
theo thu ti tai D va E. Goi H 1a giao diém cia BE va CD, tia AH cit
BC tai F. S6 tu gidc noi tiép duge dutng trdn c6 trong hinh veé la:

A. 4 t giadc B. 6 tu gidc C. 7 ta gidc D. 8 tur gidc

. Vdi gia thidt ¢ bai 3. Hay xéc dinh vi tri cia diém H trong ADEF.

Khing dinh nio sau day ding?

A.H 1a trong tam B. H 1a truc tAm

C. H 1a tam dudng tron noéi tiép D.H 14 tdm dudng trdn ngoai tiép
. Véi gia thiét ¢ bai 3. Khdng dinh nao sau day dung?

A. AAED ~ AABC B. AD.AB = AE.AC

C. A) va B) déu ding D. Chi ¢6 A) dung
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6.

7.

Cho tam gidc ABC vudng tai A, dudng caoc AH ni ti€p dudng tron
(O; R). Goi I va K la theo thd tu 1a diém d6i xing cia H qua hai canh
AB va AC.

Khing dinh nao sau diy ding?

A. T\ gidc AHBI néi ti€p dudng tron dudng kinh AB

B. T\t gidc AHCK ndi ti€p dudng tron dudng kinh AC

C. Ba diém I, A, K thdng hang

D. A), B), C) déu ding

V6i gid thiét & bai 6.

Ping ghi B, sai ghi S vao 6 trong:

A.| [Dudng tron dudng kinh IK di qua H

B.[ |BC 1a tiép tuy&n ctia dudng tron dutng kinh IK

c.[ ]Br+CK=R

D.[ |BICK = R?

Cho lyc gidc déu ABCDEF ndi iié€p dutmg tron (O; 12cm)

Puing ghi D, sai ghi S vao 4 tréng:

A.[ | SAAB = SABC = SdCD = SADE = SAEF = SdFA = 30°

- B.[_]A, 0, D thdng hang

C.[ ] AACE 1a tam gi4c déu

D.| | Sascoer = 3R%J3

Cho hinh vuéng ABCD néi tiép dudng tron (O; R). P dai canh hinh
vudng biing:

A.-g- B. RV2

c. B2 p, V3
2 4

10. Dién vao chd trdng (..) dé dugc khdng dinh ding:

Pa gidc déu ndi Tinh theo R
ti€p dudng tron | Do dai canh Khodng cédch tir O dén canh
(O; R)

A. Lucgidcddu | e |,

B. Hinhvubng | ... R SRR ——

C.Tamgidc d8u | e | e

Bai 1 2 3 4 5 10
Cau | D A B C C D x X B x

<N
w0




Vin dé 6. D) DAI PUGNG TRON, CUNG TRON

DIEN TiCH HiNH TRON, HiNH QUAT TRON
A KIEN THUC CAN NHO

Xét hinh tron tdam O - Céng thuc tinh

e Chu vi dudng tron

C=2zR =nd
s B :bén kinh « D) dai cung tron n°
. : dudng kinh (d = 2R) l= .0
180

: d dai (chu vi) dudng tron

: dién tich hinh tron

¢ Hinh quat tron 12 mét phin cia
hinh tron gidi han bdi mét cung
tron va hai ban kinh di qua hai mqt |* Dién tich hinh quat tron :

cta cung dé (hinh ¢6 gach soc S nR’n boy B LR
360 2

R
d
e | :d6dai cung n’
C
B

e Dién tich hinh trdn S = nR?

R. BAITAP

1. Hay dién s6 thich hgp vao 6 trong trong bang (lam tron két qua do dai
dén chit s6 thap phan thd nhat va géc dén dg, s6 n = 3,14)

Béan kinh R 18cm 15,5cm
S§ do caa cung trdn (n°) 90° 100°
b6 dai cung (1) 36,5cm 21,4cm

2. Cho dutmg tron (O; 8cm) va day AB cang cung c6 s3 do 120° (n = 3,14)
Khing dinh nao sau ddy ding?
A. Chu vi caa dudng tron (O) 1a 56,24cm
B. Dién tich hinh tron (0) 1a 210,96cm*
C. b6 dai cung nh6 AB la 18,75cm
D. A), B), C) déu sai |
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3. Véi gia thiét ¢ bai 2. Dién tich hinh quat tron AOB bing: (LAm tron
két qua dén chit s6 hang don vi, n = 3,14)

A. 67cm? B. 79c¢m’ C. 82cm® D. 84cm®

4. Véi gia thiét & bai 2. Dién tich hinh vién phan gi¢i han béi hinh quat
tron AOB va day AB béng : (Lam tron két qué dén chir s6 hang don vi,
V3 =1,73)

A. 31cm® B. 36cm? C. 39cm? D. 45cm?

5. Cho hai dudng tron déng tdm (O; 8cm) va (O; 5¢cm). Hai ban kinh OM,
ON cia dudong tron 16n cdt dudng tron nho tai E va F. Cho biét géc
MON = 100°. Dién tich hinh vanh khan (hinh giéi han béi hai duong
tron) bang : (Lam tron két qua dén chif s6 thap phan thia nhat)

A. 119 5cm® B. 122,5¢cm” C. 128,4cm” D. 132,6cm®

6. Vé6i gia thiét ¢ bai 5. Tinh dién tich hinh giéi han béi hai cung nho EF
va MN ? (Lam tron két qua dén chir sd thap phan thi hai).
A. 38,54cm” B. 40,62cm”

C. 41,56¢m* . D. Mot két qua khéc

7. Cho dudng tron (O; R) vé hai ban kinh OA va OB vuéng géc véi nhau,

~ ti€p tuyén cta (O) tai A v B cidt nhau tai T. Tinh theo R dién tich
hinh gidi han béi hai tié€p tuyén TA, TB va cung nhé AB.

2 . 2
A.—I}M—n) B. RT(n-s)
R2
C. T(Tﬂ: +1) D. A}, B), C) déu sail

8. Cho hai dudng trdn (O; 6cm) va (O’; 2em) ti€p xuc ngoai tai A, BC la
tiép tuyén chung ngoai, B € (0), C € (O’). Tinh s6 do caa cdc géc AOB
va AQ'C
Khédng dinh nao sau day diung?

A. AOB = 45°, AO'C = 135° B. AOB = 50°, AO'C = 130°
C. AOB = 60°, AO'C = 120° D. Mot két qua khac

9. Vi gia thiét ¢ bai 8. Tinh ti sé dién tich cia hai hinh quat tron AQ'C
va AOB. Khing dinh nao sau day ding?

Al R C.
6 . 9

D.

oo | co
o b
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10. Véi gia thiét ¢ bai 8. Tinh dién tich
hinh cé gach soc. (Xem hinh vé)
Khéng dinh nao sau day dung?
A. 3,55¢cm?

B. 3,89cm®
C. 4,15cm? A
D. 4,65cm’ B

Bai 1 2 3 4 5 | 6

=
oo
o]
o

Cau x D A C B D A C B D

ON TAP CHUONG 11l
A. TOM TAT KIEN THUC CAN NHO

L]
L

1)

2)

3)

4)

5)

6)

7)

Cac dinh nghia

Go6c d tam la géc c¢6 dinh trung véi tdm dudng tron.

a) S0 do cua cung nhd bing s6 do cia gée & tAm chén cung dé.

b) S6 do ciia cung 16n bing hiéu gitra 360" va s do cua cung nhé.

¢) S6 do cia nira dudng tron bang 180°.

Go6c ndi tiép 1a géc ¢6 dinh ndm trén dudng trdn va hai canh chda
hai day cua dudng tron dé.

Géc tao bdi tia tiép tuyén va day cung 1a géc c6 dinh tai tiép diém,
mot canh 14 tia tiép tuyén va canh kia chifa day cung. )
T\t gidc ndi tiép dudng tron 14 ti giae c6 bon dinh ndm trén mot dudong
tron.

Pudng tron di qua tat ca cde dinh cia mot da gidce goi 1a dudng tron
ngoai tiép da gidac va da gidc dugc goi 1a da gidc ndi tiép dudng
tron. |

Pudng tron tiép. xic vdi tat ca cdc canh cia mot da gidc duge goi la
dutmg tron noi tiép da gidc va da gidc duge goi 1a da gidc ngoai tiép
dudng tron. -

Cac dinh ly

Néu C 1a diém nim trén cung AB thi sd AB = sd AC + sd CB.

-
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2)
3)
| X
5)

6)

7

8)
9)

Vé6i hai cung nhé trong mét dudng tron, hai cung bing nhau cang
hai day b&ng nhau va nguoc lai.

Vé6i hai cung nho trong mét dudng tron, cung lén hon cang day lén
hon va ngugc lai.

Trong mdt dubmg trdn, hai cung bi chén giifa hai day song song thi bang
nhau. .

Trong mét dudng tron, duong kinh di qua diém chinh giita cia mot
cung thi di qua trung diém cua déy cing cung 4y.

Trong mét dudng tron, dudng kinh di qua trung diém cia mot day
cung (khdéng phai la dudng kinh) thi chia cung cang didy dy thanh
hai cung bing nhau.

Trong mét dudng tron, dudng kinh di qua diém chinh giita ctia mot
cung thi vudng géc v6i diy cang cung 4y va nguge lai.

S8 do cta g6c ndi tiép bing nita s6 do ciia cung bi chén.

S& do cua gbc tao bdi tia tiép tuyén va diy cung bing nia sé do cia
cung bi chin.

10) Trong mot dudng tron :

a) Cédc géc ndi ti€p bing nhau chidn cdc cung biing nhau.

b) Céc géc néi tiép cung chdn mot cung thi bing nhau.

c) Cdc géc noi ti€p chdn cdc cung bang nhau thi bing nhau.

d) Géc ndi tiép nhod hon hosic bing 90° ¢6 s6 do biing nia s§ do cia
géc ¢ tAm cung chdn mét cung.

e) Géc noi tiép chin nifa dudng tron 1a géc vuéng va ngude lai, gée
vudng ndi tiép thi chdn nia dudng tron.

g) Gé6c tao bdi tia tiép tuyén va diy cung va goéc ndi ti€p cung chidn
mot cung thi bing nhau.

11) S6 do cta géc c6 dinh & bén trong dudng tron bing nira tdng sé do

hai cung bi chén.

12) S6 do cia géc c6 dinh & bén ngoai dudng tron bing nita hiéu s§ do

hai cung bi chén.

13) Quy tich c4c diém nhin mo6t doan thing cho trude dudi géc a khong

. 86i 12 hai aung chita goc o dung trén doan thing d6 (0° < « < 180°),

14) M6t td gide c6 téng sé do hai géc dsi dién bing 180° thi noi tiép

duge dudng tron va nguge lai.
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' 15) Dau hiéu nhan biét t gidc noi tiép :
a) Tu gide 6 tong hai géec dsi bang 180"
b) Tt gidc ¢6 goc ngoai tai mot dinh biang gbc trong cua dinh déi
dién.
¢) T gidc ¢6 bon dinh cich déu mot diém (ma ta cé thé xac dinh
dugc). Piém d6 la tdm cia dudng tron ngoai tiép ti gidc.
d) T gidc ¢6 hai dinh ké nhau cing nhin canh chita hai dinh con lai
dudi mot géce a.
16) Hinh thang n¢i ti€p duge dudng tron 12 hinh thang cin va nguge
lai.
17) Bat ky da gidc déu nao cing c6 mot va chi mét duong tron ngoai
tiép, c6 mot va chi mét dudng tron ndi tiép.
18) Trén dudng tron ban kinh R, do dai £ cia mét cung n° duge tinh
n.R.n

180
19) Dién tich hinh quat tron bdn kinh R, cung n° duge tinh theo cong
2
nR*n Y5 B £R
360 2

(£ 1a d6 dai cung n® cGa hinh quat tron)

B. BAITAP
1. Cho hai dudng trdon (O; R) va (O’; R’) véi R > R’ tiép xic ngoai nhau tai

A. Mot dudng thing qua A c4t (O) tai B va cit (O) tai C. Hay so séanh
hai cung nho AB va AC
e Ban Tam da lam nhu sau :
Bué6e 1: AOAB can tai O

= AOB =180° - 2A, (1)

AQ’AC cén tai O

— AO'C =180° - 2A, (2) B
Bu6c 2: Ma A; = A, (hai géc déi dinh)

(1) va (2) > AOB = AO'C
Bu6c 3: Ta c6: AOB = SdAB, AO'C = SdAC

— SAAB = SdAC (vi AOB = AO'C) = AB = AC

theo cong thuc £ =

thic: S =
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e Ban Héng da lam nhu sau :

Bu6c 1: AOAB cén tai O = AOB = 180° - 2A;
AO'AC can tai 0" = AO'C = 180° - 2A,

Ma A, = A, (hai géc déi dinh) => AOB = AO'C

Bude 2: Pat AOB = AOC =n°, ta co :

Do dai cung AB bing 5RA (1)
180
P dai cung AC bang zhi 1 (2)
180
Tasdes 8¢ T b s B Gl (1) w0y T2 5 BB yus 28 5 X0
180 180 '
Theo em hai ban TAm va Hong ai dang? ai sai?
A. Tam va Hong déu dung B. Tam va Hong déu sai
C. Tam sai, Hong ding ' D. Tam ding, Hong sai

2. Tir diém P & bén ngoai dudng tron (O) vé tiép tuyén PM véi (0), M 1a
tiép diém. Pudng thing PO cat (O) tai A va B (A & gitta P va O)
Khing dinh nao sau day ding?

A. APAM ~ APMB B. PM’ = PAPB
C. Chi c6 A), ding D. A) va B) déu ding

3. Cho hai dudng tron bang nhau (O) va (O’) cdt nhau tai A va B. Vé hai
dudng kinh AOC va AO'D. Goi E 1a giao diém dudng thing AC va (O)).
Hay so sanh hai cung nho BC va BD
Khang dinh nao sau day ding?

A. BC =BD B. BC<BD C.BC>BD |

4. V6i gia thiét ¢ bai 3. Hay so sanh hai cung nho BE va BD
Khéng dinh nao sau day dung?

A. BE <BD B. BE = BD C. BE> BD

5. Cho tam gidc ABC néi tiép duong tron (0). Goi M va N theo thi ty 1a
diém chinh giita cia hai cung nhé AB va AC. Ddy MN cét AB tai H,
AC tai K. AAHK la tam gidc gi?

Khéng dinh nao sau day ding?
A. Tam giéc can B. Tam giac déu
C. Tam gidc vudng D. Tam gidc vuéng cin
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6. Cho nra dugng tron (O) ¢6 ban kinh OC vuéng géc véi duong kinh AB.
Vé day AD cat OC tai M sao cho MD = MO.
Khang dinh nao sau day dung?
A. T giac OMDB néi tiép dudng tron
B. BM la tia phéan gidc caa goc OBD
C. BAD = 30°
D. A), B), C) déu diing

7. Cho duong tron (O; R), hai day song song AB va CD nidm cung phia
d6i v6i tdm O. Day AB béng canh luc gide déu ndi tiép, day CD bing
canh tam gidc déu néi tiép. (Xem hinh vé)
Dién tich cta hinh cé gach soc bing :

2 2
WL g A
2 6
2 2
C. 3nR D. 2nR
4 3

8. Hinh bén cho biét :
- Duong trdn (O; 10cm), BC = 5¢m, SAAD = 120°
- (d) LACtai C
Khéng dinh nao sau day sai ?
A. T giac BDEC ndi tiép dugc duong tron
B. AADB ~ AACE A = 1C
C. ABAC = AD. AE
D. A), B) dung; C) sai (d)
9. Vd4i gia thiét ¢ bai 8. Tinh dién tich hinh vién phan giéi han bdi cung
nho BD va day BD. (Lam tron két qua dén hang don vi vdi n = 3,14 ;
J3=1,73) '-
Khéng dinh nao sau day ding?
A. 5cm? B. 6cm® C. 9cm® D. 1lcm®
10. V6i gia thiét ¢ bai 8. Tinh dién tich hinh ¢6 gach soc. (Lam tron két
qua dén chi s6 hang don vi vdi n = 3,14; J3 =1,73)
Khéng dinh nao sau day ding?
A. 84cm® B. 104cm? C. 110cm? D. 145¢m®
PAP AN

Bai 1 2 3 4 5 6 7 8 9 10
Cau | C D A B A D B D C A
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HUGNG DAN GIAI
1. GOC G TAM, SO PO GOC &

1.®AOAM cdn tai O nén duong cao OH "

ciing 12 phan gisc cia géc AOM JoT I

= 0p = O2 = 80° (vi AOH = 80°)

— SAAB = sd BM = 80°

(Sé do cia cung nhé bing s6 do ciia gée ¢ tAm chdn cung dé6)
= Sd AM = 160°

2.VéOIJ.ABtaiI:bIA=IB=Rf(viAB:RJﬁ)
Tu AOIA vubng tai I, ta c6 :
RV2 %
. Al o 2
Oy =-—=—= =
SMMITO0AT TR T2

= Oy =45°=> O3 = 45°(vi Oy = 02)
Do d6 AOB = 0, + 0, = 90° = SdAB = 90°

3.©Vé0HLABtaiH=>HA=HB=RT‘/ﬁtrviAB:Rﬁ)

Tu AOHA vudng tai H, ta c6 :

R3 3
. HA o 3
O =GA R 2 A

= O =60°= O3 =60° (vi Oy = O2)

Do d6: AOB = O, + 0, = 120°= S AB = 120°
* Ghi chi : Cho duang tron (O ; R) va ddy AB, ta cé :
- SdAB=60° <2AB=R

Ddy AB la canh cia luc gide déu néi tiép (O)
~ SAAB = 90° ¢ AB = R\2

Ddy AB la canh cua hinh vuéng néi tiép (O)
- SdAB =120° < AB = RV/3

-Déy AB la canh ciia tam gidc déu néi tiép (O)
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1.(D)

A, Tacé: AB // OC (gt) = A, =C (so le trong) (1)

B.

C.

5.4 N

6.(B)

AOAC cantai O = A, =C  (2)
(1)va(2) = A, = A,

Vay AC la tia phan giac cua géc OAB
Ta c6 : SAAB = 100° => AOB = 100°
AAOB can tai O, ta co:

- 0 _ A 0 _ 0
AszlBO 0=180 2100

=40°= A, = A, :%3:200
AAOC can tai O, ta c6 :

AOC = 180° — 2A, = 180° — 40° = 140° = SAAC = 140°

Ta c6: SdAnC = 360° — 140° = 220°

O, la géc ngoai cua tam gidc cdn OAB (can tai O) nén :

O;=A,+B, =2A, ()

6; la géc ngoai cua tam gidc cdn OAC (can tai O) nén :

0, -, +C, =25, (@)

(1) va (2) = 6} +(”)E =2£K} +K;4)
BOC =2. BAC

Hay BOC = 2.60° = 120°

Vay SdBC = 120°

Tam dudng tron ndi tiép AABC la giao diém cdc dudng phén

gidc cha géc B va C, ta c6 :

Tu AABC suy ra :
B+C=180°-A
=180° - 80° = 100°
— — R A, o
B+ - BrC_100
2 2

Tu ABIC suy ra : _
BIC = 180° - (B, + C,) = 180° - 50° = 130° = SAEF = 130°.

= 50°
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7. A.|D B.| D C.|S D.|S
* Gidi thich
A.Villa tadm dudng tron dudng kinh OP = 2R nén :

Ol =1P = %OP - R. Vay diém I thudc dudng tron (O; R)

B. AOAP vudng ¢ A va AOBP vudng ¢ B (vi ndi ti€p trong cua dudng
tron (I)). = PA L OA va PB L OB
= PA va PB 13 hai tiép tuyén cia dudng tron (O)

C. Theo tinh chat cia hai tiép tuyén cét nhau, tacé :

o, =0, =-12~A‘OB *)

OA R 1
OP 2R 2

(*) = AOB = 20, =120°= SdAB = 120°
8.(D) Tir AAOD vuéng tai O, ta c6 :
oD 2J3 3

tgA = —=—"— == = A =30°
E2=0a" 6 "3

AOAM cén tai O => A =M
BOM Ia géc ngoai clia AOAM
= BOM = A + M = 2A = 2.30° = 60°
= SABM = 60° (chdn bdi géc 6 tdim BOM )

9.(C) Ta c6: Sd AmD = 360° - SA(AB + BC + CD) S 4P

= 360° — (60° + 140° + 70°) = 90° 60

= ﬁ) = 90° A
= AAOD vudng can tai O = AD = 5/2cm

10.(&) Ta c6 : SdAB = S4BC = 130° (gt)
— SAABD = 130°.2 = 260° D
= SdAmD = 360° - 260° = 100°
Ta c6: SAAB = SdAmC = 130° (gt)
= SdAmC > SdAmD 13
= D nim giita hai diém A va C
— SdAmD + SdDC = SdAmC
— SADC = SAAmC - SAAmD = 130° - 100° = 30° C B

Mi cos O, = = 01 =60°

70°
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# (ach khac
Ta c6: SAAB = SABD = SAAC = 130° (gt)
. AOB = BOD = AOC = 130°
-» AOD = 360° - (AOB +.B0D) = 360° - 260° = 100°
-» AOC > AOD (130° > 100°) => OD nim giita OA va OC
— AOC = AOD + COD = COD = AOC - AOD = 130° - 100° = 30°
Do d6 SACD = 30°

2. LIEN HE GIUA CUNG VA DAY
1.®

C
A. Hai tam gidc can OAC va OBD c6 : ’.
OA=0C=0B=0D=R *
A R A A‘ — B
A = B (so le trong) v
. AOC = BOD &
=» AOAC ='AOBD = AOC = BOD '
D

Ma BOD + AOD = 180° (hai géc ké b)
= AOC +AOD = 180°= C, O, D thing hang
B. AOAC = AOBD (cmt) = AC = BD = AC = BD
C.AC = BD = OH = OK
2.(B) Ta c6:SAAD = 360° — Sd(AB + BC + CD)
= 360° - (60° + 90° +120°)
= 90°
3.(A)Ta c6: SAAB = 60° = AOB = 60°
= AOAB la tam Qiéc déu = A = 60°
Tu AOHA vudng tai H, ta c6 :
RV3
2

OH = OA.sinA = R.sin60° =

R
4. Chun inh tuong tu trén, ta c¢6: OK = —
© g min g tu n 5

5.®Tuang tu bai tAp s6 2 va 3 (van dé 1)
P4p s6: AB = R, BD = RV2, CD = RY3
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6.(C)

A. AOAB can ¢ O c¢6 duong cao AH cing 1a phéan giac cua géc AOB
— 0; =0, =30° (vi AOB =60°)
Tuong tu ta c6: O, = O5 = 60° (vi OCD = 120°)
Ta cdon c6: O = BOC = 90° ‘
= 0, + 05 + 0, = 30° + 90° + 60° = 180° = H, O, K théng hang
= AB // CD (vi cung vudng géc vdi HK)

B.Tac6: HK=0O0H+0K = —+ —=—=(J3 +

C.Tac6: AB// CD
= ABCD la hinh thang dudng cao HK

e %(Jﬁ+l).%(\/§+l)

2 2
=% 2B = S Bwef)

4 2

— — O—A
7.(B) AABD can tai A = B, =D, =}£‘1§_ﬁ= 90° -

nén f)‘; la g6c nhon

Ta c6: D, + D, = 180° (hai goc ké bi) |
= D, =180° - D, >90°nén D, 1a géc ti D
= D, 1a géc 16n nhét trong ABCD

2

. M
= BC > CD => BC gén tdm O hon CD i
Do d6 OM < ON Y

8.(A) AOMA va AONB c6: AM = BN

A =B;A0=B0
— AOMA = AONB (c.g.c)
- OMA =ONB = M, =N,
(Vi OMA + M, = ONB + N, =180°)
Do d6 AOMN céan ¢ O
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@

o P
A.AOMN cin 6 0 = M, = @_Q_@ (1)
e ° _ MO
AOCD ein 40 = G, = 20 21‘3—-N~ 2)
(1) va(2) = M; =C, = AB// CD (3)

B. Hai tam gidc MAC va NBD c6: MA = NB (gt)
lﬁ; =ﬁ; (vi f\‘ff; =I<I: cmt)
MC = ND (vi OC - OM = OD - ON)
= AMAC = ANBD = MAC = NBD (4)
(3) va (4) = ACDB la hinh thang cdn
C. = AD = BC (hai dudng chéo caa hinh thang can) = AD = BC

. - 0, C D
0 AOMN can tai O => M, =90° - =L < 90°
© iy M=o - S8 e P
= M, - 157° - M} > 90° N

Trong AMCN c¢é I\T‘I; la géc tu = CN > MN

Ma MN = NB Nén CN > NB

Hai tam giac OCN va OBN c6: ON: Canh chung

OC = OB

CN > NB (cmt)=> 6; >6;=:- SdCD > SdBD = CD > BD
* Ghi chu
St dung dinh li sau ddy dé chitng minh bai 10: “Néu hai tam gidc ¢6
hai canh tuong ung bdng nhau titng déi mét nhung hai canh thua ba
khéng bdng nhau thi hai géc déi dién vdi hai canh khéng bdng nhau
dé ciing khéng bdng nhau va géc nao déi dién vdi canh lon hon la géc
lén hon”



—_ 1 — 1
1.(C)Ta c6: AM = - AB SdAM = —.180° = 36°
@ ac = (gt) = =

2.(B)

2 ®
A.

B.
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3. GOC NJI TIEP
GOC TAO BGI TIEP TUYEN VA DAY CUNG

M

= fi= %Sdm - 18° (géc néi tiép chdn AM )

AMAB vuéng & M (vi néi tiép trong nita dudng tron)
= A =90°-B=90°-18 =72°
Vay M =90°, A =72°, B = 18°

ABC 1la géc noi tiép chén cung AC, ta ¢6: ABC = %Sd;\?}

— S4dAC = 2.ABC = 2.30° = 60° \
DAC la géc tao boi tiép tuyén AD ‘A D
(30 Y
C

va day AC, ta c6 : B
CAD = %Sd}i'é = %.60" = 30°

Theo tinh chat cda hai tiép tuyén cit nhau, ta c6 :

DA = DC hay ADAC can D

= ADC = 180° - 2CAD = 180° - 2.30° = 120°

Vay ADC = 120°

Ghi chi *

Hoc sinh c6 thé tim thém cdch tinh khdc dé c6 ADC = 120°

Ta c6 :

BC 1 AE (gt) (1)

AED = 90° (géc ndi tiép chén
nta dudng tron)

= ED 1L AE tai E (2)

(1) va (2) = ED // BC

Ta c¢6: ABC = ADC (hai géc noi tiép cung chin AC)




C.Vi ED // BC (cmt)
— EB = DC (hai cung chin giira hai day song song) (3)

Ta con c6: ME = MD  (gt) (4)
Cong (3) va (4) vé theo v&, ta c6: EB + ME = DC + I\Tﬁj
MB MC
— MAB = MAC (hai géc ndi ti&p chén hai cung bing nhau)
= AM la tia phan gidc cua BAC e
.(A)Ta c6 :
e AB =210 =20 (cm) M
e B-15dAM =L .80° - 40° A |
2 2
e CA L AB-> BAC = 90° A < B
AB 10cm O
e cosB=
BC
oy B e oY 20 B e

cosB  cos 40 ) 0,766
o AC = AB.tgB = 20.tg40° = 20.0,839 = 16,78 (cm)
e CVagc =AB + AC + BC =20 + 16,78 + 26,11 = 62,89 (cm)
i.©Ta c6: MA = MC (gt) = EI = ﬁ;
= BH la dudng phdn gidc cua goéc
B AABK cé6 BH via 14 dudng cao,
vira 12 phén gidc cha B nén tam
gidc nay cdn ¢ B
L Ta c6 :

» ACB:%S&@:%.120°=GO° (1)

(g6c ndi tiép chdn cung AB)
e SdACB = 360° - SdADB I
= 360° - 120° = 240°

— ADB = —;-SdACB = 120° hay PDQ = 120° /
B

i ﬁﬁ:%mq:so‘*

(géc nodi tiép béing nia géc & cing chdn mét cung) (2)
(1) va (2) : ACB = PIQ = 60°
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7.© Vé ti€p tuyén chung tai A, ta c6 :
E; = %6 (cung ch&n AM) (1)

A, = %6’ (cung chidn AN) (2)

Ma O +0O' =180°
(hai géc trong cung phia)

(1) va (2) =» K{-ﬁ-ﬁ} =%(6+6’)

Hay MAN = %.1800 = 90°. Vay AMAN vudng ¢ A

8.®Ta_cé: HM 1a trung tuyén dng véi canh huyén cba tam gidc vudny
BHC

:HM:MB:MC:%BC: HM = MC

Ma SAdHM = 2.6 = 2.20° = 40°= SAMC = 40°
9. | '
A.Ta cb : B C
e AM = R (gt) = SdAM = 60° = SA MB = 180° - 60° = 120°
« PM=PB (1) .

PMB = %Sdﬂ{_ﬁ = %.120" =60° (2)

(1) va (2) = APMB la tam gidc déu
B. Ta c6 6;=6;=%Sdﬁﬁ=eo°

va OBP =90° (vi PB L OB) : )
= AOBP la nifa tam gidc ddu = 0
= OP = 2R ma OI = R = I la trung diém cha OP
Hai tam gidc vuéng OBP va OMP c¢6 chung canh huyén Ol
nén noi ti€p dudng trdn dudng kink OP

Vay I la tdm dudng tronqua B, P, M, O

M, = %Sdfﬁ = 30°

C.Tac6: = M, =B, (= 30°) = MI // AB

B, = %sam = 30°
10.A)Ta c6: SABM = 120° = BM = RV3. Ta con c6 : OP = 2R (cmt)
Vi OP 1L MB nén: Soypp = %MB.OP = %RJEER =R%J3
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4. GOC CO DiNH G BEN TRONG PUGNG TRON.
GOC CO DINH G BEN NGOAI DUGNG TRON.
CUNG CHUA GOC

1.(A)
A.Ta c6: SAAD = 50°.3 = 150°
— SdAmD = 360° - 150° = 210°
AHD la géc nam bén trong (0), ta ¢6 :

1

— g, s A
AHD = _Sd(BC + AmD)

= —;—.(5{)0 +210°) = 130°

B. AID la géc nAm bén ngoai (O), ta c6 :

AID = -;-Sd(AmD -BO) = %.(210“ - 50°) = 80°

1

C.Ta cé6: BAD = —sdBD = -2-.100° =50° (1)

— 1

ADC = —sd C=—2-.100°m50° (2)

B[ = B

(1) va (2) = AIAB can tai |
2.(D)
A.Ta c6: B, =%Sd6f),(?{ =%s}1§§ - B, =C, vi CD=AB)
= AHBC ¢dn 6 H = HB = HC (1)
B.Ta cé: B, = %Sd(ﬁfh AB) = %.mo" = 50°

G, = %Sd(ﬁa +CD) = %.100“ = 50°

= B, =C, = AIBCcand 1= IB=1IC (2)
C. (1) va (2) = IH la duong trung truc cia ddy BC
3. Ta c6: B, =D, (chdn hai cung c6 s& do 50°) = BC // AD - (1)

Ta cdn ¢6: SAAC = SABD = 100°= AC = BD = AC = BD (2)
(1) va (2) = ABCD la hinh thang cin
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4.(C)Ta c6 : DAN = %Sdm - lsaAc+EM ()

b3

DMA - %Sd{.ﬁ +NB) 2) ?

Ta c6: A, = A, = CN = NB
(1) va (2) > DAN = DMA

= ADAM céan tai D A -
5.Ta c¢6 AABC nbi ti€p trong nita dudng tron (0)
= ACB =90°=> AC L DM (1)

ADAM cén tai D
= AH 12 phén gidc cua géc D (gt) cing la dudng cao (2)
(1) va (2) = AC va AH la hai dudng cao cia ADAM cit nhau
tai H. Vay H 14 truc tdm cia ADAM
6.(D) Lui giai cia bai toan nhu sau :

e) Dung doan thing AB = 5¢cm

¢) Dung BAx = 40°

d) Dung tia Ay 1 Ax

a) Dung dudng trung truc d cia AB, cidt Ay tai O

b) Dung cung tron AmB tdm O béan kinh OA.
D6 1a cung chita géc 40° dung trén doan thing AB

* Ghi chu : Ta co thé dung duge hai cung chita goc 40° déi xitng nhau

qua AB
(Xem hinh vé & dé bai)

7.(C) Ta c6: MA = MB (gt)
= OM L AB = AMO = 90°= kd
Ta thdy diém M nhin doan thdng OA dudi mot
géc 90° nén M thudc dudrng tron dudng kinh OA
Vay khi B di dong trén dudng-tron (O) thi M di dong trén dubng
tron dudng kinh OA ¢é dinh s

N0)
Ta c6 : AD = AC (gt)
= AACD cén tai A c6:
CAD = 180° - BAC = 180° - 80° = 100°

0 AAD o _ o
— BDC = CD=180 ;CAD=180 2100'

= 40°
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Ta thay diém D nhin doan thing BC dudi mot goc 40° nén D
thuéc cung chita gée 40° dung trén doan thing BC
Vay khi A di dong trén cung chia géc 80° dung trén canh BC
thi D di dong trén cung chda géec 40° khong déi dung trén BC
c6 dinh. Cung nay nim trén nia mat phang chia diém A bo
la dutmg théng BC

9.(D) Ta co: BAC = ‘]; BOC (goc noi tiep va goc & tam cung chin BC)

= BOC = 2.BAC = 2.60° = 120° (1)

Vé hai dudng cao BB’ va CC’ céit nhau tai H thi H 1a truec t4&m cla

AABC, ta c6 : BHC = 360° - (A + B+ €') = 360° - (60° + 90° + 90°)
- 120° (2)

Vé dudng phan gidc cha géc B va C cat

nhau tai I thi I goi tdm dudng tron néi

B+ E]

tiép AABC, ta o6 : BIC = 180° _(

M

; B+C _180°-A _180° - 60°
2 2 2

Do d6 : BIC = 180° - 60° = 120° (3)

(1), (2), (3) = O, H, I déu nhin canh BC dudi mdt géc 120° nén ba

diém nay cung thudc cung chia géc 120° dung trén canh BC, cung

nay ndm trong nifa mat phdng chia diém A by 1a day BC

10(C)

= 60°

Ta ¢6 : BIC = 180° —[B+ C]

A i o _ ano
o B+C _180°-R 180°-90° .,

2 2 2

Do d6 BIC = 180° - 45° = 135°
Ta thay diém I nhin doan thidng BC dudi mot géc 135°
nén thudc cung chira géc 135° dung trén canh BC
Vay khi A di dong trén dutng tron (O) thi I di dong trén hai cung
chia géc 135° khéng ddi dung trén canh BC c6 dinh, hai cung nay
dé61 xing nhau qua canh BC
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B.Vi I la tam dudng tron ndi tiép AABC nén Al la tia phan gidc

cia A hay A; = A,
Goi M la giao diém cua tia Al va (0) = MB = MC (vi A; = A,)
Ma BC c6 dinh (gt) = M ¢ dinh

Vay A di dong trén (O) thi tia phan gidc Al luén di qua diém
¢d dinh M la diém chinh giita cia cung BC ¢6 dinh

5. TU GIAC NOI TIEP - PUONG TRON NGOAI TIEP
PUGNG TRON NOI TIEP

1.@ Hinh thang can, hinh chir nhat, hinh vuéng néi tiép dugc dudng

2. @Ta c6: MNPQ 1a tu gidc noi tiép duoc, ta c6 :

3. @ ABDC vudng tai D va ABEC vubng tai

104

tron vi c6 téng s6 do hai géc déi dién bing 180°
Ching han cho hinh thang cdn ABCD (AB // CD}
A =B (hai g6c ké day AB)

Ma A + D =180° (hai goc cung phia)

= B+D=180°

= ABCD la t( gidc ndi tiép duge dudng tron

M+P=180°= P =180° - M =180° - 75° = 105

E vi hai tam gidc nay ndi tiép nita ;.{'l,
dudng tron (0) dudng kinh BC / ‘i'
= BE va CD la hai dubng cao cia AABC g A‘
nén H 13 tryc tAm cha tam gidc nay
= AH 1 BC tai F (vi AH la dudng cao thit ba)
Tu d6 ta c6 :

Ba tu gidc AEHD BDHF, CEHF néi tiép duge vi €6 hai gbéc d6i dién
bi nhau

Ba t gidc AEFB, BDEC, ADFC nji ti€p duge vi ¢6 hai dinh cung
nhin canh chita hai dinh con lai dugi mgt gée 90°

Vay trong hinh vé c6 tat cd 6 t gide ndi tiép duge dudng trdn



4.(0)

e Tt gide AEHD néi tiép duge (ecmt)
= ﬁi = 43:; (hai gée néi tiép cung chan EH) (1)

e Tit giac BDHF néi tiép duoc (emt)
= ]5; = ﬁ: (hai géc néi tiép cung chin HF) (2)

e Tu gidac AEFB noi tiép duge (cmt)
= K; = ﬁ? (hai goc noi tiép cung chdn EF)
(1)va(2) = D, =D,
= DC la duong phan gidc cia goc EDF
Chiing minh tuong tu ta c6 EB la tia phén gidc cia géc DEF.
Cé4c phan gjdc nay cit nhau tai H '
Do dé H 1a tdm dudng tron noi tiép cua ADEF

5.(C)

A. Hai tam gidac AED va ABC c6: A chung

AED = ABC (vi tu gidc BDEC noi tiép dugc) = AAED ~ AABC

B.= —=— = AD.AB = AE.AC

e H va I d6i ximg nhau qua AB nén AB la dutmg trung truc cua HI

= AB la truc d6i xing cua tu giac AHBI (1)

Tuong tu ta c6 AC la truc déi xding cua t gide AHCK (2)
A.(1) > AIB = AHB = 90° (vi AHB = 90°) '

= T gidc AHBI ndi tiép duge dudmg tron dudng kinh AB
B.(2) = AKC = AHC = 90° (vi AHC =90°)

= T giac AHCK néi tiép duge

dudng tron dudng kinh AC
C.(1)=> A, =A,, 2= A;=A,

Ma A, + A; = BAC = 90° (gt)

= A +A,+Az+A, =180°

Vay I, A, K thing hang
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7. A.[B B.[D] C. D.[s|
* @Giai thich:
A.+ AB la duong trung truc caa HI = Al = AH (1)
e AC la dudng trung truc cua HK = AH = AK (2)
(1) va (2) = Al = AH = AK
Ta con c6 I, A, K thidng hang (cmt)
Vay dudng tron dudng kinh IK di qua H
B.Ta c6 AH | BC tai H (gt)
= BC la tiép tuyén cia dudng {ron dudng kinh IK
C.Tac6: Bl=BHvaCK=CH = BI+CK = BH + CH = 2R
BC
D. AABC vudng tai A, dudng cao AH, ta c6: AH® = BH.HC
Ma Bil = BI, HC = CK = AH? = BI.CK
A& T uong tai H nén AH < OA
Hay Al < R = AH? < R® Vay BI.CK < R®

8. A.|S B.(D C. b D.|S]
* Giai thich: :
A. ABCBEF la luc giac déu, ta c6: AB = BC = CD = DE = EF = FA

360°

— SdAB = SdBC = SACD = SADE = SAEF = SdFA = = 60°

B.Ta c6 : SAAD = SA(AB + BC + CD) = 60°.3 =180° B_——_(

= AD la dudng kinh cda (O) / N e \
Véay A, O, D thdng hang _

pRg i ks A
C. Ta c6: SAAC = SACE = SAAE = 120° -
='AC = CE = AE _

Vay AACE la tam gidc déu & F " E
D. Budng chéo AD la dudng kinh cia dudng tron (O) (cmt)

- Tir d6 suy ra cdc duong chéo cia luc gige déu cit nhau tai tdm O va
chia luc gic déu thanh 6 tam gidc déu biing nhau c¢6 canh 1a R
Chéng han AAOB cén tai O ¢6 O =SdAB =60° nén tam giéc
nay déu canh 1a R

2 2
R4\/§ R2J3 3R2J5

. . 8 .
Do d6: SapcpEF i 5

Ta co: SAOB =
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Ta ¢c6: ABC = BCD = 90° (gt)

= AC va BD la hai dudng kinh cia dudng tron (O)
Nhu vay hai dudng chéo cia mot

hinh vudng noi tiép duong tron la

hai duong kinh cua dir'ng tron dé 0
Theo tinh chat hinh vudng, ta c6 :
= AC 1 BDvaOA -OB=0C=0D =R
= AAOB vuéng ¢#1 tai O D
= AB? = yOAZ . 0B? = VRZ +R? = \2R? = R\2

10. Dién vao ché tréng trong bang :

Pa gidc déu ndi - Tinh theo R
tiép duong tron .
. O - :} Do dai canh Khoang cach tir O dén canh
A. Luc gidc déu R 52\/—5
B. Hinh vuéng RV2 32}@
] - ot —
C. Tam gidc déu Rv3 2
— | RO -

* Ghi nhé:

e Cach vé tam giac déu ABC ndgi tiép dudng tron (0):

~ Vé duong tron (0), duong kinh AD

—~ Vé cung tréon (D ; R) cdt (O) tai Bva C

~ Ve tam gidac ABC. D¢ la tam giac déu néi tiép duong tron (O) (H.1)

e Cach vé luc giac déu ABCDEF néi tiép dudng tron (0):

~ Ve duong tron (O) duong kinh AD |

~ Ve hai cung tron (A; R) va (D; R) ¢dt (O) tai B, F, C, E

~ Vé hinh luc giczc ABCDEF. D6 la hinh luc gidc déu néi tiép
duong tron (0O) (H.2)

e Cich vé hinh vuéng ABCD néi tiép dudng tron (0):

—~ Vé duong tron (O) va hai duong kinh vuéng géc AC va BD
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-~ Vé hinh tu gigc ABCD. Do la hinh vubng nét tiép duong
tron (0) (H.3)
C
/D A 5 D 5 C
F
C E . D
Hinh 1 Hinh 2 ' inh 3
6. DO DAl DUGNG TRON, CUNG TRON
DIEN TICH HINH TRON, HINH QUAT TRON
7.
Bén kinh R  18cm 20,9c¢m 15,5cm
S6 do cta cung tron (n°) 90° 100° 79°
D§ dai cung (1) 28,3cm 36,5cm 21,4cm
* Gidi thich : Ta c6 :
i 1= nRn _ 3,14.18.90 ~ 28,3 (cm)
180 180
nRn 180.1 180.36,5
=——=R-= = = w2
180 e FVRT aaad e
nRn 1801 180.21,4
1="—=n-= - '~ = 79°
180 " xR 314155
2.(D) . '
A.C =2nR = 2.3,14.8 = 50,24 (cm)
B.S = nR? = 3,14.8% = 200,96 (cm?)
c. 1 ™Rn _3148.120 6. 75 (el
180 180
3®
2 2
Ta c6: Speeaos = nR’n _3,14.8%120 _ . em?)

360 360
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4.(C)Ta ¢6: Syonp = %OH.AB = %.%.Rﬁ

_ R?V3 _ 82.1,73
4

Shvp = ShthOB = S-.\AOB =67 -28=39 (sz)'

~ 28 (cm?)

5.(B)

Dién tich hinh vanh khin :
Spvk = ©R% - R = ~(8% - 5%) = 3,14.39 = 122,5 (cm?)
6.@ Dién tich gidi han béi hai cung MN va EF:

n.8%100 m.5%100
360 360

= 55,82 — 21,81 = 34,01 (cm?®)
G o o
7.®’I‘a o6 O=A=B=90° (1)
OA=0B=R (2
(1) va (2) = OATB la hinh vuéng = Soars = R
nR%.90 nR?
360 4
Do d6: Spgh = SoATB — ShqtaoB
nR? 4R?-nR? R?

i U
4 4 Wil

Shgh = ShqtMON — ShqteoF =

Ta ch: ShthOB =

I
=l
B2
F
]

8.(C

Ta c6 : BC L OB, BC L OC (tiép tuyén
vubng géc véi ban kinh di qua tiép
B=C=90°

OB/0O'C”

Vé CD // OO (D € OB)

T gidc ODCO’ 14 hinh binh hanh

- [CD=00'=R+R'=6+2=8(cm)
= {BD=OB—OD=6—2=4(cm)

diém) = {
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ABCD vuéng tai B ¢6 CD = 2BD nén bidng nita tam giac déu
canh CD

=% BDC = 60° = AOB = BDC = 60° (hai géc déng vi)

Ta c6: AOB + AO'C = 180° (hai goc trong cung phia)

= AO'C = 180° — AOB = 150° - 60° = 120°

n2%120 4
.Ta c6: Sngace _ 360 s 4 _2
Shqt.AOB RC;' o 1% 9
360

10@'1‘1’1 giac OBCO’ 1a hinh thang vudng c6 BC 1a dudng cao
= Sopco’ = [M]BC = (6; 2).4\/5 = 1643 = 27,68 (cm?)

2
C?ﬁ:f:éﬁ(cm})

(ABCD béng nifa tam gidc déu = BC=

3,14.62.60 + 3,14.22.120

- _ 2
ShqtaoB + Snqtaoc = 360 = 23,03 (cm?)

Do d6 : Spg, = Sopcor — (Shqtao + Shqaorc) = 27,68 - 23,03 = 4,65 (cm®)

ON TAP CHUONG Il

1.© Ban Tdm lam sai tif budec 3 vi AB va AC déu c6 s do 120°
Nhung do AB va AC thudc hai dudng tron khéng bing nhau
(R > R’) nén dd dai cha hai cung nay khéng biang nhau, cung
nao thudc dudng tron 16n hon thi 1én hon.

2.(D

A. Hai tam giac PAM va PMB c6: P chung

PMA = PBM (ciing chdn MA)
= APAM ~ APMB

PM _PA 2
1 = PM"= PB
B. = PB PM M® = PA,

3.®Ta cb :
e ABC=ABD=90° (géc ndi tiép
chin nda dudng tron)
— ABC + ABD = 180°= C, B, D théng hang~—___—"
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AACD can tai A (AC = AD = 2R) ¢6 AB la dudng cao viua la
dudng trung tuyén nén BC = BD

-5 BC=BD (Trong hai dudng tron bing nhau hai day béing
nhau cang hai cung bang nhau)

BC = BD

ATD _ 0 O < ; - .
4'.'1‘3 s {AED = 90 (gbc ndi ti€p chan nua dudng tron)

= EB la trung tuyén iing véi canh huyén CD cia tam gidc vuong CED

nén: EB = BC = BD > EB = BD

5.(A)Ta c6 :

AHK = %Sd(ﬂ{_ﬁ +AN) (1)

AKH = %Sd(ﬂ +NG) (@)

Ma MA = MB va NA = NC (gt)
. B+ AN = MA + NC
(1) va (2) => AHK = AKH = AAHK cén tai A

6.(D)

A.Ta c6: MOB = 90° (gt)

ADB = 90° (géc néi tiép chin niua dudng trdn)
— MOB + ADB = 180° = OMDB la tit gidc ndi tiép &

. Trong dudng tron dudng kinh MB ¢6 : D

MO = MD (gt) = MO = MD

= ﬁ; = B, (hai géc noi tiép

chédn hai cung bing nhau) A # B
Do dé6 BM 1a tia phén gidc cia OBD

.Ta c6 : MA = MB (vi MO la dudng trung truc cia AB)

= AMAB cin tai M = A =B, ma B, =B, (cmt)

= A =B, =B, (1)

Ma A + B; + B, = 90° (AADB vuéng tai D) (2)
(1) va (2) = 3A =90° = A = 30°
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7.(B) Ve OH L AB thi OH L CD tai K (vi AB // CD)
Theo dé bai ta c6: AOB=60°;COD=120°; AB = R; CD = RJ3 ;

OH = _R;/_i : OK = % (xem bai tap s6 10 van dé 5)

e Goi S, 1a dién tich hinh vién phan gi6i han bgi CD va day CD
nR?.120 R®V3 _xR® R®3
360 4 3 4
Goi S; 14 dién tich hinh vién phan gi6i han béi AB va day AB
nR%.60 R?V3 =R’ R®V3
360 4 6 4
Goi S 1a dién tich hinh c6 gach soc, ta c6 :
nR? - R%J3 B [nRz _ stfﬁ] _ nR?2 nR? aR2?
3 4 6 4
(Xem hmh vé ¢ dé bai)

8.(D)

A.Ta c6: ADB = 90°
(g6c ndi tiép chdn nia dudng tron)
- BDE = 90° |
Ta cdn c6: BCE = 90° (gt)
— BDE + BCE = 180° A
= BDEC la tit gidc ndi tiép

B. Ta c6 AADB ~ AACE
(vi hai tam gidc vudng c6 géc A chung)

C.=»> —=— = AB.AC = AD.AE

Tac6: S, =

Tac6: Sy =

S=8,-8, =

1202

(d)

9.©Ta ch: SdTD = 1200 = Sdﬁ_]-j = 600 = S]“.p = ShthOD - SABOD

_n10%60 103
360 4

. .
[vi ABOD déu canh 10cm nén S,gop = 104\@ = 253 (cm? )]

= 52,33 - 43,25 = 9,08 (cm?) ~ 9cm?
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10(A) AADB vuong tai D 6 A= -;—Sdﬁ) = 30°
= AADB bang nua tam giac déu canh AB = 20cm

2 o=
Do d6: Syapg = —20%% = 50.1,73 = 86,5 (cm?) ~ 87 (cm?)

e AACE vuéng tai C ¢6 A = 30°
= CE = AC.tgA = 25.tg30° = 25.0,58 = 14,43 (cm)

Ta c6: Spack = %AC.CE ’ %_25.14,43 - 180,37 ~ 180 (cm?)

Goi S la dién tich cua hinh cé gach soc, ta c¢6 :
S = Saack ~ (SpADB + Shyp) = 180 — (87 +9) = 84 (cm?)

113



CHUONG Iv. HINH TRY --HINII NON - HiNH CAU

A. TOM TAT CAC KIEN THUC CAN NHO

Hinh Hinh vé& Dién tich Thé tich
Syq = 2nRh
Hinh h V = nR>h
tl‘l,l 5
Sip = 2nRh + 2nR?
Sxq = TRE
Hinh Vv = 1 R%h
nén 3
Sip = TRE + nR?
Syq = 7(R; +Ry).]
1
Hinh =3
non
cyt . (Ri‘2 + Rg + R;Rz)
Sip =Sy +7(RY + B3)
4
Hinh _ 4-R2 = —nR?
chu S = 4aR 3
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B. BAITAP

. Quan sat hinh tru roi dién s6 thich hgp vao
ché trong (1) (n = 3,14)

A. Ban kinh day cua hinh tru .

B. Dién tich xung quanh cua hinh tru ..

;

16cm

C. Dién tich toan phan caa hinh tru ..
D. Thé tich cta hinh tru ..
. V61 hinh tru da cho. Dién tich xung quanh

cua hinh tru bang : A
A. 356,8cm® B. 376,8cm*® -
C. 387,8cm? D. 406,6cm” ﬁ

\

. Mot hinh tru c¢6 ban kinh day la 9em va
thé tich bang 2543,4cm’. Khi d6, chiéu
cao cta hinh tru bang :
A. 8cm B. 9cm C. 10cm D. 14cm
Hay chon két qua dang.
. Chiéu cao cia mot hinh tru bang bdan kinh dudng tron ddy. Dién tich
xung quah cta hinh tru 1a 628cm®. Khing dinh nao sau day ding ?
A.Dién tich day hinh try 1a: 310cm’
B. Dién tich toan phdn hinh tru la: 1248cm?
C. Thé tich hinh tru la: 3100cm®
D. A), B), C) déu sai
. Cho hinh chir nhat ABCD (AB = 2a, BC = a). Quay hinh chit nhat d6
quanh AB thi duge hinh tru ¢6 thé tich V), quay quanh BC thi dugc
hinh tru c6 thé tich V,. Khdng dinh nao sau ddy dung?

1

A. Vl = VQ B- Vl = 2V2 C- Vz = 2V1 D. VQ = gvl

. M6t bé nuée c6 chiéu cao 1,5m. Mot vdi nudc chdy vao bé vdi van téc
58801it/gid. Sau 10 phit, muc nuée trong bé cao 1,2m. Thé tich cia bé
nudc bing :

A.1,23m° B. 1,58m’ C.2,17m° D. 2,47m®

. M4t hinh nén ¢6 chiéu cao 15dm, dudng sinh 25dm.

Khing dinh nao sau day sai ?

A. B4n kinh ddy cha hinh nén: 20dm

B. Dién tich xung quanh hinh nén: 1570dm®

C. Dién tich toan phan hinh nén: 2826dm?®

D. Thé tich hinh nén: 1884dm*
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8. Mot hinh nén c¢é dudng sinh la 12cm, géc gitta dudng sinh va dudng
kinh ddy 14 60° (hinh bén).
Thé tich cia hinh nén nay bang; (Két qua
ldy dén chir s6 thapphén thua hai)
A.351,15cm’
B. 391,12cm’
C. 401,18cm’
D. Mét két qua khac

9. M6t khéi gé dang hinh tru ¢é ban kinh 2dm va chiéu cao 6dm. Nguo.
ta khoét di mét phdn c6 dang hinh nén (xem hinh vé) thi phdn thé
tich khoi gb con lai la :

A. 40,26dm® B. 48,25dm°
C. 50,24dm’® D. 52,44dm* ’

'10. Cho tam gisc ABC vuéng tai A. Goi Vy, Vs, V; theo | * 6dn
thi tu 12 thé tich cGa nhimg hinh sinh ra khi quay tam | °,
gidc ABC mét vong quanh cédc canh BC, AB va AC \2dm_~
Khing dinh nao sau day ding ?

b nded nieded mdeded
Vi V3 Vi Vi Vi V& V3 Vii Vi V3

11. Hinh v& cho biét :
Hinh nén c¢é chiéu cao h(cm) ban kinh dudng tron ddy a(cm) va hint
tru c6 cung chiéu cao va ban kinh duding tron day cia hinh nén.

Chita day c4at vao hinh nén réi d6 hét cat vao hinh tru thi dé cao cu:
- cét trong hinh tru sé 14 :

A. hcm B. Ecm
4 3

C. %cm D. E-l}wr.:n:l
3 4

12. Mot tam gidc déu ABC c6 do dai canh
la 10cm ngoai tiép mdt dudng trdn (O).
Cho hinh quay mét vdng quanh chiéu
cao AH cha tam gidc déu (xem hinh

bén) ta dugc mdt hinh nén ngoai tiép

hinh cdu. Thé tich cGa hinh nén bén : L A
ngodi hinh cdu bing : & H ¢
A. 125cm® B. 130cm® C. 132cm® D. 148cm®

(LAm tron két qud dén chir s6 hang don vi)

116



3. Mot khoi gd dang hinh tru co ban kinh dudng tron day la 4dm, nguoi
ta khoét rong hai nua hinh cidu (xem hinh ve).

Nhu vay dién tich toan bo cua khoi go la :
A.114ndm’
B. 1187dm”
C. 125rdm”
D. 128rdm®

4. Chiéu cao cua mot hinh tru gap ba lan ban kinh d4y cua

né. Ti s6 cua thé tich hinh tru nay va thé tich cia hinh

cau c6 ban kinh bang ban kinh dayv cta hinh tru la :

A2

3

B. ? g 2

3
4 4

D.

S WIS

iy
b

5. Mot binh dang hinh tru ¢é bdn ban kinh ddy 12cm va chiéu cao la
18cm dung day nude. Ngudi ta bé vao binh mot vién bi hinh cau bang
sat ¢6 ban kinh 6em. Thé tich nude con lai trong binh khi vién bi da

nim yén ¢ ddy binh la :

A. 2194nem®
B. 2275ncm®
C. 2304ncm’”
D. 2508ncm?®

DAP N

Bai | 1 2 3 4 5 6 7 8
Cau x B C D C A D B
Bai 9 10 11 12 13 14 15

Cau| C | C B A D B C

HUGNG DAN GIAI

l. A. Béan kinh ddy cta hinh tru 5¢cm
B. Dién tich xung quanh cta hinh ¢tru 502 4cm?
(¢q = 2nRh = 2.3,14.5.16 = 502,4 (cm?))
C. Dién tich toan phan cia hinh tru 659,4cm?
(Stp = Sxq + 2844y = 502,4 + 157 = 659,4 (cm?)
D. Thé tich cda hinh try 1256cm®
(V = nR’h = 3,14.25.16 = 1256(cm®))

10cm
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2.®T1‘1 AAQOQ’ vuéng tai O, ta c6 :
OA = JAO'2 - 002 =132 - = 5 (cm)
Dién tich xung quanh caa hinh tru : '
Syq = 210A.00' = 2.3,14.5.12 = 376,8 (cm?)

3.©Thé tich cia hinh tru dugc tinh theo cong thic :
2 \Y% 2543, 4 :
V=nR°h = h = =y = 31481 =10 (em)
" Vay chiéu cao cia hinh tru la 10em
@ Dién xung quanh hinh tru dugc tinh theo cong thie: Syq = 2rRh
Do R = h (gt), ta ¢6 : S,, = 2nRh = 2rR?
= R? = Sxy __625 = 100 = R = V100 = 10 (cm)
2n 23,14
Vﬁy R =h = 10cm
A. Dién tich ddy hinh tru: Sy = 7R? = 3,14.100 = 314 (em?)
B. Dién tich toan phan hinh truy :
Sip = Sxq + 2Susy = 628 + 2.314 = 1256 (cm?)
C. Thé tich hinh tru: V = nR’h = 3,14.10%.10 = 3140 (cm®)

5© aa N

\ . B
.... : / p

el T

ol Hinh 2

Hinh 1
Khi hinh chif nhat quay mét vong quanh AB thi duge hinh tru ¢é bar
kinh dudng tron day R = a, chiéu cao h = 2a (H.1), lic d6 thé tich V
cta hinh tru la: V, = nR?h = na’.2a = 2na° (1)
Khi hinh chit nhat AB€D quay mgt vdong quanh BC thi duge hinh tn
¢6 ban kinh ddy R = 2a, chiéu cao h = a (H.2), lic d6 thé tich V, ci

hinh tru 1a: V; = nR%h = n(2a)%a = 4na’ (2)
A% 2ra® 1
1 2 L= === V=2V
()v&(}=t V, ~ and® 2? 2 1

5880 10

6.(A) Trong 10 phit vdi nudc chay duge = 980 (1) = 0,98m?

Ta c6 thé tich V, cia nuéc trong bé 1a :V, = Sh
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(S : dién tich ddy bé, h 1a chiéu cao cia nudc trong bé)
4 8=t B0 ~ 0,82 (m
1, 2
Vay thé tich V cua bé nudc 1a :
V = Sh (S : dién tich ddy, h : chiéu cao ctia bé) g
~0,82.1,5 = 1,23 (cm®) :
7.(D) Tir ASHA vuéng tai H, ta c6 :

R = V252 - 152 = V400 = 20 (dm) A

e S, = nRI = 3,14.20.25 = 1570 (dm?)
e S, = Sy + Sqay = 1570 + 3,14.20° = 2826 (dm?)

e V= énth = %.3, 14.400.15 = 6280 (dm®)

25d

8.(B) . ASHA vuéng tai H ¢6 A=60° nén bﬁng nita tam gidc déu canh

SA=12cm
1 1 ' S
_— = - — - = .
AH=R 5 SA 2.12 6 (cm) N:.s.;

SAv’g _ 12\/5 — 643 (cm)

SH = h = -
2 2

o

AY

V= -15 aR%h = -}3—.3.14.62.64'_ = %.3, 14.36.6.1,73 = 391,12 (cm?)

9.@ Theo dé bai ta ¢é hinh tru va hinh nén cé cung ban kinh dudng
tron day R = 2dm va cung chiéu cao h = 6dm.

e Thé tich V; cta hinh tru la :
V) = nR?h = 72%.6 = 24n (dm°) j
e Thé tich V, cia hinh nén Ja : .~ |6dm

V, = X nR%h = lzt.f—Lf:‘n = 8n (dm*) -
3 3
Thé tich V con lai cia khéi g6 1a : -
V=V,-V,=24n - 8n = "3n = 16.3,14 = 50,24 (dm?)
10.(C) Goi a, b, ¢ 1a d6 dai cac canh cia AABC vuong tai A (BC =

AC=b,AB = ¢). Vé dudng cao AH = h, ta cé: h=l—: va a? =b? +¢c?

Khi AABC quay mét vong quanh BC ta dugc hai hinh nén cé cung
ban kinh d4y 1a h va chiéu cao 12 BH va CH, ta c6 :

_1 .2 1 2qpp_1 .2 oL
Vll-sr:h .BH+31:h CH 3nh (BH + HC) th BC

5
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1 (bc ]2 nb2c?
= —T| — a =

3 a 3a

: 9a?
V2 it
Khi AABC quay m¢{t vong quanh AB, ta dugc mot hinh nén cé ban
kinh day 1a b va chiéu cao la ¢, ta c6 :

Vy = i nbZc
3

(1)

%

1 9
= — = gy (2) MR ;

Khi AABC quay mdt vong quanh AC sinh ra mét hinh nén c6 bén
kinh ddy la ¢ va chiéu cao la b, ta cé :

- B

i 3 1 9
Vo==nc“b = = (3)
T8 vZ  nlclp?
1 1 9 9
(2) va (3) = + = +
vi Vi xPble?  A%bic!
2 2 2
=9(b2:?1)= 29344 (4)
n“b’¢c n“b’c
1 1 1

(1) va(4) » = +
Vi V3 oV3

11.® Thé tich V, ca hinh nén 1a: V, = %nazh (em?) (1)

Thé tich V; cia hinh tru l1a: Vo = na®h (cm?) - (2)
L RE 1
(Mva(2)=> L == =V, = -V
YRR V, 3 1= 32

Vay khi chifa diy c4t vao hinh nén réi dé hét cat vao hinh tru va
do hai binh nay c6 dién tich ddy bang nhau nén dd cao cia cat

trong hinh tru la %cm.

= AB\3 = 1043 = 53 (cm)
2 2
e O la tdm dudng tron noi tiép dong thoi
12 trong tAm cGa tam gidc déu ABC
53
3

12.@d) Ta c6 :» AH

:::OH:r:-%AH= (cm)
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e Thé tich V; hinh nén sinh ra khi cho AABC quay mot vong
quanh AH la :

,14.125.1,73

v, = -{%n,HBz.AH . %.R.B“E.SJ: =5 ~ 226 (cm”)

e Thé tich V, hinh cau sinh ra khi hinh tron noi tiép AABC quay
mot vong quanh AH 14 :

3
v, =4 ure - ;[5;@} _ 43141253173 0o,

» Thé tich V hinh nén bén ngoai hinh cau la:
V=V, -V, =226 - 101 = 125 (cm?)
13.(D)Hai nifa hinh ciu tam O va O’ tiép xic nhau nén 00’ = 8dm.
D6 chinh 14 chiéu cao cia hinh tru, ta c6 :
Dién tich xung quanh cua hinh tru la :
S«q = 271Rh = 21.4.8 = 64n (dra®)

Dién tich bén trong hai nda mat cau la :

2
4R o 4716 = 647 (dm?)

Do dé dign tich toan bo khoi go la : ’

S = 64n + 64n = 128n (dm?)
14.(B) Goi R 1a ban kinh d4y cta hinh try thi chidu cao ctia n6 la 3R.
Thé tich V, cta hinh tru nay la: V, = nR%3R = 3nR® (1)

Thé tich V, ciia hinh c&u ¢6 bén kinh R 1a: V, = %::R‘“ ©)

3
(1) va (2) = 1 _ SR” _
Vo 4 p3

4
4

15.©Thé§ tich V| nuédc trong binh hinh tru la:
V, = 1.12%18 = 25921 (cm®) |

Thié tich Vs visi bi hiah el Vo= %n.ef’ - 2887 (cm?)

Thé tich nuéc tran ra ngoai binh bing thé tich vién bi chodn chd.Do d6
thé tich nuéc trong binh con lai :
V=V;-V;=2592r — 288n = 2304~ (em?®).
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ON TAP cUGI NAM

. (B9 dé tu luyén)

A. Céau héi trdc nghiém
. 2\: 2 - Jg

Céu 1. Rat biu thic : P = —~-—_- +

1 gon bieu C J2+\."':;+J§ ﬁ-ﬁ—ﬁ

A P=J3-2 B.P-J2-J3 C.P=.3 D.P=2

- —y-1=0
Cau 2. Gidi hé phuong trinh: {" 4 . Nghiém ciia hé 1a:
x-2v+1=0
A (x;y) =(-1; 2) | B. (x; y) = (2; -3)
C.(x;y) =(3;2) D.(x; y) = (-4; 3)

Cau 3. Xac dinh hé s a ciia ham s6 y = ax?, biét ring dé_thi (P) coa
ham sd di qua M(1; -2)
A a=-2 B.a=—-;- C.a=2 D.as

Lo |

Cau 4. V6i gid tri nao cua m dudi day thi phuong trinh bac 2
x2 —mx -1=0 c6 nghiém kép.
A m=-3 B m=-1 C.m=2 Dim=1

Cau 5. Trén dudng trdn (O; 10cm) ldy hai diém A va B sao cho
AOB =120°. Dién tich quat tron AOB bang:

A. 100cm? B. 105cm? C. 120cm? D. 145cm?

B. Phan ty luan

1+ 2x 1-2x . V3
= tal X = -tir-

= +
1+4/1+2x 1-y1-2x
Bai 2. Giai phuong trinh x® - 2(J§ - l)x -2J3=0

Bai 1. Tinh gid tri cia biéu thic: A =

Bai 3. Cho tam gidac ABC vu.c‘mg tai A, dudng cao AH. Puong tron dudng
kinh AH cit AB va AC l4n lugt tai D va E.
a) Ching minh t gidc BDEC néi tiép
b) Goi M la trung diém cia canh BC. Ching té rdng AM vuéng géc véi
DE. -
¢) Biét ring AB = 10 cm, AC = 12 cm. Tinh d6 dai doan thing DE.
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bé 2
A. Cau héi trdc nghiém

Cau L. Tim x 48 bidu thige ,jx+2 - J3x 06 nghia.
X

A x<0 B.x>0 C.xx3 D x<2
Cau 2. Cho ham s6 y=x*(P) va y=2x-1 (D). Khing dinh nao sau
day dung?
A. (P) va (D) cat nhau tai hai diém phan biét
B. (P) va (D) tiép xic nhau
C. (P) va (D) khong cé diém chung nao
D. Chi ¢6 A ding.
Cau 3. V6i gia tri nao cia m dudi day thi phuong trinh 3x® -4x+m =0
c6é hai nghiém phan biét?

A m=2 B.mc<«3 C.m>% D.m>%
Cau 4. Nghiém cua phuong trinh V15-x + V3-x =6 la:
A x=-1 B.x=1 C.xz-—% . D.x=3 o

Cau 5. Cho tam gidc ABC vudng tai A c6 AB = 6cm, AC = 15cm. Thé
tich cba hinh sinh ra khi cho AABC quay mét vong quanh AC la:
A. 545,5 cm® B. 386,6 cm®  C.5652em®  D.652 cm®

B. Phan ty luan

Bai 1. Cho phuong trinh X +mx+1=0 ¢6 nghiém Ja x; va x,. Tinh gid
tri cia bidu thue x3 + x5

Bai 2. M¢t phong hop c6 100 ngudi duge sdp xép ngdi déu trén cdc day
ghé c6 trong phong d6. Néu c6 thém 44 ngudi thi phai ké thém hai day
ghé& va méi day ghé phdl bd tri thém 2 ngudi nira. Héi hic dau phong
hop cé bao nhiéu day ghé?

Bai 3. Cho duong tron tam O, dudng kinh Ab. Trén doan AB ldy hai
diém 1, J déi xing nhau qua O. Goi M 12 mot diém trén dudng tron
khdac A va B, cac tia MI, MJ, MO cidt O) theo tha tu tai C, D, E.
Dudng thdng qua D song song véi AB cdt MC, ME l4n lugt tai H va K.
1) Ching minh ring KH = KD
2) Ké OI vudng géc véi CD. Chimg minh ring ti gidc IKDE néi tiép.
3) Goi F la giao diém cia hai duodng thdng AB va CD. Ching minh EF
la ti€p tuyén ctia dudng tron (O).

[ ]
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A. Cau hoi trac nghiém

Céu 1. Nghiém cia phuong trinh vx? - 2x = 2 - x la:

A x=-3 B.x=2 Cx=4 D.x=0

Cau 2. X4c¢ dinh cac hé s6 a va b, biét ring hé phuong trinh:
2x+ by = -4 -
{bx R ¢6 nghiém (1; -2)

A (a;b) =(1; 3) B. (a; b) = (-4; 3)

C. (a; b)=(-3; 3) D. (a; b) =(-3; 5)
Cau 3. T4p nghiém cia phuong trinh x* +5x% +1 =0 la:

A. S ={1,3} B. S={-24} C.S={0;1} D.S=0

Cau4. V6i gia tri nao cia m sau day thi phuong trinh
7x2 +2m-1x-m? =0 ¢6 nghiém?

A m3>?2 B. m < _%

C. m<4 ~ D. Véi moi gid tri cia m
Céu 5. Cho hinh bén, dién tich caa ti gidac ABCD béng: B

A. 53 cm? B. 78 cm® '

C. 60,4 cm? D. 84, 6 cm®

B. Phan ty luan \ .
Bai 1. Tim x dé céc biéu thdc sau ¢6 nghia:
- e A 8cm
+ X G

b s

Bai 2. Cho phuong trinh x? + 3x + a = 0. Xdc dinh a dé phuong trinh:
a) Cé hai nghiém trai ddu
b) Cé6 hai nghiém déu duong .
Bai 3. Mot ti gisc 16i ABCD ¢6 A =90°, AB = 3,6cm, BC = 8cm,
CD =10cm va DA =4, 8cm.
a) Chiing minh rang hai tam giac ABD va BDC déng dang.
b) Chiing t6 rang AD la hai tiép tuyén cia dudng tron ngoai tiép tam
gisc BCD. -
¢) Tinh thé tich cGa hinh sinh ra khi cho tif gide ABCD quay mét vong
quanh canh CD ¢6 dinh.

a)
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Bé 4

A. Cau héi trac nghiém
Cau 1. Cho hai duong thang: (D;):y =3x-2 va (Dy):y=x+4. Toa
do giao diem M cua (D) va (D) la:

A M(1; 5) B. M(-3; 7) C. M(3;7) D. M(-1; 2)
s s ; 2x+3ly|=13 .
Cau 2. Nghiém cua hé phuong trinh: T vei y 20 la:
3x-y=3
Ay =(2:3) " B. (x;y) = (-1; 5)
C. (x:y) =(-3; -2) D.(x;y)=(4;0)

Cau 3. Cho hai ham s6 y = x* (P)va y = 3x - 2 (D). Toa d¢ giao diém clia
(P) va (D) la:

A (-1; 1) va(2; 3) B.(1; 1) va (2; 4)
C.(2;0)va(1; 3) D.(1;2) va (-2; 4)

Cau 4. Cho hai dudng tron (O) va (Q’) céit nhau tai A va B. Tiép tuyén ké
tif A déi vai (O) cat (O) tai C va tiép tuyén véi dudng tron (O) tai A
cit (O) tai D. Khang dinh nao sau day ding?

A CBA-_DBA B.CBA-2DBA C.CBA-;DBA D. CBA - DBA

Cau 5. Cho hinh chit nhat ABCD c6 AB = 5¢cm, BC = 12em. Thé tich cla
hinh sinh ra khi cho hinh chit nhat ABCD quay mégt vong quanh canh
BC c¢6 dinh bing:

A. 862 cm® B. 845 ¢cm® C. 942 cm? D. 950 cm®

B. Phéan ty luédn

Bai 1. Giai phuong trinh: 2V3x% + x+1 = V3(x + 1)

Bai 2. Mét cand chay trén séng trong 7 gid, xudi dong 108 km va ngugc
dong 63 km. Mot 14n khée, cand ciing chay trong 7 gid xudi dong 81
km va ngugc dong 84 km. Tinh van t8c dong nudc chdy van toc that
cua cané (van t6c that cia cané khéng dé6i) |

Bai 3. Cho tam gidc ABC c¢6 ba g6c nhon ndi ti€p dudng tron tdm O, céc
ti€p tuyén tai B va C cdt nhau tai N. Vé diy cung AM song song vdi
BC, dudng thidng MN cdt dudng tron tai diém thd hai 12 P. Doan
thdng AP cit BC tai D.

a) Ching minh ring DB = DC
1 1

b) Gid sif 5 + =5 - "iIE' Hay tinh d6 dai doan BC.
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