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LE MAU THONG - LE MAU THIEN

BAI TAP TRAC NGHIEM

TOAN 9

TAP 1

NHA XUAT BAN DAI HOC QUOC GIA HA HOI



LJi néi dau

(Quyén sach BAI TAP TRAC NGHIEM TOAN 9 (Tap 1) duge bién
oan ttheo chuong trinh Todn 9 hién hanh.

MNhirng bai tap thudc loai tridc nghiém cé nhiéu lua chon da dang,
luoc :sdp xép tur dé dén khé nham giup hoc sinh tu hoc, tu rén luyén
:ién tthifc toan tif co ban dén nang cao.

MWoi dung quyén sach gom co :

e IPhan dai sé :
-— Chuong | Can bac hai — Can bac ba
-— Chuong I Ham s6 bac nhat

¢ FPhan hinh hoc :

-—— Chuong 1 Hé thuc lugng trong tam gidac vuoéng .

— Chuong II  DPudng tron

MGi van de trong chuong déu c6 phan tém tat kién thice co ban, bai
ap trzdc nghiém :

Cou6i moi chuong déu cé phan on tap chuong va huéng dan cach giai
not sco bai tap cua chuong.

P’han 6n tap cudi nam hoc la bé dé tong hop gitip hoc sinh tu lam,
u kieim tra danh gia két qua hoc tap cia minh.

T'ac gia hy vong quyén sach nay con giip phu huynh hoce sinh cé tai
iéu dé huong dan, kiém tra viéc hoc toan cia con em minh.

D) ching t6i ¢6 gang nhiéu trong qua trinh bién soan nhung chac
thong: tranh khoi mot so thiéu sot. Rat mong nhéan duge y kién déng gop
# ‘bam doc dé giup ching toi cé diéu kién hoan chinh quyén sach nhim
bhue wu ban doc tot hon.

Cac tac gia -



PHAN BAI SO
CHUONG 1. CAN BAC HAI - CAN BAC BA
Van dé 1. CAN BAC HAI

A. KIEN THUC CAN NHO

[1] can bac hai
Pinh nghia
Cdn bac hai cua s6 a khong am la 6 x sao cho 2* =a
e Ma¢di s6 thuc a duong c6 ding hai can bic hai 14 hai 56 déi nhau
- 86 duong ki hiéula Ja
-~ S64am kihiéuls - Ja
e S§ 0 c6 ding mot can bac hai la chinh s 0, Jo =0.
* S§ a am khong cé cin bac hai, khi d6 ta néi bidu thic Ja
khéong c¢6 nghia ( Va khong xdc dinh).
Vidu:
e J49-7vi49="T"
e S8 16 ¢6 hai can bac hai, 46 1a: V16 =4 va /16 = - 4
EI Can bic hai sé hoc '
Pinh nghia
*  Vdi s6 duong a, Ja duoce goi la cdn bdc hui sé hoc ciia a.
S6 0 ciing duogc goti la cdn bdc hai sé hoc cia 0.
e S6 x la cdn bdc hai s6 hoc ciia a, ki hiéu x =+/a .
o V120 va (Va)i=a
Vidu 1:
¢ Cin bac hai s6 hoccia91a3 (V9 =3)vi 9= 3%
o Can bac hai s6 hoc ctia 121 1a 11 (V121 =11) vi 121 = 11%

Vidu 2: e (Jﬁ)2=15

2
. ( x2+1) =x2+1




3] So sanh cac can bac hai sé hoc
Pinh li
Véi a, b 1a hai s6 khéng am,tacé:a<be Ja < Vb

Vidul: 10>9= J10>9 =3
Vidu 2: So sanh 7 va J47
72 = 49
o {(J4_7'-)2~47
Ma 49 > 47 nén 7 > /47
= Chu ¥
* Néux=+Ja thix >0vax’=a.
* Pdo lgi, néux >0vax’ =athix= Ja.
x>0

XQZH

Tém tdt x -Ja o {

B. BAITAP

1. Tim can bac hai s8 hoe cua cac s : 0,01 ; 0,49 ; 0,0081 ; 0,000064.
Khé&ng dinh nao sau day sai?

A. 0,01 =0,1 B. 0,49 = 0,7
J0,0081 = 0,009 D. 0,000064 = 0,008

2. Trong cac s6 -6 2 \/7 \/— — (= 6°) thi s6 nao la can béc hai

s6 hoc cta 36. _

A8 7 B. V6 C. -Ve? D. —J(—?}
3. I{hﬁng. dinh néo‘sau day dung?

A. Can bac hai cua 121 la 11

B. Can bac hai caa 144 1a 12

C. V169 = +13
D.Can béac hai cua 225 1a 15 va -15
4. Pang ghi B, sai ghl S vao 6 trong:

A ]4>V25 B. [ ]6<v39
C.[ J]2<v2+1 D. [ J1<¥3-1




5. Khang dinh nao sau day dang?
Cho s6 duong a :

A.Néua>1thiJa>1 B. Néua> 1 thia > a
C. A), B) déu ding D. A), B) déu sai
6. Khang dinh nao sau day dung?
Cho s6 duong a : ' .
A.Néua < 1thiJa<1 B. Néua< 1thi a<+a
C. A) dung ; B) sai D. A), B) déu ding
7. Tim s6 x khong am, biét Vx < 8
A.x > 16 B. x<16 C. x<64 D. x>64

8. Tim x, biét: x* = 7 (két qua lam tron dén chid s6 thap phan
thd hai)
A.x;,=265vax;,=-2,65 B. x; =283 vax,;=- 283
C. x,=3,14vax;=-3,14 D. A), B), C) déu sai
9. Tim x, biét x? =7 (két qua lam tron dén chir s6 thap phan
thi ba) ' '
A.x=1,5628 va x = - 1,628 B. x=1,627va x = - 1,627
C. x=0,845vax=- 0,845 D. x=0,947 va x = - 0,947
10. Giai phuong trinh Jx = -2 (%)
A. Phuong trinh ¢6 nghiém x = - 4
B. Phuong trinh c¢6 nghiém x = 4
C. Phuong trinh c6 nghiém x =+ 4
D. Phuong trinh v6 nghiém

"PAP AN

Bai 1 2 3 4 5 6 7 8 9 10

Cau | C B D x C D C A B D




Van dé 2. CAN BAC HAI VA HANG DANG THUC VA2 = | A|
A.  KIEN THUC CAN NHO

[1] c&n bac hai ciia mét bigu thic

Dinh K Vi moi s, tacd Jab =],

-Vz’dg V(5 -2 =|J5 - 2|
Ma 5 >2nén V5 -2>0= |\5-2|=56-2

Vay J(v5 -2)% =5 -2
Giai
e Tacéy=x+1++(x-1)>2 =x+1+[x-1|
Max>1nénx-120=|x-1/=x-1
* Vayy=x+1l+(x-1)oy=2x(x=1)
Téng quat
¢ Néu A la mét biéu thie dai s6 thi biéu thie VA duge goi la can
thite bdc hai ctia A, va A dugc goi la biéu thite ldy edn hay biéu
thite duédi ddu cdn.
¢ JA xdc dinh (c6 y nghia) khi A >0
Vidu:e Jx+1 xéédinhc:»x+ 120x2-1

4 - 0
41 xécdinhc::»{ B S4-x>0x<4
-X

4-x20
(2] Héing ddng thitc Va2 - |A|

o JVAZ=AnéuA>0
e JVAZ=_AnéuA<o0

Vi du: Rt gon biuthic P=x+2+yxZ-4x+4 (x>2)
Giai

* Ta c6:
P=x+2+ Jx-2%=x+2+ |x-2|
Max>2nénx-220= [x-2| =x-2
o ViyP=x+2+x-2hay P = 2x




R. BRAITAP

1. Khang dinh nao sau day sai?

A. J/3x xdc dinh <> x >0 B. V-9x xdcdinh <> x<0
C. -}i-é—? xdc dinh & x> 5 D. _49 x4c dinh x > 7
x =

2. Pién vao chd trong (..) dé duge cde khdng dinh ding ?

A. Diéu kién xac dinh cia -3xy” la ...

.z _ # . - [ 2. 1x
B. Diéu kién xac dinh cua V5 -4x la ..
A

C. Diéu kién xac dinh cia vx® -81 la ...

By -1

D. Diéu kién xdc dinh cua = 1
4x
o ey o [aZ4]
3. Pieu kién xac dinh cua | —— la:
a
A.az0 B. a<0 C. a>0 D.a>-1
3
N . 1-
4. Piéu kién xac dinh cua (——ELJ— la:
xX° + 3
A x<1 B. x>1 C. x<38 D. x>-3
5. Piéu kién xdc dinh ciia Vx* + x - 6 la: |
A.x<?2 B. x>-3

C. x<-3hodcx>2 D. -3<x<2
6. Khing dinh nao sau day sai? .

2
A. 8+2J15 = (3 + J5) B. J2-3?%2=2-3
C. v6-2J5=5-1 D. J10-4J6 =2-6
7. Gidi phuong trinh : V4x% =x +1
A. Phuong trinh c6 nghiém: x = -1 va x =—1:§
B. Phuong trinh ¢6 nghiém: x = —% vaix=1l

C. Phuong trinh ¢6 nghiém:x=1vax=-1
D. A), B), C) déu sai



8. Giéitphmmg trinh: Vx% +6x+9 =3x - 1.
A. Phuong trinh ¢6 nghiém: x = 2
B. Phuong trinh ¢6 nghiém: x =-2vax=2
C. Phuong tr'inh c6 nghiéem: x=3vax=2
'D. Phuong trinh c¢é nghiém: x = - 3 va x = 2

9. Rit gon bidu thirc: P = 2,(-3)° + 4,(-2)°

A.P=-108 B. P=118
" C. P=J3+2 D. P= 2/3+42
2
10. Rat gon biéu thae: Q = i +§‘/§;+3vé’ix¢i\/§
x p—
A. Q- V3 B. Q:x—\/ﬁ
x—-3 x + /3
C. Q=x+J§ D. Q:x+\/§
Xx-3 x - /3
DAP AN

thal Dl atelalelnpl sl al 84 b

Vin dé 3. LIEN HE GIUA PHEP NHAN
VA PHEP KHAI PHUONG

A. KIEN THUC CAN NHO
[1] Dinh i , R
Véi hai s6 a va b khéng am, ta c6 Ja.b = Va./b
. Pinh li trén c6 thé mé réng cho tich ciia nhiéu s6 khéng dm (Cu thé
| voia;, b, c, ... 20 ta co Jabe = Jabac...)
El Ap dung
a) Khai phuong mét tich
Quy tic




Muén khai phiong n_:.{}r tich ciia cde s6 khong am ta co thé khai
phitong tieng thia sé roi nhan cae két qud véi nhau. .
(Ja.b = Ja.Jb véia>0vab >0)
Vidu I: V1681 = J16 « /81 =4 x 9 = 36
Vidu 2: J128 = /64 <2 = /64 x V2 = 82
b)) Nhan cac can thude bac hai
Quy tdc

Muén nhén edc can thie bdac hai cia cdc sé6 khéng dm, ta c¢6 thé

nhan cdc s6 dudt dau cdn vor nhau réi ldy cdn bac hai cua két qua do.
(Ja.Jb = Ja.b véia>0vab >0)

Vidu I: \E\@ J2.8 = 16 = 4

Vidu 2: 27.J3 =273 = /81 =9

4 2
*  Dgc biét, voi biéu thuc A>0,tacé : (VA) = JAZ? = A
2
Vi du 1: (\/7—\/5) G B

3
Vidu 2: Véix>3taco (\fx—B) =X-—3

B. RAITAP
1. IKhang dinh nao sau day ding?
A. V580 =20 B. /90.6,4 =24
. |21,8% 18,22 - 12 D. A), B), C) déu ding

2. ‘Tinh: M = 117,52 — 26,52 - 1440 _
A.M = 108 +B. M=110 C.M=120 D. M= 135

3. Tinh: N = /146,52 - 109,52 + 27.256

A.N = 96 B. N = 108

C. N =128 D. A), B), C) déusai
4. Tinh: T = J7+13.47-13 |

A, Ta—8 B.T=6

O TwT+ /13 D. T=7-13



5. Tinh: E = 3V5(v2 - 2) + (3 + V5)% - 3410

A.E=2/13 B. E=-6J14 C. E=-13 D. E=14
\fﬁ+\!19
6. Ritgon: P= —  ———
& 25 + /38

R 1

A.P=2 B. P=—" C. P=23 D Peot

V2 J3

7. Cho céc biéu thic: M = Vx+3.Vx-5 va N = [f(x +3)(x-5)
Diéu kién dé M va N dong thoi c6 nghia la:
A.x2>25 B. x<-3
C. x<-3hoacx=>5 D. A), B), C) déu sai

8. Didu kién d& 4vx +4 + Vx2 - 16 ¢6 nghia 12 :

A.x=-4 B. x=4 C. x>4 D. x<4
V2 + V3 + V6 + V8 + V16 ‘
9. Rat gon: E = —
B J2 43444
A.E=1+5 B. E=1-v3 C. E=v2-1 D. E=1+2

10. Pang ghi D, sai ghi S vao 6 trong:

A.ijx-,ﬂzlwx:fl B.D«Ji}x— =—4<:>x=~-;—

C.___\\J_2x-—§==\f§ax=4 D.[:]\Jx2+1;lc>x=1

DAP AN

Bai { 1

(5]
w
=Y
>
o)
-3
Qo
0

10

Cau | D A C B D B A

10




Vin dé 4. LIEN HE GIUA PHEP CHIA VA
PHEP KHAI PHUONG

A KIEN THUC CAN NHO

|1| Pinh li
Véissa=0 va b>0,taco a_Ja
b b
(2] Ap dung
a) Khai phuong mot thuong
Quy tdc

Muén khai phuong mét thuong %, trong dé s6 a khéng dm va sé b

duong, ia co thé lan lugt khai phuong s6 a va khai phuong s6 b, réi
ldy két qua thit nhét chia cho két qua thit hai.

. o
Néua >0 va b>0 thi \E:"_‘i

Jb
[or (o= "
Vidu I: . Vidu 2: i=j_=l
36 36 6 9 49 7
b) Chia hai can thitc bac hai
Quy tac

Muén chia cdn bdc hai cia s6 a khong dm cho cdn bac hai cua
s6 b duong, ta cé thé chia sé a cho s6 b réi ldy can bde hai cia

thuong dé.
Néua20,b>0 thi--{E =\/E
Jb Vb
Vfdul' —@:J@:@:3,Vfd112 —2: 1; _1_=1
J7 7 32 V32 V16 4
B. RAITAP
1. Khdng dinh nao sau day sai?
g 1 V15 1 J480000 12°
A, —=— B. —== C. ———=4D. =2
J27 3 V135 7 300 Jo2 65
2. Tinh M = /1,69.1,38 - 1,69.0,74
A.M=104 B. M=164 C.M=208 D.M=214

11




’1252 - 1002

3. Tinh: N = \j
Ak Wias2 e
2 15
C. N=2 D. Mot két qua khac
2 5 -
4. Rat gon: P = - viix<0,y#0
2.4
X“y
A.P=5 B. P=-J5 C. P = xyJ5 P = -xyJ5
o —
5. Rat gon: Q = £{El;“mi\.r(’)’ia<4
a—4 a+4 4 -a 4 —a
A.. - B. = C. = D. =
Q 2 Q 4 Q . Q 41
. 9
6. Rat gon: E = 2= Gxt_{c_ vdl x > 3
(%~ 3
A.E=3-x B. E=x-3 C. E=1 E=-1
f 'xy
7. Rat gon: F = (x - y). —— yilx =yl
(x - y)
A.F =[xy B. F=-/xy
C. F= Jxy ' D. A), B), C) déu sai
X=Y
AT e =
8. Rut gon réi tinh gia tri cua: T = [{x U‘, . ol (x<2)
(2-x)° x-2 '
taix=-1
AP B, T=-3 € T=> o £
2 3
9. Tim x, biét: \/4::2 +4x+1=5
A.x=2hoacx=-3 B. x=-2hoacx=3
C. x=1ho&cx=-4 D.x:dhoaci;:=l
10. Tim x, biét : (3 - 13).3x > /2(3 - V13)
Pé tim x, ban Tam da lam nhu sau: (3 - V13).3x > V2(3 - J13)
Buée 1 <> 3x > V203 - “—3]
318

12



Bude 2 > 3x > V2
J2

Buée 3 & x >

Theo em, ban Tam lam dung hay sai
Néu sai thi sai ti budc nao.

A. Cac bugc déu dung B. Cac budc déu sai
C. Sai tir bude 2 D. Sai tir bude 3
DAP AN

Bai | 1 | 2 | 3 | 4 5.673910

e e

P I

C&uCAD;BchBDAB

Van dé 5. BIEN POl DON GIAN
BIEU THUC CHUA CAN THUC BAC HAI

A. KIEN THUC CAN NHO

|l| Dua thira sé ra ngoai dau can

V6i hai biéu thic A, B voi B > 0, ta c6: VAZB =|A|JVB, nghia la :

NéuA >0va B 20 thi JAB = AVB ;
NéuA<OvaB>0thi JA2B = -AVB.
Vidu 1: V15 =523 = 53

Vidi 20 Jx-126 4 =[x 1o a =

@ Pua thifa sé vao trong dau can
NéwA >0 va B >0 thi AVB = JA%.B.
NéuA<OvaB 20thi AVB =-JA2B.
Vidu I: 62 = V622 = /72
Vidu 2:¢ Né&ua>3thi (a-315=y5-3° (vix-320)
e« Néub<1thi(b-1)JV2=-y2b-1?% (vib-1<0)

—— |(x-1Vx%+4 néu x>1
~(x-1Vx%+4 néu x<1

13




R. BAITAP

1. Khang dinh nao sau day dang? |

A. 0,1440000 = 20 B. -0,005V62500 = -1,25

C. ~1—31 11.99m? = -9m| . D. A), B), C) déu ding
2. Pién d4u thich hop (<, >, =) vao chd trong:

A.3V2 [ ] V12 B. 7[ |43

C. %\/5_1 I:%\hf;o D. %J:%[:lﬁ\g
3. Rit gon : M = %ﬁw3m+%m

9 228 13
A.M=-45 B.M=--2-JE C. M=-é-\/5 D. M=-6—J5
. 3 4 4
4. Rat gon: N = =18 £ =27 - = J300
5 3 156
38 15 .19 38 =
A . N=-—.3 B. N=-—Jy3 C. N=-—J5 D. N=-—5
15 & 38 v 5 v 15 v

5. Rat gon: P = 3/8x - 5J/48x + 9/18x + 5/12x

A. P - 436x B. P-23V56x

C. P=33/2x -10V3x D. A), B, C) déu sai
6. Gidi phuong trinh: . S 50 1

2x -1

A. Phuong trinh ¢6 nghiém la: x = 0

B. Phuong trinh c6 nghiém la: x = 1

C. Phuong trinh ¢6 nghiém la: x = - 3

D. Phuong trinh v6 nghiém
7. Giai phuong trinh: :;x *? B

. x -

14

A. Phu’dng trinh c¢6 nghiém la: x = 0
B. Phuong trinh ¢6 nghiém la: x =1
C. Phuong trinh c¢6 nghiém la: x = -3
D. Phuong trinh vé nghiém



T A
8. Giai phuong trinh: .| — | x“ =3
\ 7))
A. Phuong trinh ¢6 nghiém la: x = +/7
B. Phuong trinh c6 nghiém la: x = + 7
C. Phuong trinh ¢6 nghiém la: x = ig

D. Phuong trinh v6 nghiém :
9. Cho hai 86 a, b khéng am. Khdng dinh nao sau day dung:

A.'a;b<@ B. a;b=Ja—b
a+b a+b _+ab
C. > yJab D. >
2 Vab 2 3
10. Vé6i a duong. Khaing dinh nao sau diy ding:
A.a+l:_>2 B.'a+~1—£3 , B a+la4 D. a+ls4
a ) a a . a
DAP AN

Bai 1 2 3 4 5 6 7 8 9 10

Cau | D X B A C B D B C A

Vindé 6. BIEN BOI DON GIAN

BIEU THUC CHUA CAN THUC BAC HAI (ti€p theo)
A KIEN THUC CAN NHO

m Khi mau cta biéu thuc I8y cén
Véi cac biéu thu’c A, B ma AB > 0 va B = 0, ta cé

B

15



12| Tryc can thic & miu

a) V6i cdc biéuthic A, B v6i B > 0, l:zan':fj-:—jﬁx—z-ﬂi\{—]§
_ : JB B
Vidu I: lzgfar ;s Vide 2; : = 8 +4 (a>-4)
J3 3 : Ja+d a+d
b) Vé6i cdc bidu thic A, B,Cma A>0va A= B? tacé:
+ _C _CWA-B) . C _CWA+B)
JA+B  A-B? JA-B  A-B?
, 5 5(+/3 - 2)
Vidu I: = = -5(/3 - 2)
342 3-4 ¢

Vi du 2: X '=x(\fx+4—2}= g
e Jx+4 +2 Xx+4-4 A

c) Véicéacbiéuthic A, B,CmaA>20,B>20va A=B,taco:

e g, CBNESEY . g o OE o)
A+VvB  A-B | JA-JB . A-B
L 2 23 +2) :
Vidu: e = = 2(J3 + V2)
j V3 +42 4-2
4 4(\(_+ﬁ.)
[ ] = = —2(\/5 = ﬁ) .
V-1  5-17
' B. RAITAP
1. Khir m4u cia biu thirc 1dy c&n: Khang dinh nao sau day ding?
A \/? 21 B. [50_53
AR 6> 8
O, j08 . PO s b D. A), B), C) déu ding
8b  3b
2. Khit miu cha biéu thic l1dy can: Khing dinh nao sau diy sai?
146
"\500 50
B. \jhig L TS T
a g a
c. [1-V3? 23-V3
) 12 3
D. 4{5:—)?} G =4J3(x-y) véix>y>0
(x -y)

16



. Truc can & mau
buang ghi D, sai ghi S vao 6 trong:

A-[:I 15 :15\/’% B.Di=hﬁ
J7a? 7a J18 2
=1 v2m : 30
C. = - (véim < 0) D. 215
L] 3/200m  30m O [ NN

. Truc c&n ¢ mau.

Khéing dinh nao sau day sai?

3 3(J3-1) 1 5+J_
A. - B.
V3 +1 2 5_J5
sﬁ—\/g 5+ 21
C. = D. A), B) ding ; C) sai
ﬁ+\/§ 2 g
. Truc cidn ¢ méu: P = 4
7+ 2J10 |
A.P:Jg_ﬁ B. P:\/EJ”@C. P:‘E"Jgn P- -.L’*"E
-3 2 3 2
1 1
. Ruat gon: = — "
gon: Q 3-2y2 3+2J9
A.Q:—%ﬁ B. Q- 4.2 C.in‘-\fﬁ D. Q--
. Rat gon: M = a—_2”via_ véia>0
Ja -2 .
»
A.M=a B. M-al/a C. M=-2/a D. M=-aJa
- x o . 1
. Truccaindmaucua N= ————
' (V5 + JV3)?
A.N“f%"/5 B. N:‘/E'4
4 2
C. N=4'2:/ﬁ D. Mot két qua khéc

. Ping ghi b, sai ghi S vao 6 trong:

2
28C-VD* o0 f

6B+ o

A. - 2(2 B.
J7 42
e[ 2.4 p [ FrhE .
7 J8 7 'l':.,.\uu MMHA NOI

; ﬂ}udf—, TAM THDNG “N,,I.w 17

LC / L5344




10. Véia=V2+ % thi gia tri cia biéu thic P = 2a® + 2a+/2 + 1 bing:

A. V15 B. 16 C. 16 D. - 16
DAP AN

Bai | 2 3 4 5 6 7 8 9 10

Cau |D C D A |B A C x B

Vin dé 7. RUT GON BIEU THUC CHUA CAN THUC BAC HAI
A. KIEN THUC CAN NHO
o Két hop cdc céng thitc & §6, 7 dé riit gon biéu thic chita cdn béc hai.

Vi diu 1 Rt gon: 15\&*%‘%”2‘5 =£’§-§+%J4x5—2£

" =3J5+%.2J5—2J5=(3+1-2)J5=2J5

Vidu 2: 18 -2432 +3J/60 = 9.2 - 2J/16.2 + 3/25.2
=342 -8/2+15J2 =(3-8+15V2 =102
2 —_—

Vidug X8 (2 -3)(x+43)

'x—f . X +43 (x # 13)
: 4 2 \/5 2+\/§_ g 2
?xduéi’ +J_- 5 f R -—2—\/§+2+J3_
, 1 1 x+\/_ x-\y 2
Vidu 5:
EETE Txly oy oy ey
B. ﬂﬂlfﬂp

1. Rut gon céc biéu thic.
Khéng dinh nao sau ddy sai?
A. 4/16a - 3J25a ++/8la =10Va (a>0)

4J‘ 2_ EJ___

_ _ J_
C. J;+\/4,5+J12,5 e

D. A), B), C) déu ding
18



. Khing dinh nao sau day sai?

1 J45 11943
F 2147 S

i
B. 2,5.470 + 700 - 5\/%_ = 10(;““1

C. (V6 +5)% =120 =11
D. (@—2\/§+ﬁ)ﬁ+x/8—4=21

3. Rat gon: M = 9—+J§1§~a\{z viia>0vab>0
b ab :

A.M =-Jab B. M= Jab
C. M:S"ba"’ D. Mot két qué khéc
. 2
t. Rat gon: Q = [1 xVx f](lﬁ"qj viix>0vax#1
1- J; 1-x ;
A. Q=x B. Q= Vx C.Q=1 D. Q=-1
5. Rat gon: L y 5 vo1x,y >0
y X +2xy+y
AM=-x B. M=x c. M-—%_ D M'-=;|"i
X+y X+y
3. Gi tri ciia bifu thie: N = V9 - 45 + y9+ 4J5 bing:
A.N =4 B. N=+5 C. N=V6+4 D. N=2J5
7. Tap nghiém cta phuong trinh: Vx2 -4x+4 -6 =0 la:
A.S=({-3;6) B. S=(4;8)
C. S=1(-4;8) D. S=1{-6;-8)
3. Tap nghiém cta phuong trinh : (3 + Vx)(2+Jx) = x + 3 1a:
A.S=0 B. S=(-9:3 C. S=9:-3) D. S={-3:3)
3. Tap nghiém cia phuong trinh: Jx2+6x+9=J12+6J3_. +-f12—6J§ 1a:
A.S=1[-3) B. S=(-3;6} C. S={-6;9} D. S=1{3;-9)
\[5 .1+ 2x 1-2x
10. Cho x =~ . Tinh gi4 tri biu thic: P= ——=— _ 4~ — 2=
S ke 1+v1+2x 1-v1-2x
AP=-1 B. P=1 C. P=3 D.P=—§
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DAP AN

Bai 1 2 3 4 5 6 f 8 9

10

Cau| D| A|B{C| B |D/|C|A|D

Vindé 8. CAN r}il'fc BAC BA
A. KIEN THUC CAN NHO

m Pinh nghia
e Can bédc ba ciia mét s6 a la s6 x sao cho x° = a.
e Mbi s6 thuc a déu c6 duy nhdt mét cdn bdc ba.

+ Can béc ba cia 36 a duge ki hidu la ¥a .
Nhén xét
* Can bac ba ctia sd duong 12 s6 duong.
% Can bac ba cua s6 4m la s§ Am.
* Can bac ba cta sé 0 14 s8 0.
* Can béc ba cta s6 khong 4m 1a s6 khong am.
Vidu: « ¥8 =2vi8=2°
o Y64 =-4vi-64=(-4)°
@ Tinh chat

a) a<bo a<ib 5
Vidu1: 27<30= ¥27<¥30 =3<¥30
Vidu 2: Sosénh 9123 va 5.
: Giai :
Ta c6 Y125 = 5 ma 123 < 125 nén 3123 <3125 = 3123 <5
Vi du 3: So sanh 536 va 635

3
53/6) =5%6=125.6="750
( ) — 596 <635

Ta c6 A
(&%/5) - 635 = 216.5 = 1080

b) ¥a.¥b = Yab
Vidul: ¥234-=-324-%8-=-2

Vidu 2: ¥5x.Y25x2 = ¥5x25x% = Y125%3 = 5x

20




¢) V&ib=0,tacé g[b £
3
Videt: 38 - Y8 2
27 N27 B
3
Vi du 2 %1/‘;5 _ #5394 - }%g Y544 - Y27 -¥216 =3-6--3
L L 2
1. Khing dinh nao sau day sai:
A . ¥129=9 3 B. 3-343 =-7
C. 3-0,001 =-0,1 D.- A), B) ding ; C) sai
2. Ping ghi D, sai ghi S vao 6 trong:
A.l | 4327 -123-8 - 5J1000 = - 62
B.[ | 3¥3 -9%24 - 79375 - -14%3
C.E%%/Z.z-ﬁfﬁs—%:s ‘
D.[ |3/135:¥5 -354.91 -3
3. Dién dau thich hop (<, >, =) vao ¢ trong:

B. 5[ | #130
D. 793 [ ] 7%-3

A.-4 64
c. 5% [ ] 635

2 = . 1
4. Truccdn o maucua M = ——=
' e
3 3 3
A.M:ﬁ B. ME C,MZE D. M:.‘E’.
3 3 3 3
i e 1
5. Truc cdn 0 mau cua N =
' %/5+1
35 _3 3
A,N:M_a_‘l'l B. N:"%"'l
4 3
3
C. N:‘E;l D. A), B), C) déu sai
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-3

¥ -2

a3
A.F’:Jﬁg5+E B. P=¥25+235+4

C. P=¥25-8 D. P= ¥25+ 310 +4
7. Tap nghiém cta phuong trinh §-3x = -1 la:

6. Truc cin ¢ méu cha P =

1 1

A-S =11 B. S={__l C. s:{-} 5 s=2

3 3

8. Tap nghiém cia phuong trinh ":'/xa +3x% +3x+1 =1 la:
A.S = {0} B. S=1{ 2] C. S ={2] D. S=0

9. T4p nghiém cda phuong trinh %/& —2)x% +2x+4) =0 la:

A.S:I_- 1) h B. S={—%’} C. S = |- 4] D. S=_I2}
10. ¥3 +1 1a nghiém cta phuong trinh nao sau day:

A x*+3x%-3x+1=0 B. XX-3x*+3x-4=0

C. x*+6x>-3x+1=0 D. x’-6x>+3x-4=0

PAP AN

mil 1 l9lalats a1 789 [0

Céau D x x C A B C A D B

22 L




ON TAP CHUONG |

A. CAC CONG THUC RIEN P01 CAN THUC

1) JA xdcdinh & A>0

: | A néu A20
2) JA? = |A| =
' ~-A néu A <0
3)
Piéu kién Céng thic Muc dich
A>0,B=20 JAB - JA.JB Khai phuong cia mbt tich.
A JA :
A>0,B>0 J: = — Khai phuong cia mot thuong.
| B /B P g 4
Az0 AJB = JA%B Pua mdt sd duong vao trong can.
B=0

A<0 AJB = - JA’B Pua mdt s6 4m vao trong can.

B>0 % = ég—-]?’- Khir m4u cia biéu thic 1y can.
1 = /A - VB Truc cin thdc ¢ méu.
ke : = JA + /B Truc cin thﬂcémﬁu
VA-VB A-B ' ;

4) (J_) =A (A20) hote VAVA = A (A20)
B > 0 (diéu kién)

5) PhumtrmJE:B@{ g
B

>
I

6) Cic hiing ding thic

a) « (a+b)?=a’+2ab+b’
* (a-b)*=a’-2ab+b
e (a+b)a—-b)=a®-b’

23



b) e (a +b)® =a®+ 3a% + 3ab® + b?
e (a-b)®=2a®-3a’ + 3ab®-b®
® aa+b3=(a+b)(a2—ab+b2)
e a®-b®=(a-bxa®+ab+b?
B. BAITAP
1. Tim gi4 tri cha x dé bidu thuc "1+ xS ¢6 nghia.
A.x>-3 . B x€-8 B x<8 D. x<3
2. Tim gia tri cia x dé biéu thic = c6 nghia.
; X #
A3<x<b B. -5<x<3
C. x<-5hodcx>2-3 " D. x<-5hodcx23
3. Tim gid tri cia x dé biéu thic Vx2 - 7x + 10 c¢6 nghia.
A2<x<b - ~ B. x<2hoacx25
C.-5<x<-3 D. x <3 hodcx=>4
4. Tim gid tri cha x va y d8 bidu thdc |x2+8x +y2 +18y + 97
¢6 nghia. : - |
Ax22;y<9 B. x<4;y>9
C. Vé6i moi x, y thudc R D. A), B), C), déu sai

5. Tim gi4 tri cia x dé bidu thdc +3x-1-+v2x-3+Vx? +2x+3
c6 nghia.

A.xz% B. ng C. Véimoiz @ DKot quk Ehide
a—b+4\/§+4\/ﬁ )
6. Rat gon: M = - véia, b>0
= Ja -vb +4
A.M=Ja+'b . B. M=+vJa-+b.
aC.M=Va+vb+4 D. M=+Ja=yb-4

7. Khing dinh nao sau day sai?
A.N&u x < 0 thi 3Jx2 = -3x.
B. Néux<7thi ~J(x-72 =x-7
C. Néu x > /3 thi (x + J3)x? - 2V3x +3 = sz—S
D. Néu0 <x <y thi \/(J; - J;)z-(\/; + \/;)2 =X-y
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8. Rut gon: P—Vx+2\x—l +Vx-2vx -1

A.Néux>2thi P=2Vx-1 B. Nul<x<2thiP=
C. A), B) déu ding D. A) dang, B) sai
9 9
9. Rut gon : E = —— f——
£ \/(1 J3)? \/(1+J§)2
AE=-2 B.E -3 C.E-=1-v3 D.E=3/3+1

* Cho T=\/x+4\,’x—4 +\[x-4\.'x—4

Hay chon cau tra 161 ding trong cédc bai 10 va-11.
10. Tim gid tri cia x dé biéu thac T ¢6 nghia.

A.x>4 B. x<-4 C. x>8 D. x<-8
‘11. Rat gon T ta dugc:
A.T=2Jx-4 B. T.=4+Jx—4
C. T=Vx-4+2+|/x-4 -9 D. A), B), C) déu sai
" -
12. Cho p.Yox® —6x+1
6x -2
Khéng dinh nao sau day dung?
A. Néu x:’lth:'l,'t?‘:l B. Néu '.!u:c:1 th‘1P=—l
: 3 2 3 2
C. Néu x=% ¢hi P = 0 " D. A), B), C) ddu sai
2x +1 X l+\{_
* Cho — viix>0vax=#1
in ((J“)a x+sf_+1]{l+f ]

Hay chon cau tra 19i ding trong cac bai 13 va 14.
13. Rut gon Q ta dugc:

A.Q=2/x+1 B. Q=Vx-2 C. Q=vx+1 D. Q=+vx-1
14. Tim x dé Q = 5. K&t qua nao sau day dl'mé:

A.x = 36 - B. x=40 C. x=48 D. x = 64

~-5Jx
4(\/x +3)

A.x=-124 B. x =128 C. x=144 D. x=-144

15. Cho M = (x > 0). TﬁmxéaochoM:—-l



3+ 43
le.Rﬁt on . P=—-—-————--
- J6+v2-15

A.P=V6-V2-5 B.P=V6+V2+5

C. P=V6+5 , D.P=5-2
17. Tap nghiém ctda phugng trinh 4(x2T3_)-2J1_:0 la:

A.S = {0] B. S=(-1;1] C. S=1{-4;4} D. S=9
18. Tap nghiém cla phuong trinh m ~Jx-4=0 la:

A.S = (-3} B. S = {4} C.3=(-38;4 D. S=0
19. So sénh V25 + 169 va \f_2_5—+wff€§

_'A.m:\/ﬁ+m B. M<J§5+ﬁ@ .

C. J25+169 > /25 + V169

20. Tap nghiém cta phuong trinh ¥x-1+1 = x la:
A.S=1{0; 1} B. S=1(1;2] C.8={0:21 D, S=10;1;2

DAP AN

Bai 1 2 3 | .4 5 6 7 8 9 10

CQUCDBCBADC'BA

Bai 11 12 13 B 1e ) 36 T 18 19 | 20

Cau | C | A D A C B C B B D
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HUGNG DAN GIAI

1. CAN BAC HAI
1. (C) J0,0081 = 0,09 vi (0,09)* = 0,0081

2, Ta cé: 36 = 6° nén \{6_2 12 can bac hai s hoc cia 36

3. O
A. Sai vi can bac hai cia 121 1a 11 va - 11
B. Sai vi can bac hai cua 144 la 12 va — 12
C. Sai vi ta khong thé viét V169 = +13. Vit dang 1a: + 169 = +13
4. A.|S|Vi/25=5.Dod64 <25
B.|D|Tacé6: 6 = V36 ma 36 <+/39. Vay 6 < /29
C.|P|Tac6:2=1+1 =1+1
Ma V1 <.V2.
Nén V1+1<v2+1.Vay2< J2+1
D.[S|Taco:1=2-1=v4-1
Ma V4 >3
Nén V4 -1>+/3-1.Vay 1> J3-1
* Ghinhé: Véihaisdavabkhongam, tacd:a<be Ja <vb
5. © |
A.Doa>0val>0nén Ja va V1 déu xdc dinh va dédu la
s6 duong
Tita>1(gt)néna- 1> 0, ta co:

a-1=(a)’-1%=(Ja+1)(a-1)
Via-1>0va Ja+1>0
Nén Va-1>0= Ja >1
B. Tif cu A), ta c6: Ja > 1
Nhan hai vé& cia bat ddng thic trén véi Va (Va > 0), ta duge:

Jaa>va o Va2 >Ja < a>a
6. (D Lap luan tuong ty bai 5
A), B) déu dang.
7. ©Vix>0(gt)va8>0,tacs: (Vx)? <8% < x < 64
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=7 =2,645~ 2,65
8. @Tacé:x2_=7:> X =7 :
_ Xy = -7 =-2,645~ -2 65

= T =J2 =1
9. ®Ta ¢ x2= V1> = \/_J: ol w631
* i x2 =—--—JT=—‘J2,_6 =—1,627
10.(D) Tact: Vx 20 va-2<0 = Vx = -2
Vay phuong trinh v6 nghiém n

2. CAN BAC HAI VA HANG DANG THUC VAZ = |A|
1. (D

A. /3x xdc dinh © 3x>0< x>0
B. V-9x xdcdinh < -9x>0<x<0
e

\ [ A
Yy 9

=

: x4c dinh < -

£ 20<:3x—520¢:>x25

B T8 s dinh i
x-1 x-7

>0._Do—4<0nénx~7<0<:>x<7

2. A.Didu kién x4c dinh cia -3xy%? 1ax<0

B. Diéu kién xdc dinh cia V5-4x lax < %

C. Piéu kién xdc dinh cia Vx? -81 la x <— 9 hoic x > 9

D. Pidu kidn xde dinh eda |2+ Ay > % vax#0

4x2
. (B Bk ki e Slaiiela, 1 S 365 tlap
: iéu kién x4ac dinh caa 3 la 520

Maag-r-1>0vﬁimgia.Dod6'33>0c:>a>0

: C ol — 3 T L
4. @ Taco: [ Pigu kien xdc dinh cia [0 1a LX) 5
x® +3 %™ + %48

Ma x® + 3 > 0 v6i moi x
Dod6(1-xP20e1-x20ex<1
5.@Ta-cc‘)‘:xz+x—6=x2-2x+3x-6 ._
=x(x~-2)+3x-2)=(x-2)x + 3)

Diéu kién x4c dinh caa Vx% +x -6 la:
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XX +x-6=x-2)x+3)20

x-2<0 x-220 <2 Xx>2
= hoac 5 hoac
x+3<0 ' x+320 x<-3 Xx2>-3

< x<-3hoacx=>2

6. |
A. 8+ 215 28+ 5+ 215 = (v3)? + (W5)* + 23.Y5 = (V3 + 5)?

B. J(2-v3)2=2-J3 (2>V3 nén 2-4Y3>0)
C. J6-245 = J1+5-2J5 = J(W1) + (JB)% - 25
:J(—l——@:\/g.—-l(vil<\/g nén 1-y5 <0)
D. J10-4J6 = J4+6-4J6 - 22 + (J6)? - 46 ‘
ém:\/ﬁ—z(vﬁz\:s:}énzﬂ/&m
7. (B) Gidi phuong trinh V4x? = x +1 (%)

Pieukibn:x- 120 x>-1

2x =x+1 x =1 (nhén)

* 2 = 1
e 2lxl =x+ “ﬁ"[m{:-(ml}‘lb x=~%(nhan)

Viy nghiém cta phuong trinh 1a: x = 1 va x = _.%

oLy [ 2
8. @Gxal phuong trinh vx© +6x+9 =3x-1 (¥)

Piéu kién:3x - 120 xz%

(*) > J(x+3)2 =3x-1 < |x+3| =8x-1

2 (nhan)

x+3=3x-1 9x = 4 %

&5 o
x+3=1-3x 4x = -2 X

I

—% (loai)
Vay nghiém cta phuong trinh (*) la: x = 2
9. ®Taco: P=2J(-3°+4y-2° =2(-3)* + 4(-2*
=23%+42% =54+64=118

2
10.(D) Taco: Q== *j‘i‘*g (DK : x #£3)
_ x2 + 2.x.43 + (V3)? ) (x + V3)% _ XS

x* - (/3)° - (x +/3)(x - V3) = x — V3

29



3. LIEN HE GIUA PHEP NHAN VA PHEP KHAI PHUONG
1. @ | |

A. J/5./80 = /5.80 = /400 = 20
B. \/90.6,4 = \/9.10.6,4 = /9.64 = /9../64 =3.8 = 24
C. 21,82 - 18,22 = /(21,8 + 18,2)(21,8 - 18,2)

= /40.3,6 = V4.36 = 2.6 =12

2. @ Taco: M =y117,5% - 26,5? ~ 1440
= J(117,5 + 26,5)1 1??1 26,5) - 1440
= /14491 - 144.10 = 144.(91-10) =144.81
=12.9 = 108 |
8. ©Tacs: N =146,5? 109,57 +27.156
= J(146,5 + 109,5)(146,5 - 109, 5) + 27.256
=\/256.37 + 27.256 = \[256.(37 + 27) = \/256.64 = 128

4. ®Tac6:_T=J§+Jﬁ.J’?~ﬁ§ =\/(7+.Jﬁ){7-‘fﬁ}

=J7? -(13)%? =/49-13 =36 = 6
5. (D) Tacs: E=3J5(/2-2)+3+5)*-3/10
=3\/ﬁ—6\f5+9+5+6v‘g—3@=14

+ 419 + A

6. @Tacé: P=£+g:ﬁgﬁiﬁﬁ§ (vi 2 = V2.42)
0+ JiBadi5 1
V2410 +V2419 V210 +V19) V2

7. @Ta c6: M =+x+3+x-5 c6 nghia :

Ix+320¢?{x2—3 3

x-520 Ty oxzd (1)

==

N = J(x + 3)(x - 5) c6 nghia

Xx+3<0 x+320 x<-3 X2>-3
hoac & hoac
x-5<0 x-520 x<B x2b
< x<-3 hoac x5 (2)

Tir (1) va (2) suy ra: x > 5 thi M va N déng thdoi ¢6 nghia
30



8. ©Ta c6: 4/x + 4 + \&T_—_E =4Jx +4 + J(x +4)x - 4)
Piéukién dé 4Vx+4 conghlaeo x+4 >0 x> -4 (1)
Piéu kién dé (x + 4)(x - 4) c6 nghia:
& (x+4)x-4)>0 '

x+4<0 x+42>0 X< -4 x>-4
o hoac = hoac
' 4>0 x<4 ' Xx>4

x-4<0 5=
< x<-4hoacx=>4 (2)
T (1) va (2) suy ra x > 4 thi biéu thdc da cho ¢6 nghia
9. (D Ta co:
o VBB VB4VIE B4+ VE 4By a
J2 + V3 +J4 - 2+ 3+ /4
_(JE+J§+JZ}+(JZ+JE+J§)
- Z+Ja+Jd
_(2+3+V4) +V2(42 + VB +V4) (V2 + VB +Va)1 +2)
i3+ d Z B3+
=1++/2

10. A.[D|JVx-8=1x-8=1x=9

B.|S|V3x-5=-4 vi V3x-520vA-4<0nén V3x-5 = -4
Vay khéng tén tai x
C.|P|V2x-3=V5=2x-3=-5<2x=-8<x=4

D.[s|Vx2+1=1x2+1=1x2=0cx=0

4. LIEN HE GIUA PHEP CHIA VA PHEP KHAI PHUONG
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2. (A)Taco: M=y1,69.1,38-1,69.0,74 = {1,69(1,38 - 0,74)

([ r =41,69.0,64 =1,3.0,8=1,04
2 2
. @ Tacs: N-= JM e J‘125+ 100)(125 - 100)
400 | 202 z

b= 22526 165 _ 16
B S 202 20 4

&)
4. (B) Ta c6: Pz.xy2 vBix<0,y=z0
RN g x2y4 !
2 2
A :xy.\igzxy.\/f (vix<O0nén |x|l =—x)= -5
x|.y - Xy
-4)2 6la-4 -4 =
© q- /36(a 4° _6la-4 |a-4 4-a . _,
144 12 2 2
{.§i"f+lr - 2
©Ta*c%: E = 9 6x+2x vdi x > 3
y (x = 3)
) P — el
_ [8=x? \/[ (x 3;]__\/(:: 0l
- (x - 3) (x-3) (x -3)
- x ¢
(B) Ta c6: F = (x - y) xy2:(x—y)ﬁ
(x - y) Ix -y
Wx<ynmﬂx-y[=—m—y)
Dodé F = (x-y) Jxy =-\/§ 2
" -(x-y)
DUOUHS ' :

_— 4' 2—
.®Tac6:T= v 1)2+x 2(x<2)taix=~1
(2 -x) x-2

xR 22 Gt -Sxsliaat D
Cle-x  x-2 X — 2
_2x-8 2(-1)-8 5

W= w]=9 5

VéyT:gtaix=-1

9, @Tacé: \/4x2+4x+1=5<:> (2x+1)2‘=5c:>|2x+1|'=5

2x +1=5 x=2
< <
2x+1=-5 =



10.(B) Ta c¢6: (3 - V13).3x > J2(3 - V13) (%)

Vi 3<4138 nén 3-.13 <0

" J2.(3 - V13) J2
(Fhes Bie b s N
(3-413)

Ban Tdm da gidi sai ti buée 1 vi khi chia hai v& cha mot bat
didng thic cho mét s6 Am, ban Tam da khéng déi chiéu cia
bat ddng thic dé.

5. BIEN POI DON GIAN
BIEU THUC CHUA CAN THUC BAC HAI

0,1./40000 = 0,1.200 = 20

-0,005.462500 = (-0,005).250 = -1,25

3 i1.99m? —[—EJ\"HQ.Q.mg :[_EJ.11.3.|m|:~9.|m|
11 11

1. ©
A.
B.
C

2. A.3V2 |>] V12 (vi 3J2 =322 = V18 > V12)
B. 75] 443 (vi 7=49, 443 = V423 = J48)

(

C. %Jﬁ E]% 150 | vi

DIJ_E](W_

3. Tacé: le_£—3@+~ﬁ5_ =—1~J§—3 22.5+% 325

_6f5+ J‘_Jg 12\2/~+2~/A -ng

M[H

4. @Ta co:
N=—§—Jl—2+%\/2_ —%.\130022\/22.‘3 — 38 N10%.3
=§ﬁ+2‘/—_£\j§=18\/§+60\r—-40\/§ _38Y3
5 3 15 15 15
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5. (O) Taco: P =3V8x - 5/48x + 9v18x + 5v12x

= 3J/4.2x - 5/16.3x + 9J0.2x + 5V4.3x

= 6/2x — 204/3x + 274/2x + 10V3x = 33v/2x - 10/3x
)

=1 (*)

3x
6. Ta c6:
@ 2x -1
Piéu kién xac dinh cta (*) 1a: x < % hoac x 2 —g
Me FE2_ 16 ax-2=92x-1
2x -1
<  x =1 (thdéa man diéu kién: x 2 -3 )
Véy phuong trinh ¢6 nghiém la x = 1
7. @ Tacs: Y2223 (v
o V2x -1
el
Diéu kién x4c dinh cta (*) 1a : 2 & X2 —
172

Tugng tf bi 6, ta ¢ x = 1 (khong théa man didu kién xz-g-)

Vay phuong trinh (*) v6 nghiém.

e -3
8. @Tacé: (—7—] % =83 - X

Vay nghiém cta phuong trinh la: x =+ 7
9. ©D0av&bkh6ngém nén Va va Jb xdc dinF:
Taco: (Va-vb)?> 20 < a-2/ab+b=0

<=>a+b22\f;l;<:>a;b2\/ﬁg

10. @Vﬂi a duong nén Ja xac dinh.

- 2
1 1 1
Tacé: Va > — o a———zﬁa{ﬁ———} >0
Ja Ja Ja

¢:>a+l—220ma+lz2
a a -
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6. BIEN POl DON GIAN
BIEU THUC CHUA CAN THUC BAC HAI (ti€p theo)
1. @
-
N

B \/: \[506 V300 10J3 _5/3
' i ) 6 3

C. \{EE s 080 20 b, bisid
3b 3b

(3b)?
2. ©
N JT 5 5 _5
V500  V100. 10252 105 50
l 1 a+ \|Ia+
1’; —2 ,, véia>0

C (I_J—F"J f)Q_J _ /323 _(J——l)f

92 32

6
4
D. 4(){-—3;)’ _4( s }’3(3‘ }'2) x ~ Y)\/S(x y)
(X"" (x y)

=43(x-y) vdix>y>0

Afg] 122 15J7a _ 15J7a _15V7a
) ﬁ; J'_?EJ% W 7_|a|

3 _ -3 _-3 -B_ 3

B.|P " ST 2 e
Jaz2 32 oz 2
C.S -1 -V2m . -2m
' 3J200 T302m  30J@m?  60[m|
- (vim<O0nén |m| =-m)
—60m GOm
30 30 30v15
e === - 215
V35 V15 15
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A3 . 3:3-1) _3B-1 _3/3-1 _3(/3-
"B+l (B+r1B-1 (JBF 1% 3-1 2
1 5+J3 5+\/§ _5+J5_5+\/§

B'-5 J5 (5-J5)5+v5) 52_(J5)° 25-5 = 20
J- 3 1-B7%
ﬁ+f T W1+ BT -B)
7+3+2J21 10+2V21 5+421

TWIE-(BE  1-3 2
4
5 ®P= A | _ 1 E. 1
' J1+2J10 V5+2+2410 (VB2 + (V2)% + 2/5.2
) 1 MRS Tk J5 -2
T JWB+v2? B2 (B + V215 - V2)
Vi-v2  J5-2
T (B - (2 3
1 1 3+2/2-(8-242)

& (BT oo Q- 3-2J2 3+2V2 (3-2V2)3+2V2)
-_3+2f 3+2V2 442 5

—2J22  9-8
* Cach khac: Ta ch:
. L ol 3+ 242 :3+2J§'
3-2J2 (3-2V2)3+2J2) 9-8
1
Faghs 3-2V2 _3-22

3+242  (3+242)(3-2V2) 2.8

= Q=3+2/2-(3-2V2)=42
‘. _a—2\f§ o
i @Taco.M_ T (véia>0)
(a-2J_}(J_+2) Ja(Wa - 2)(Ja +2)

cJ‘ 2)(J5+2) (Va - 2)(Va + 2)
1 8 -2V15

8. Ta cé: N = - :
© (5 + J') 8+2J15 (8 +2V15)8 - 215)
8-2/15 _8-2J/15 _4-V15

“@/15)? 6460 2
3
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9. A.[s] Y22 @f_—\{?z iy - Jae Ve

= ST -2) i 2 < JT)

B.[D -6427+ V12 -18/3+2V3 _ -16V3
= w2 42 42

_ _4f _42f:—2J6

c.lp \/‘ N ( ¢2 22 2627 4
' N AN N N TR
s 6 +4v2 {2+I) _ (2+2)?
V2.6 + 442 Jz.-,/(z.“/') J2(2 + V/2)

:2+J§:2+2J§:1+J§
J2 2
10.(B) Taco: P=2a"+2aV2+1=(2a+1)? (*)
o B o 22+1_ 3  3V2
2 N A

Thay a = §;?— vao (*), ta duge: f

[Jz?"‘f T :[%—zuf - 16

74

T

7. RUT GON BIEU THUC CHUA CAN THUC BAC HAI

1. (D
A. 4/16a - 3J25a + J81a = 4\4%a - 3V5%a + V92a

=16J§-15J§+9JE={16-15+9)J_=10J5 ‘

(8+6 15]\@ £

o 8T @) -

-..f s -
{ e}

02

1 '1 9 [25 J2 3J2 542
C. £+\K4,5+\(12,5—J;+J;+\g_?+ - + :

{ -
L

R

e

| .0

a7



2 @
A L8 - 217 - V15 5 1445 ‘f

@
{s n-ppa-e

B. /2,5.4/70 + 700 - 5\/% = /2,5.70 + J/7.100 %ﬁ
=\/25.7+J7.100-gﬁ =5ﬁ+lﬂf-§ﬁ

=[5+10—§)J’7=3$ﬁ

C. (V6 +V5)2 - /120 =6 + 5 + 230 - V4.30 = 11+2@—2@=11
D. (V28 - 243 + JT)J/7 + /84 = (27 - 23 + JT)T + J21.4
=377 - 2437 + 2421 = 3.7 - 2421 + 2421 = 21

8. B)Tacs: M= ( /ab - ((vanab>o)
- Yeb | b L ek - Ve

. (© Ta co: Q:(l"“&+\/§}[1‘&f véix>0,x %1

'Y

1—& l1-x
:{l—x&+f—x][l—&]2=((1—x}+\&(1—1)}{1—&)2
1-4Jx 1-x ' 1 —s% 1-x
=(1-x)(&+1)[1_\/;]2={J§+1)(1 Jx) 1- _1
1-Vx 1% 1-x e
2.4
5. Ta cé: M=x+y x ¥ vdi >0
® i y2 \/;+2xy+y2 oy

By )'cgy4 S xy2 & ¥
v V(x+y)? y? x+y
6. (D) Taco: 9-4V5 = (2-V5)%; 9+4J5=(2+5)
Do dé: N =+9-4J5 +9-4J5

= J@2-VB)? + V2 + VB =|2-JB|+|2+ V5|
5-2+2+J5=2/5
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7. (O Taco: Vx? _4x+4-6-0 o \jrl_ﬁﬁ-zﬁ o |x-2 =

x-2=6 X =8
= =
X-2=-6 X=-4

Vay tap nghiém cua phuong trinh da chola : S = (- 4 ; 8}
8. @Ta 6: (3+Vx)2+Vx)=x+3

Piéu kién: x 2 0 :

& B6+3Mx+2x +x=x+83 o 5/x = -3 (vb ly)

Vay phuong trinh vé nghiém : S = &

9. @Tacé: Jx2+6x+9:\[12+6~f§+ 12 - 643

o Jx+3)? = 3+V3)? + 3 -3)?
= ‘x+3!=3+\6+3—\/§:

[x+3=6 [x=3
= o>

X+3=-6 X=-9

Vay tap nghiém cua phuong trinh la: S = (3 ; - 9)

10. Thay x = ? vao biéu thie P, ta duge:

p V3 V3
3

2

2+J‘ 2 -3 (2+J‘}(3 J§)+c2-J§}(3+J§}

"B+ a3 (3++3)3-3)
6-2J3+3/3-3+6+2/3-3/3-3 By

3% - (/3 6
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8. CAN THUC BAC BA

1. D
A ¥729 =93 = 9
B. mzmhf
C. 370,001 = §(-0,1° = -0,1
2. A.[S] 4927 - 1298 - 5¥1000 - 4¥3% ~12¥(-2)® - 53103

- 1242450 = -14

B.[S] 3¥3 - 9¥24 - 7375 = 393 - o¥2%3 - 7¥533
- 3%3 - 18%3 - 35%3 = —-50%3

13 o3 1 _ 2, 1 2¥4% 1 8
C.|P|-¥12¥%16--=2%64+-= .9
:]3- 3 B8 8 ‘g 8

D.|S|3/135: Y5 - ¥54.9/4 - 3135:5 - ¥54.4
' =327-3216 =3-6=-3
8. A.-4|<|¥64 (vi ¥64 =4)
B.5|<| %130 (vi 5=2%125) .
C..5¥6 |>| 6%5 (vi 635 = 31080 ;5%6 = 3750)
D.-7¥3 |=| 7¥-3 (vi -7¥3 = ¥-1029 ; 7¥/-3 = ¥-1029 )
b 332 ¥ P
B oyE¥sr Yoz 3
32 3
5. @ Tacs: N=ge—= Yot 3341
B+l 3Binds?-PB+1
Yo-¥3+1 Y9-3+1
¥3)% +13 4
| 32 3
6. @Taco: Po—b - 35% + 295 + 4)
: : 5 -2 (%—2}(@+2§/§+4)
” :
3 3
B 3(\/’2‘_5+2\[g+4)___%+2%+4

- (¥R -2
iy

=3

Lo =

4. (O Tacé: M =
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7. ©Ta co: ?\:FE} -

1

<> -3x=-1¢< x=-.VayS =

3 .

@Taco \Jx - +3x+1—1¢:
Vay S = {0]
9. (D) Ta c6: Yix -2 +2x +4) =0
M:(}c:} (‘3{:'&?:3)3
Vay S = {2]
10.(B) bat x =33 +1

=

-1 & :\35(--3}{]3 =

x--l:%{‘—d o> {x—1}3:3'

1)

(11
t3)

P
Jx+12 =1 x+1=1x=0

—0e xX-8=0 x"=8¢c x=2

o o3P +83x-1=3x*-3x%>+3x-4=0

Vay

Y3 +1 la nghiém cua phuong trinh x* - 3x* +3x -4 =0

ON TAP CHUONG |

3. Jx2—7x+10 ¢6 nghia <> x* - Tx + 10 2 0

&S x-2x-56)=20
-2<0 XxX-2>
& hoéac
{x—SéO ‘ {x-

< x<2hodcx25

4, ©'Jx2

>0 x <2 Xx>2
&> hoac
>0 Xx<5 x2H

~8x+y2+18y +97 conghiac>x* - 8x +y + 18y + 9720

o x*—8x+16+y° + 18y + 8120
e (x— 4 + (y + 9) > 0 v6i moi x, y thuoc R

5. Y3x -1 -2x -3 + Vx% + 2x + 3 ¢6 nghia:

%

3x-12>0 X

2x-320

x2 +92x+320

— Lo 0

v

pO|w |~

X

U

»

v
Mo | o

(x+1)% +2 > 0 véi moi x

8. ©Tacé: P=vx+2/x-1+Vx-2Jx-1+1

"\/X 1+2\'X

+1+\f—1 2Vvx-1+1

=\[(v'x—1+1)2 +JWX~1-1}2 =x-1+1+Nx-1-1
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* Néux>2tach: P=Vx-1+1+vVx-1-1=2Vx-1

* Neulsx<2,tac6: P=vVx-1+1+1-VJx-1=2
13.(D) Ta c6:

Q=( 2x +1 B Jx }[14.\/3{_3
Wx¥ -1 xed2+1)l 10dx
Rut gon ting thira sd, ta cé:
2x +1 Y 2x+1-Vx(/x -1
(\/;)3—1_)(4- x+1 (x —1Nx+x +1)
5] 2x +1-x+Vx .l X +Vx +1 4
S Wx-Dx+Vx 4D (x-Dx+Vx+D Jx-1

L 1+\/F_J;=1+xwf;—\/;(l+&)=1+x\[—-&~x

J;J viix20vax=#1

1+Jx 1+Jx 1+Vx
:Jr_t(x*l}—(x—l)___(x—l}(&—ll
1+& J;+1

Qo1 G-DOx-D_ x-1  (r-DGxeD | oo
&"‘1. \/;4'1 J;+1 J;+]_

3+4y3 3+ 443
6B act: P B8 vD-
_ (3+4Y3)[(V6 +2) + 5]
" [(V6 +v2) - VBI(V6 + V2) + V5]
_ (8+43)/6 + V2 + Jb)
(V6 + +/2)% - (/5)?

_B+436+2+B) B 5.
g 3+443 '




Chuong 1. HAM SO BAC NHAT

Van dé 1. NHAC LAI VA BO SUNG CAC KHAI NIEM VE HAM SO
A.  KIEN THUC CAN NHO

1] Khai nim ham sé
¢ Néu dai luong y phu thuée vao dai lugng thay déi x sao cho vdi méi

gid tri cua x, ta luén xde dinh duge chi mot gia tri tuong ung cia y

thi y duoc go. la ham 86 cia x va x duoc goi la bién sé.

e Ham s6 ¢o thé dugc cho bing bdng hodc bdng céng thiic.

e Khi ham sé duoc cho bing céng thitc y = f(x), ta hiéu rang bién sé
x chi l&y nhitng gid tri ma tai dé f(x) xde dinh.

e Khiyla ham sé cia x, ta cé thé viét y = fix), y = gl(x), ...

e Khi x thay déi ma y luén nhén moi gid tri khéng déi thi y duoc goi
la ham héng.

Vidu: Cho ham 88y = fix) = %x _ 3. Tinh f0), fi-1), f(3), A—4).

Giai
2 2 11
o HO)=l D=3 e e 2 T S <2
R0) =2 ¢ -D=Z6-D 3
2 2 17
Ss 28 ~Fm-l o e Sl Fa -
.« 3= 2.3 f-4)= S 4 -

(2] P8 thj ham s6

e D6 thi ciia ham s6' y = flx) la tép hop tdt cd cdc diém biéu dién cac
cdp gid tri tuong ung (x; flx)) trén mat phdng toa dé.

YA
r10'9] I \{d/\ dé thi ham s6
y = flx)
- .
0] X X
Vi du: (Hinh mé td)
1

Cho ham s6 y = fix) =

z (*) va cac diém A(1 ; 3), B(a . “21_}'

C(0 ; 2). Piém nao (trong cac diém A, B, C) d trén d6 thi ham s6 (1).
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*

Giai
Ham sd (1) xdcdinh o x-120ox21
— Piém A c¢6 hoanh do x =
x = 1 nén diém A khong & trén d6 thi ham sé (1).

1 ma ham s6 (1) khong xac dinh tai

(3] Ham s& d6ng bién, nghich bién

v 1
=
7 2 1
- DPbiém B 11 __I_:YB_XB—l
xp—1 8-1 2
Vay diém B ¢ trén do6 thi ham s (%).
SR .
- PiemC ¢ 1 1 = yo #
= =i XC—].
wo=1  0=1

Vay diém C khong & trén dé thi ham s6 (1)

Cho ham sé y = f(x) xac dinh trén tip sé thuc R

Ham sé déng bién

Ham s6 nghich bién

Né&u bién x ting 1én ma gid tri
tuong Ung fix) cing tang lén thi
ham s6 y = f(x) duge goi 12 ham

Néu bién x tang lén ma gid tri
tuong dng f(x) lai giam xudng thi
ham sé y = fix) duge goi 1a ham

s6 dong bién trén R. | s6 nghich bién trén R.

V61 x,, x, bat ki thuée R

déng bién trén R

Néu x; < xo ma Néu x; < Xx» ma

fix;) < flx,) thi ham s6 y = flx)

nghich bién trén R

flx,) > fixs) thi ham sé y

= fix)

~

Vi du 1: Ching minh ham s6 y = filx) = 2x - 5 dong bién trén R.

Giai
Lay x;, x; € R
e X;<Xo = 2% <2%x; = 2x; -5 < 2%, -5 = flx;) < fixy)
Vay ham s8 y = fix) = 2x — 5 déng bién trén R.

Vi du 2: Ching minh ham s0 y = fix) = - 5x + 1 nghich bién trén R.

Giai

Lay x;, x2 € R

o X1 <Xo=>-bx1>-bx=>-5x;+1>-5x:+1= flx;)> fxp)

Vay ham sd y = fix) = — 5x + 1 nghich bién trén R.
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R. RAITAP

. Hay dién vao chd tréng (..) dé duge khang dinh diang :

Cho ham so bac nhat y = flx) véi x;, x; 1a cdc gid tri bat ky clia x
thudc R.

A. Ham sd bac nhat y_= flx) x4¢ dinh vd1 moi ... thubc ...

B. Néu x; < xo ma flx;) < fix,) thi ham s6 y = fix) ..

C. Néu x; < xp ma flx;) > filxo) thi ham s6 y = f(x) ..
. Cho ham s6 y = fix) =§x. Tinh f-2) ; fl0) ; fi4).

Khang dinh nao sau day dung ?

A. f(-2)=~% B. 10)=0

C. la)=3 D. A), B), C) déu dang

. Chohamsd y = f(x) = —%x ¢ 3. Tinh:f1-2) + f{0) : f[%} : fl6).

Khang dinh nao sau day sai ?

Afl-2)=4 B. 10)=3 C. f[%] =11§ D. f6) = 0

. Trong cac diém dudi day, diém nao thude dd thi (D) ctia ham s8 y = 3x

A.M(-1;3) B. N(l;l) C. P[J;lj D. Q-3;9)
3 62

. Cho bon diém: E(1; - 2) ; F(-2; -1), 1(3; —=3) va H(0; 3). Hoi diém nao
nidm trén do thi (D) cia hAm sd y = - 2x + 3
A.EvaF B. Eval C. FvaH D. IvaH

. D6 thi (D) cia ham sé y = i—x la hinh nao dugi day:
ANY AY

(D)

%V

(D)

Hinh 1 : Hinh 2
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ANY AY
(D) el
14
: > >
O] 1 X X
Hinh 3 Hinh 4
A.Hinh 1 B. Hinh 2 C. Hinh 3 D. Hinh 4
7. Puong thing (D) trong hinh vé 1a dd thi cia ham sé nao du6i day :
Ay 3 % AY
4 (D)
B. Y= —E X 3 ~
' 2 0 X
4
C =——
y 3 X :
D. y = Ex Ao M
3
8. Cho ham s6 y = ax. Tim hé s6 a, biét rdng khi x = % thiy = —%
A-!il=l B.a=l C a=—g D.a=§
2 3 3 2
9. Vi gia tri ndo cia m dudi diy thi y = 5 x+3 12 ham s6 bac
-3m
nhat.
3 3 -
A.m=14 B.m=z C.m:; D. m=#5

10. Vé6i gid tri nao cia m du6i didy thi y = v6-m.x 12 ham sé
bac nhat.

A.m<b B. m>5 C. m=5 D. m#5
DAP AN
Bai 1 2 3 4 5 6 7 8 9 10

Cau | x D C B D | A C C D | A
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Vindé2  HAM SO BAC NHAT
N. KIEN THUC CAN NHO

1| Binh nghia
Ham 36 bac nhat la ham s6 cho bdi cong thuc y = ax + b, trong
dé a, b la cdc s6 thuce cho trude va a =0

Vi du: Ham s6 nao trong cdc ham s sau 1a ham sé bac nhdt :

a) y-—-g+3 b) y:5+3
% 2
c) y=1bx-1 d) y=x/5-1
Giai

Cac ham s6 bac nhat la: e y:§+3 [azé va b=3]

e y=x/5-1 (a=~/5 vd b=-1)
2] Tinh chat
Ham s6 bdc nhdt y = ax + b xdc dinh véi moi gid tri ciia x thuéc
tap hop R va co tinh chdt :
a) Péng bién trén R khi a > 0.
b) Nghich bién trén R khi a < 0.
Vi du:

e Ham sd y = 2x — 3 1a ham s6 dong bién trén Rvia =2 > 0.

¢ Hamsoy= 1% 12 ham s6 'nghich bién trén R via = —% < 0.
B. B Tﬂp

1. Ham sé nao dudi day la ham s6 bac nhat :

Ay=-3x"+1 B. y=ex- .

x+1

C. y= J3(x-4)+3/3 D. y=x(x-2)+5
2. Cho ham s6 bac nhat y = (m — 3)x + 4. Tim gid tri cia m dé ham so

déng bién.

A.m=0 B. m<3 C. m>3 D. m=3
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. Cho ham s§ bac nhat y

. Cho ham s6 bac nhit y = [%—Sm]nulﬂ. Tim gi4 tri cia m dé ham

s6 nghich bién.
A. m > % B. m«< 1 ; : _ <

]. - o S *
ax+§. Tim hé s6 a, biét rang khi

3
x=1thi v=—.
=1
A.az—l B. a=E
5 12
C. _azljé * D. Mdt két qua-khac

. Di€ém nao trong cdc diém M(- 2 ; 6); N@B ; -9) ; P[—%;BJ;

Q(=2; -8) n&m trén dd thi (D) cia hAm sé y = — 3x + 2.
A. M B. N C. P D. Q

. V6i gid tri nao cia m dudi ddy thi ham sé béc nhat

= m+2x+8 12 ham s6 dong bién.
m -2
A m=0 B. mc<+2
C. m>+2 D. m<~-2hoacm > 2

. Cho ham s8 bac nhaty = (1 - y3)x -1

Ping ghi B, sai ghi S vao 6 trong.

A.| |Ham s8 trén nghich bién trén R
B. E Ham so trén dong bién trén R
C. Khix=0thiy=-1

D. Khiy:ﬂthih_%@

.Chocéchﬁmsﬁ'y=—%x;y=—§—x—3;y=-xf§x+1

Khéng dinh nao sau de’i;' sai?

A. C4c ham s6 da cho déu xdc dinh véi moi x thuoc R

B. Cac ham s da cho déu dong bién trén R

C. Db thi cac ham s6 da cho déu 1a c4c dutng thing di khoéng qua
goc toa do |

D. B6 thi cha cac ham s8 nay déu cat nhau tai diém c6 toa dp (0 ; 0)



9. Cho ham sd y = — 5x ¢6 db thi la (D).
Khéing dinh nao sau day dung?
A.Ham s6 da cho nghich bién trén R
B. D6 thi (D) ciia ham s6 di qua cac diém M[—% - IJ va N[% : —?J
C. D6 thi ciia ham s6 ném trong géc phan tu thi hai va thia tu
D. A), B), C) déu dung

10. Cho ham s6 y = V3x ¢6 dé thi la (D).
Khéng dinh nao sau day sai?
A. Piém I thudc (D) ¢6 hoanh do 1a —v3 thi tung do cia I 1a — 3
B. Piém H thudc (D) ¢6 tung d6 1a V12 thi hoanh dé cta H 1a 2

1 1

6’2

D. Khodng cach tir diém E dén diém. O (goc toa do) 1a

C. biém E( ] khéng thudc do thi (D)

V6
3
DAP AN

Bai | 1 | 2 | 3 5 6| 7] 81 9110
cw|clc|albp|c[D[x[B]|D]C

NS

Van dé 3. PO THICUAHAM SO y = ax + b (a = 0)

A. KIEN THUC CAN NHO

EI D6 thi cia ham s6 y =ax + b (a #0) la nét duong thdng cdt truc
tung tai diém coé tung dé bdang b va :

e song song voi duong thdng y = ax néu b = 0.

e trung véi duong thdng y = ax néu b = 0.

= Chu y
D6 thi ciia ham s6y =ax + b (a = 0) con duoc goi la duong thdng
y = ax + b; b duge goi la tung dp gée cia duong thdng.

(2] cach vé a6 thi ciia ham s6y = ax + b (a = 0)

o Truong hgp 1: b =0tacé y = ax
Pé thi cia ham s y = ax la dudng thdng di qua gdc toa do O(0; 0)

va diém A(1; a).
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y y
N (D) N
a .............A O l }x
< A
5= 3 X al.
D
a>0 a<0 -

Truéng hgp 2. y=ax+bvdia-0vab =0

Pé vé d6 thi ham s6 y = ax + b ta chi cAn xdc dinh dugc hai diém
phan biét cia dudng théng réi vé duyng thang di qua hai diém dé.
Trong thuc hanh: Ta thuﬁng xdc dinh hai diém dac biét 1a giao
diém cha d6 thi véi hai truc toa do.

Budc 1

e Chox=0tacéy=Db,tadugc diém A(0; b) € Oy

. Choy:0tacéx=—E,taddchi§mB(fE;0)eOx
a a

Budéc 2 Ve duyng thdng di qua A va B, ta duge d6 thi cia ham so

y =ax +b.

¥
(1 B o
b x

b a

(D A
a>0

Vidu 1: Ve ddthihams6y =2x -3
Giai

D6 thi ham s6 y = 2x — 3 12 dudng thing (d) cdt truc Ox tai diém

A(g x O] va cit truc Oy tai diém B(0 ; -3).

YA

0)

x\f

S

_.7 B
Vidu 2:

Tim ham 88 y = ax + b biét db thi ham sé nay 1a dudng thing (d)

1



nhu hinh ve.

e Dudng thing (d) cdt truc tung tai diém M(0 ; 2) nén b = 2.
¢ DPudng thang (d) qua diém N(-3; 1) nén :

yvn=axn+bol=a-3)+2< 1=-3a+2< a=—

Vay ham so phaitim la y = -;;x + 2.

R. RBRAITAP
1. Pudng thidng nao du6i day 1a db thictaham sy =— 2x + 5
AY YA
2
o 1 x >
X
(D)
y
(Da}\” (D)
5
[0} 5 x 5 x
2 2
A.(Dy B. (Dy) C. (Ds) D. (Dy)
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2. Pudng thing AB trong hinh vé& du6i day 1a dé thi cia ham so:

A.y=—gx+3 o

2
B.y=—=x+3
=3

C.y=2x+6
D.y=-2x-6

3. Cho ham 86 y = — 4x + 2 ¢6 dé thi la (D).
Khéng dinh nao sau day sai?

A. (D) cit truc hoanh tai A(% : 0).

B. (D) cdt truc tung tai B(0 ; 2).
C. (D) song song vé&i d6 thi cia ham s§ y = 4x.
D. (D) di qua diém M(- 1 ; 6).

4. D6 thi (D) ciia ham sd y = 3x +% di qua diém nao sau day ?

A,M(_l;lj B. N(1;9) C. P(—2;EJ D. Q(-l—;l—lJ
9’6 - 3 2’ 6

5. Pb thi (D) cia ham s6 y = —%x +% cit truc hoanh tai E va cdt truc

tung tai F, Toa d0 cua E va F la:

cafr(ol)  ma{nde(io
el dapr(d) vl t)o(

6. Gi4 tri nao ctia b dudi day thi dd thi (D) cia ham s6 y = — 2x + b di

qua diém P (% " 1)

A.b= B. b=-= C. b=--= D. b=0

b | =
(W]

7. Gi4 tri ndo cia a va b du6i day thi d6 thi cia (D) cia ham so
 y=ax +b di qua hai diém M(0 ; - 5) va N(1 ; - 4)
A.a=4;b=2 B. a=-3;b=4
C.a=1;b=-5 D.a=-2;b=-5
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8. Vdi gia tri nao cua m dudi day thi dé thi (D) cha ham sé

y=x-3+ %.m di qua goc toa do.

Am=-10 B.m=12 C. m=-14 D. m=11
9. Ham s6 nao dudi day c6 dé thi l1a dudng thang (D) di qua hai diém
P(-1;4)va Q(2 ;- 5)

A.y=2x+1 B.y:—-4x+2C.y=—x+% D.y=-3x+1

10. Cho ham s6 y = [3 —~ %mjx+ V5 (m la tham s6)

Pung ghi D, sai ghi S vao 6 trong :

A. :l Ham s6 da cho dong bién khi m < 6

B. :i Ham s6 da cho nghich bién khi m > 6

C. |: Né&u dé thi cia ham s6 da cho cdt truc hoanh tai diém c6
hoanh d6 la x=2thim= 6-5

D.| |Né&u d6 thi chta ham s6 da cho song song v6i dé thi cia

et '
6 3
DAP AN
Bai | 1 | 2 | 3 6 | 7] 8 T 910
caw|l c |l alc|iplalBlc|B]|D]| x

Vindé4 e« HAI DUGNG THANG SONG SONG
« HAI DUGNG THANG CAT NHAU
o HE SO GOC 2UA DUOGNG THANG g

-
on

A. KIEN THUC CAN NHO

(1] Hai dudng thang song song - Hai dudng thing cét nhau

(D):y=ax+b

Cho hai dudng thang : {(D') -

Ta co :
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(D) va (D)

Piéu kién

Song song vdi nhau

a=avabzb

Trung nhau

a=avab=">b

CAt nhau aza

2| Hé s6 gbc clia dudng thdng (D) :y=ax +b

e Khi hé s6 a duong (a > 0) thi géc o tao bdi dudng thing
(D) : y = ax + b va truc Ox 14 goc nhon. Hé s6 a cang 16n thi géc
a cang 16n nhung vadn nho hon 90° (H.a)

e  Khi hé s6 a am (a < 0) thi goc « tao béi duong thing (D) : y =ax + b
va truc Ox la géc tu. Hé s a cang 16n thi géc o cang 16n nhung
van nhd hon 180° (H.b)

e Vi c¢d su lién quan gitta hé s6 a va goc tao bdi dudng thing

y = ax + b va truc Ox nén ngudi ta goi a la hé sé géc cua
duong thingy=ax+ b

a<0

;; Ol ;x
¢+x
6
Hinh a Hinh b

* Chuy

e Khib=0,taco ham sé y = ax. Trong truong hgp nay, ta ciing noi
rdang a la hé sé géc cia duong thdng y = ax

e Cdc duong thdng cé cung hé sé a (a la hé s6 cia x) thi tgo vdi
truc Ox cdc goc bdng nhau '
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B. RAITAP

. Chocac duong thang : (D) :y=—-x+1;(Dy):y=x;(D3):y=—x+5
(Dy):y=3x-4

Khang dinh nao sau day ding?

A. (D) L (Dgy) B. (D,) // (Dj3)

C. (D)) cat (Dy) D. A), B), C) déu dang

. Voi gia tri nao cia m dusi day dé hai duong thang (Dy) :y=(3 —m)x — 1 va
(Dy) : y = — 4x + 2 cdt nhau.

A.m=#5 B. m=7

C. m#-6 D. m=7

. Cho hai duong thing (D)) : y = {%erl]x va (Dy) : y = —%x+3. Véi

gid tri nao cia m dudi day thi (D,) song song vdi (D;)

A-m=—‘1—5 }':’--In=~-~E C.sz D.m:E
4 4 5

. Cho hai duong thing (D) : y - Jm+5x+8 va(Dy):y=2x—-n+1
Khing dinh nao sau day sai?

A.N&u(,) /(D) thim=-1n#-17
B.NéuD;)cidt(Ds)thimz-1vam>-5

C.Néu(D))=MDy)thim=-1,n=-7

D. Néu (D]) L (Dg) thi m = *—I—g-

. Toa dd giao diém M cia hai duong thdng (D)) : y = — 3x + 5 va

(Dg) :y=x+4 la:

A.M(o;-l) B. M(E;EJ C. M(-I-;E) D. M(-z;E]
. 2 3 4 : 4 4 17

. Toa d6 giao diém N ctia hai dudng thidng (D,) : y = ix +§ va (D») :

y=§x-1 la:

3 (5 4 1)
'] "“4‘.__ . ;_ C- N _;_5 Dl N _2;_
A N( ’5] g NL4 3] [3 J ( 3
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7.

Cho ba dudng thiang: (D) : y = 3x ; (Dy) : 'y = - x + 8 ;
(D3) :y=-2x+ 10

Khéng dinh nao sau day ding?

A. (D)), (D,), (D3) cét nhau tai ba diém phan biét

B. (D;), (D), (D3) cit nhau tai mot diém

C. (Dy) // (Dg) // (D3)

D. A) ding ; B) va C) sa1

Véi gia tri nao cia m dudi day thi ba dudng thing:

(Dy) : y=3x+% - (Dy) : y=2x+i— ;(Dg) 1y = (m - 4)x + 4 dong qui
tai mot diém:

kot

_ 3

Cho hai dudng thing (D) ty=x+1va(Dy) :y= 2if8% = 1.
Goi a va B 14n lugt 12 cdc géc tao bdi cdc dudng thang (D;), (Dy) va
truc Ox. S§ do cha a va P la:

A.a =50°% B =40° - B. o = 45° B = 50°

C. a=60°%p= 45D D. a=45° B =60°

Am=-7 B. m=38 C. m=-8 D. m=

10. Trén mat phang toa do Oxy lay hai diém M(2 ; 2) va N(4 ; 0)
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Khéng dinh nao sau day sai?

A. Phuong trinh ciia duong thang OM la y = x

B. Phuong trinh cua dudng thing MN lay = x + 4
C. AOMN la tam giac vudng can

D. Somy = 4cm® (Pon vi do trén cdc truc toa do 12 xentimét)

DAP AN

Bai 1 10

b
(W]
M
ot
(o2}
-1
oo
de]

Cau | D D A D C B C=1. A D B




ON TAP CHUONG II

A. KIEN THUC CAN NH{

m Ham sé déng bién, nghich bién

(2| Ham s6 bac nhat y=ax + b (a 0)

‘i

»

a)

b)

~ e Néub # 0 thi (D) cit truc tung tai diém c6 tung do bing b va

Xét ham s0 y = fix) xdc dinh trén tap R. ,
Ham sé6 déng bién Ham sé nghich bién

X | (x tang) X ‘ (x ting)
.
yalxy | T y=f(x)l \
(x taing = y = fix) tang) (x tang = y = fix) gidm)

Vdi x,, x» bat ky thudéc R
- Néu x, < x;, ma fix,) < fixy) thi f(x) dong bién trén R.
- Néu x,; < x; ma flx,) > f{xs) thi f{x) nghich bién trén R.

y y
A N
F ﬁxl) — ﬂXQ} L.;:.:
O }(1 K: > X O _5:{1 ;‘2 e
\,_7 q
Dang dé thi ciia Dang dé thi clia
ham s6 dong bién ham so nghich bién

Tap xdac dinh D =R

Péng bién trén R khi a > 0.
Tinh chdt
Nghich bién trén R khi a < 0.

D6 thi |

D6 thi ham s6 y = ax (a # 0) 12 dudng thing di qua g‘c‘;c toa do O(0;
0) va qua diém A(1; a). _

Pé thi cia ham s6 y = ax + b (a # 0) 1a dudng thdng (D).

song song véi duong thdng y = ax (b goi l1a tung do géc)
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e Néub = 0 thi (D) trung v6i dudng thing y = ax.

y=ax+bh

@ Hé s6 goc clia dudng thdng
Trong mat phéng toa do, dudng thang (D) c6 phuong trinh y = ax + b
(a goi 1a hé s6 géc cha dudng thing (D)).
Ddc biét
a=0 = y=0>b, lic dé duong thdng (D) song song hodc trung vai
truc hoanh, ta bao “duong thang (D) nam ngang

e b=0 = (D)= truc hoanh.

e b0 = (D)// truc hoanh.

y y
A \
y=ax+b as0] 1 yew

b e i’

Bk

90° < a < 180° 0° < a <90°
(4] Quan hé giira hai dusng thing i
| (D): y=ax+b

Xét hai dudng thang
(D'): y=a'x+ b

a) Dcit(D) < a=za’

a=a

/1 (D
b) D) /(D) < {b#b'

a = a

c) (D) (D) = {b .
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4,

R. RAITAP

. V6i nhimng gia tri nao cia m dudi day thi ham sé bac nhat

v = (m - 2)x + 4 dong bién :

A.m =2 B. m<?2 C. m>2 D. m=0

Véi nhitmg gia tri nao cua k dudi day thi ham sé bac nhat
y = (4 — 3k)x + 1 nghich bién

A =t B. k-1 C. k<2 D. k>4
3 3 4 3
. V&i nhitng gia tri nao cia m dudi day thi do thi cha hai ham sé
y=-x+(l+m)vay=2x+5 - m cat nhau tai mot diém trén truc
tung:
A.m=2 B. m=-3 C.m=4 D. m=0

Xdc dinh ham sd bac nhat y = ax + b. Biét réng a = 3 va d6 thi (D)
ciia ham sé di qua diém I(- 3 ; - 3)

Khéng dinh nao sau day ding ?

A.y:3x—-:13— B. y=3x+6 C.y=3x+—§ D. y=3x—4

Xdc dinh ham s6 bac nhit y = ax + b. Biét rang d6 thi (D) cda ham s&
song song véi duong thiang (D) : y = J5x va di qua diém H(J5 ; -3)

A.y=£x+3 B.yz\/gxq-g

C. y=5x #% D. Mot két qua khac

Xac dinh ham s6 bac nhat y = ax + b. Biét rang d6 thi (D) cia ham s&
di qua hai diém: M(0,5 ; 2) va N(- 1 ; - 5,5)

A.y=5x-05 B. y:-3x+% C.y=5x-2  D. y=4x—g
Véi gia tri nao cha m dudi day thi dé thi (D) cuia ham sé:

y= [4—%m)x+m-4 cat truc Ox tai diém c6 hoanh do la x = - 1.

A m=-4 B. m=5

C. m=6 D. A), B), C) déu sai
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8.

Cho hai du’&ng' thing D)) : y = (m - 3)x + 5 va
(Dy) :y = (1—-%mjx+2n~l
Khéng dinh nao sau day sai?

A (D)5 ot (D) o 1 e % B. D) /D) esm= van=$

| oo

C. (D)) = (Do) & m=§vén=3 D.(D;) L(Dg) & m =0 hodcm = 4

. Cho ba dutng thidng : (D)) :y=-mx +4 ; (Dy) : y = 2x — 3 va (D3):

y = x + 1. V6i gia tri nao cia m dudi day thi (D,), (Dy), (D3) déng qui
tai mot diém.
1 1

A-m=- B. m=-X € wm=2 Dm=-l
3 4 3

10. Cho ham sé y = (1- 3m)x + 2m — 3 d6 thi 1la (D)

DPung ghi D, sai ghi S vao 6 trong:

A. Néu (D) di qua géc toa dé thi m = —S

B. Né&u (D) tao vdi truc Ox mot géc nhon thi m > %

.C.[ ] N&u (D) cit truc Ox tai (2 ; 0) thi m = _i

11.

60

D. |: Néu (D) cdt truc Oy tai [0 . —%) thi m = ,%

Xét bai toan : “Bang compa va thuéc thdng, hay néu cdch vé diém

P(J3;0) trén hé truc toa do Oxy”

Hay sip x&p mo6t cach hop li cdc ciu sau dé c¢6 l¥i giai cla

bai todn trén.

a) Vé diém B(/2 : 1) ta duoec OB = /3

b) Vé hé truc toa do Oxy

c) V& diém A(1 ; 1) ta dugc OA =2. Vé cung tron (0; OA) cit
truc hoanh tai diém Jﬁ

d) V& cung tron (O ; OB) cit tia Oy tai diém V3 d6 1a diém
P(0; /3) cdn vé.



Sdp x6p nao sau day hop li :
A.a);c);d);b)
B. b):c);d); a)
C. b);c);a);d)

D. a);c);b);d)
12. Xét bai toan : “V& dé thi (D) cda ham s6 y =+/6x”

v

T

Hay sdp xép mot cach hgp li dé duge 101 giai cha bai toan trén.

a) Vé cung tron (O ; OA) cit tia Oy tai diém 5

b) V& diém B(1 ; v/5) IA
¢) Vé hé truc toa do Oxy V5 (B
d) Ve diém A2 ; 1) ta duge OA = V5 11/ DA
e) Ve dudng thing OB. D6 la dé 4
thi cia ham s6y = V5 x O *l E_—%x
Sdp xép nao sau day hgp li ?
A.c);a);b);d);e) B.c);d);a);e);b)
C._c);d);b);a);c) D.c);d);a); b);e)

13. Véi hinh vé da cho, hay cho biét cau nao sau day sai ? y
A.(D;) la d6 thi ciia ham s y = — 2x (Dy)

B. (D;) 14 d6 thi cda ham sy = x — 2
(Dy)
C. (Dj3) la do thi cia ham s6 y = 5% +1

D. (D)), (Dy), (D3) dong qui tai diém [——g— : %]

14. D6 thi cia hAm sé y = x| duge vé nhu sau :

YA YA
1 ____________
2 0 1 s
X
s Therer
Hifth 1 Hinh 2
Hay chon hinh vé ding :
A. Hinh 1 B. Hinh 2 C. Hinh 3

Hinh 3
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15. Do thi cia ham séy = |x + 2| duoe vé nhu sau : -

YA o
2 2
"; =~
-9 0 X O 2 X
—-2¢ — 29
-
- Hinh 1 Hinh 2
IN YA

x
Hinh 3 Hinh 4
Hay chon hinh vé dang :
A. Hinh 1 B. Hinh 2 C. Hinh 3 D. Hinh 4
16. D6 thi ctia ham sé y = 2x + V6 duge vé nhu sau :
7N YA
% X
Hinh 1
J6 ’
A
2 =
ey T *

Hay chon hinh vé ding :
A. Hinh 1 B. Hinh 2 C. Hinh 3 D. Hinh 4
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17. Goi o la géc tao bdi dudng thang (D) : y = 2x + 6 véi truc Ox. S6 do
cua o la : )
A. o = 60°43 B. 0« =6326 C. a=6523 D. a="7245
18.Trén cung mot mat phang toa do lay ba diém: A(1 ; 3) ; B(- 2 ; 0) ;
C(5 ;0)
Khang dinh nao sau day sai?
A. G6c tao boi dugng thing AB véi tia Ox cé sd do bang 45°
B. Géc tao bdi dudng thing AC véi tia Ox c6 s6 do bang 143°08’
C. S6 do géc BAC = 104°03"
D. Sagc = 10,5¢cm? (don vi do trén cac truc toa dé 1a centimét)

19. Cho hai dudng théng (D) : y = % x+2 vA(Dy): y=—-x+2

Goi A va B theo thi tuf giao diém ctia (D,) va (Ds) véi truc hoanh va C
la giao diém cha hai dudng thing d6 (don vi do trén céc truc toa do la
centimét)

Khéng dinh nao sau day sai?

A. S6 do cdc gée AABC 1a : A =26°33, B = 45°, C = 108°27'

B. Chu vi AABC bing 5,6cm

C. Dién tich AABC bang 6cm®

D. A), B), C) déu ding .

20. Cho ba dudng thang: (D)) :y=—x;(Dy) :y = 2x ; (D3) : y = 4. (Dy)
cdt (D;) va (Dy) theo thd tu tai M va N. Tinh dién tich tam gidc OMN
(don vi do trén céc truc toa do la centimét)

Khéng dinh nao sau day ding?
A.Somn = 9cm®  B. Somy = 9,75cm’
C. Somn = 12em® D. Somy = 14,5cm?

DAP AN
Bai | 1 9 10
Cau| C | D|/A|B|D|A|C|D]| B/ x

o
=9
o
=2}
-]
Qo
e

Bai | 11 | 12 | 13 | 14 | 15 | 16 | 17 | 18 | 19 | 20
Cwu|C|D|B|C|A|D|B|C|B]|C
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” ~ ?
HUONG DAN GIAI
- 2 , - ~ s - -
1. NHAC LAI VA BO SUNG CAC KHAI NIEM VE HAM SO
1. Dién vao chd trong (..) :
A. Ham s6 bac nhat y = fix) x4c dinh v4i moi x thuée R

B. Néu x; < xp ma flx;) < flxy) thi hAm s6 y = f(x) ddng bién
C. Né&u x; < X, ma flx;) > flx,) thi ham s6 y = f(x) nghich bién

2. @Tacé:y=f(x)=%x

3 .. 6 3
Aa _2)2‘—_—2 = e e— D e —
§ 4( ) 4 2
3
B!ﬂ:O):-‘.O:o
4
C.fld)= 24-3
4

8. ©Taco:y=fx)= —%x+3

A fl- 2) = [-,%).(—2“3 -4

B.E(O)= {*%J0+3=3
C. f[ljz(—l)l+3= —_1-+3=,1_];
2 2) 2 4 4

D. f(6) = [—%J.6+3=~3+3=0

4. Huéng din cach giai. |

Xét xem diém A(xa;ya) c6 thudc d6 thi (D) cha ham so
y = ax + b (*) hay khéng ta 1am nhu sau:
Thay gid tri caa xa ; ya vao (*)

— N&uys =axs +bthi Ae (D)

~ N&uys#axa+bthi Ag (D)
Tac6 : (D) :y=3x (¥

A.Thay xy = — 1 va yy = 3 vao (¥), ta duge: 3 # 3.(— 1)
Do d6 M ¢ (D) :

B. Thay xy = El’; va yn = 1 vao (*), ta duge: 1 = 3.—:15

Do dé N e (D)
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1 1 , 1 1
C.Thay xp = - = va = — vao (*), ta dugce: — ¢3.(—-]
Y Xp 6 va yp 2 v - 2 6

Do dé P ¢ (D)

D. Thay xq = — 3 va yq = 9 vao (*), ta duge: 9 = 3.(- 3)
Do dé Q ¢ (D)

i @Tacé: D):y=-2x+3 (*)

e Thayxg=1,yg=-2vao (*), taduge: -2#(-2).1+3

1
Do dé E ¢ (D)
e Thay xp=- 2, yp =— 1 vao (¥), taduge: -1 #(-2)-2)+3
: 7

Do dé F ¢ (D)
¢ Thay x; = 3, yg = — 3 vao (*), ta duge: -3 =(-2).3+3

-3
Dodé I € (D)
e Thay xy = 0, yy = 3 vao (*¥), ta dugc: 3=(-2).0+3
3
Do d6 H € (D)
. (A D6 thi cia ham s y =%x la dudng thing (D) di qua géc toa
A
dé va qua diém thi hai A4 ; 1) Y
: . 1
* Ghi cha: Ha 0 =— :
i cha m s§ y=_x 6 N
1 || T

dang y = ax (a=:}-]. bé diém

thi hai A c6 toa do la cdc sd
nguyén (4 ; 1) ta cho x4 bang
mau s6 caa a (x, = 4).

Suy ra y4 = é.af = 1. Khi toa dd cia A la cdc s6 nguyén sé gilp ta

vé diém A trén hé truc toa ddo nhanh, chinh x4~ hon.

. (© Pwng thing (D) di qua gic toa dp O ; 0) nén (D) 1a dé thi
cia ham sd y = ax. (D) con di qua M(3 ; — 4) nén toa d) cha

M nghiém dingy = ax. Tacé: -4 =ad < a= -%

Vay dudng théng (D) 1a d6 thi chia hAm s6 y = - % X



8. @Thayxzi—vﬁ y:-1 va y = ax, ta cé:

4 -3m

Ma

0 khi4—3m#0hay m =2
4 - 3m 3

Villy KB 1 2 %, thi ham s6 da cho }a ham & béc nhit.

10.@96 y=v5-m.x 124 ham sd bac nhdt khi hé s§ cha x 12

v6-m # 0. Péng thoi d€ V6-m #0 c6 nghiakhi5-m >0
Tidésuyra:5-m>0<m<b
Vay khi m< 5 thi ham s6 da cho 12 ham s8 b4ac nhAt

2. HAM SO BAC NHAT

L ©
A.y = — 3x* + 1 khong phai 1a ham s8 bac nhat
— 2 —
By o xooti, MEEUel B WESL brfng phll T hen o
x+1 x+1 x+1
bédc nhAt

C.y = V3(x-4)+3/3=V3x-V3 1a ham s& bﬁc nhdt c6 dang
y=ax+b (a=+v3;b=-3)
D. y=x(x — 2) + 5 = x* — 2x + 5 khong phai 1a ham s& béc nhat
2. ©Héun s6 bac nhiat y = (m - 3)x + 4 dong bién khi hé sé cia »

lAam-3>0om>3

3. @ Ham s6 b4c nhat y= [% - 3m} x +10 nghich bién khi hé s¢

cua x la 1'---3m<{l & —3m<—l¢:>m>-1—

2 - 2 6 _

* Ch y: B4t ddng thic d6i chiéu khi nhéan hai v& ctia bt ding
thie d6 vdi mot s§ 4m
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i. @Thayx: 1,y = % vao y_-ax+71§,tadu'qc:

3 1 3 1 B . 5
—=al+-<a=—--=—.Vay a=—
4 3 4 3 12 12
5. (C) Lam tuong tu bai 5 §1
3. @Ham sd béc nhat y:El-Jr—g:HB dong bién khi hé sd cia x la:
m -2
m+2}0
m - 2
m+2<0 _ [m+2>0 m< -2 m>-2
<> hoac < hoac
m-2<0 ' lm—QaD m<2 ) m > 2

< m<—2hodem>2
- Vay khi m < - 2 hoac m > 2 thi him sd da cho dong bién

7. A.[D] B. [S] c. [p D. [s]

* (Gidi thich: Taco: vy=0-V3)x -1 (¥

Ham s6 bac nhat y = (1-3)x -1 nghich bién vi hé s6 cua x
1a1-v3<0 |

Thay x = 0 vao (*), ta duge: y = (1-3).0-1=-1

Thay y = 0 vao (*), ta duge: (1-y3).x-1=0

—
& (1-V3)x=1 ﬁxz—l—--zlj—\gz—l'}q?"

=3x8 =2 2
3. Sai, dung la:

—~ Ham s6 bac nhat y = —%x nghich v.én trén R vi hé s§ cha x

B s &0
2
- Ham sé bac nhat y = %x—_B dong bién trén R vi hé sd cha x
la fl— >0
5]

-~ Ham s6 bac nhat y=-v2x+1 nghich bién trén R vi hé s6
ciaxla -v2<0

). D

A.Ham s6 bac nhat y = — 5x nghich bién trén R vi hé s cla x
la-5<0
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B.ThayxM=—% vay=1vaoy = - 5x, ta duge = | 5)( 1]

Do d6 M € (D) hay (D) di qua M.
Thay xy .3 va y-——-lg vao y = — 5x, ta duge :
3 3

Do dé N e (D) hay (D) di qua N

C. (D) nim trong géc phan tu th hai va tha tu
YA

(I1) (I)

(I11) (IV)

10.(©
A. Thay x[-—\/a vao y=\/§.x,tadm;rc: ¥ =J3.(-v3) =-(3)? =

Vay 1(-3; -3)

B. Thay yy =12 vao y = V/3.x, ta dugc:

J1_2—=\E.XH<:>XH—£;— J4 = 2. Vay H(2 ; V12)

1 1 1
C. Tha *——va =— vao y = V3.x, tadugc: — = 3. —
y Xg YE J—voy < e -
e 1
YA J2
Do d6 E € (D) 1 _JE
2 2 J2 5
1 1,1_2
D.Tac6 : OE? =| —— Sl S R
. (Jé) [f] 6 2 3
r -
:,"OE:J—E-:[E 0 _1_ X
3 3 76
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3. DO THICUAHAM SO y = ax + b (a = 0)

1. @Bﬁ thi cia ham s y = — 2x + 5 la duong théng di qua hai

diém A(0 ; 5) va B(g;o] \Y

(Dan\’
A

eV

2. @ Pudng thing AB 14 d thi cia haim s6 y = ax + b (*)
Do dudng thing AB di qua hai diém : A0 ; 3) va B(2 ; 0) nén
toa do cia A va B nghiém dungy =ax + b

3=a0+bhb {b=3

LORTORY Thad TN

Ta co6: {
2

Thay a :—g va b = 3 vao (*), ta dugc : y = —-gx+3

Vay dutmg thing AB 12 db thi ciia ham s y = — g x+8

3. ©Tacé:(D):y=—4x+2 (*)

A.Thay x4 =—% va ya = 0 vao (*), ta dugce : 0=—4.—%+2

s, R—t

0
Do d6 A e (D) hay (D) cat truc hoanh tai A(% : 0]

B.Thay xg = 0 va yg = 2 vao (¥),tadugc : 2=-4.0+2
v r—

2
Do dé B e (D) hay (D) cdt truc tung tai B(O ; 2)

C. Ta da biét: D6 thi cia hAm sd y = ax + b (a # 0, b # 0) 1a dudng
théng song song v4i dudng thing y = ax. Do d6 dudng  thing
(D) : y = - 4x + 2 song song vdi du‘ub‘ng. thing y = — 4x

"D.Thay xy = - 1 va yy = 6 vao (*), ta duge : 6 = {~ 4).(-1) +2
6

Do d6 M € (D) hay (D) di qua M(- 1 ; 6)
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4. @ Lam tuong tu bai 5 §1
b. @ Diém E thudc truc hoanh nén ¢6 tung dé bang 0 (yg = 0)

Thay yg =0 vaoy = —%x+—é—,taduoc:

ﬂlx+l=0c:> -Bxg+2=0x xgz—z-
2 5 5

Vay toa do cua E la [% - OJ

e Diém F thudc truc tung nén c6 hoanh do bang 0 (xg = 0)

1 1 i | 1 1
Thay xr = 0 vao =__X+—,tadUUC: = -—0+=- & -
Y Xr N 2 5 Jc . ¥r 5 5 YF :

Vay toa do cua F la [0 : %j

6. @Thay xP:%véyp=-1véoy=—2x+b,tad|.ft_:lc:
—-1=—2.1+b = b:—1+E=—l
3 3 3

1. @ Toa do cua M(0 ; — 5) va N(1 ; - 4) nghiém dung y = ax + b.
-5=a0+b {b=~5

Ti d6 ta c6 hé phuong trinh : <>
-4=al+b

A=1
Vay (a;b) =(1;-5)
8. Gdc toa do O(0;0)

Thayx=0vay=0vaoy= x~3+im,taduqr::

0=0—3+-1m @lm=3 &S mi=12
4 4

9. ®Bu€mg théng (D) 1a dé thi cia ham s6 ¢6 dang y = ax + b (*)
Do (D) di qua P(- 1 ; 4) va Q2 ; - 5) nén toa do cua P va Q
nghiém dingy =ax + b ' |
—5=2a+b¢>{b:—5—2a (1)
b=4+a (2)
(H)va(2)>-5-2a=4+a<=3a=-9<a=-3
2)=>b=4+(-3)=1
Thaya=-3vab=1vao(*),tadugc:y=-3x+1

Vay dung thang (D) qua P va Q 12 db thi cia ham sy = — 3x + 1

Tu dé ta ¢c6 hé phuong trinh:
4=-a+b

70



10. A. (D B. D] c. [s] D. [s]
¥ Giai thich :

Ta o6 y:(S—%m!x-ﬂ.ﬁg (m 14 tham sd)
\ )

A.Néu 3 - %m >0 ¢ m <6 thi ham s6 y dong bién

B. Néu 3 - %m <0 <> m >6 thi ham s y nghich bién
C. Piém thude truc hoanh cé6 toa do (2 ; 0)

Thay x =2 va y = 0 vao y=L3—%m]x+J§,taduqc:

[3—-:1;m].2+(:0 > 6-m+J5=0 < m=6+\/g

D.Néu dé thi cia ham s6 da cho song song v6i d6 thi cia ham

sé‘v:lx thi:3—1m=l<:>18—3m=1¢>m=1_7.
6 2 6 3

4. o HAI DUGNG THANG SONG SONG
« HAI DUGNG THANG CAT NHAU

« HE SO GOC CUA DUGNG THANG

1. (D) Nhic lai:
Cho hai dudng thing (D)) :y=ax+bva(Dy) :y=ax+ Db’
— Neéu (D) cat (D,) thi a # a’
- Néu(Dp)/(Dg)thia=a vab#Db
— Néu(D;))=(Dy)thia=a'vab=>b
— Néu(D;) L(Dy)thiaa =1
Tacé: (DY):y==x+1(a==-1;b=1)
Dg):y=x(@=1;b=0)
MD3):y=-x+5@" =-1;b"=5)
(D) :y=3x-4(@7"=3;b"=-4)
Tir d6 suy ra :
e (D) LDg)vico6aa =(-1).1=-1
e (DN/(Dy)vicb6a=a"=-1vab=zb"(1=5)
o (DPcdt(Dy)vicoaza™(-123)
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2. @Tacé:(DlJ:y=(3—m)x—l (a=3-m;b=-1)
(Dg) :y=-4x+2 (@’=-4;b=2)
Né&u (D;) va (D) cit nhau thi a = a’ -
Hay3—m:s—4©m:¢7'
Vay khi m # 7 thi (D,) va (D;) cit nhau.

3. @Tactj: (Dy) : y=[é—m+1}x [a:%m+1;b=0)
(Dy) : y=~llix+3 [a'=-i;b'=3]

a=a' lm+1-—l (1)
Né&u (D;) // (Dg) thi {b - hay 4 :

MNedm+12=-3co4dm==-15<om= —-?

Vay khim = -2 thi (D) // (D)
4. M) Tacs: (Dy): y=Vym+5x+8 (a=Vm+5;b=8)

My):y=2x-n+1(@=2;b=-n+1)

— =—1
A.(D,)ff(nz)@{“m‘“f’ z@{m
8+-n+1 no#~7
B.Dy)cit (Do) vm+5#2 &mz-1 (1)
Péng thoi dé Vvm +5 conghlaom+5>0om>-5 (2)
Tu(l)va(2)suyra:m>-5vam=-1 SRS
~— :"‘1
. (D) w (D) &34V HD zﬁ{m
8§=-n+1 n=-17

D. (Dy) L (Dg] <aa=-1

Hay ym+52=-1= ym + =_%
Tacé: Vvm+5>0 va —%<0 nén vm+5 :-%

Vay khéng ton tai m
* Ghi chu : ‘
Cho hai dudng thidng (D)) :y=ax+bva(Dy):y=ax+Db’
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Chiing minh rang : Trén cing mdt méat phiang toa do, hai
duong thang (D)) va (D;) vudng goéc v6i nhau khi va chi khi
aa=-1

Ching minh
IN

/{Dl)

(D3)

WV

\(Dz}

Qua O ké (Dj3) song song (D,) va (Dy) song song (D5)

Ching minh : Néu (D) L (D;) thia.a’=-1

Khong lam mét tinh tong quat, gida sit a > 0 suy ra a’ < 0 (vi

géc hop bdi (D) va (Dy) vdi tia Ox hon kém nhau 90°)

Putng thing (D;) : y = ax di qua diém A(1 ; a)

Pudng thing (D,) : y = a’x di qua diém B(1 ; a")

Suy ra AB 1 Ox tai diém H ¢6 hoanh dj x = 1

Vi (D)) L (Dy) (gt) = AOB = 90°

- HA.HB = OH? hay a.

= -aa=1=aa =-1(dpcm)

*» Chitng minh ngudgc lai néu a.a’ = -1 thi (D;) L (D)
Théat vay, tita.a’ = -1 = a. la’| =1

(Ds)

I

|

a'|=1

- HA.HB = OH?

HA OH e
o Sl i HOA ~ AH AOH = OBH
::>0H HB::,A 0 OB =

Ma OBH + HOB = 90° = AOH + HOB = 90°
= (D3) L (D) = (D) L (D3) (dpem)
Vay (D)) 1 (D;) < a.a’ = -1 (dpem)
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5. (O Huong dan gidgi

Cho hai dung thdng (D)) :y=ax+bva(Dy) :y=ax+ Db’
Muén tim toa do giao diém A cha (D) va (D;) ta lam nhu sau :

— B3ubc 1: Lap phuong trinh hoanh d6 ax + b= a'x + b’ (1)

— Bu6c 2: Giai phuong trinh (1) dé dugc gié tri cua x

— Budc 3: Thay gia tri cia x vua tim dugc vao phuong. trinh
cua (Dy) hoac caa (Dy) sé tim duge gia tri cua y

— Buée 4: Lay gid tri cia x va y da tim dugec dé két ludn toa
do giao diém cua (D,) va (Dy)
Taco:(D):y=-8x+5 (Dva(Dy):y=x+4 (2)

(1)vé(2):>—3x+5=x+4<:>x=i

Ney-= +3.-1-+5:£
4 4

Vay toa d§ giao diém M cuta (D;) va (D») 1a [% 147)
1 2 < 2
6. Tacé_:(D;):y:Ex+§ (l)va(Dz):y=§x~_1 (2)
Dva@ = tx+2-2x51
4 3 3
< 3x+8=8x-12x=4 (1)
ﬂ-y:}__d 2 5
4 3 3

Vay toa do giao diém N cia (D,) va (Dy) la: (4 : g)

7. @ Huéng dan cach giai

- Buéc 1 : Tinh toa dé giao diém A cha (D;) va (Dy)

— Bué6e 2 : Xét xem toa d6 cia A c6 nghiém dung phuong trinh
cia (D3) hay khong. Né&u toa do cia A nghiém ding phuong
trinh cha (D;) thi (D;) di qua A. Tde 1a (D)), (Dg), (D;) dong
qui tai A. Néu toa d6 cuia A khong nghiém ding phuong trinh
cuaa (D3) thi (D3) khéng di qua A tdc la (D,), (Dg), (D;3) khong
"déng qui tai A.

Tach:(Dy):y=3x (1)
. D) :iy=-x+8 (2
(D3) :y==-2x+10 (3)
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Goi A la giao diem cua (D;) va (D»)
(Dva(2)=3x=-x+8=x=2

(1) >y=32=6.Vaytoaddcua Ala(2;6)

Thay xa =2 vay,=6vao(3),tadugc: 6 =-2.2+10

——

6
Do d6 A € (Djy).
Vay (D)), (Dy), (D, dong quy tai A
e Cach khac
Toa do giao dié¢m Acaa(Dy)va(Dy)la(2;6) . (%)
Goi B la giao diém cua (D3) va (Dy) :
(2)va(3)=>-x+8=-2x+10=x=2
(2) >y=-2+8=6 _
Vay toado cuaBla (2 ;6) (%, *4)
Tu(*)va(* **)=>A=8B
Vay (D), (Dy) va (D3) dong qui tai A

o 1 |
8. @Taté.(D;).y-3x+§ - (1)
3
(D) : y=2x+-4— (2)
(D3):y=(m-4)x+4 . (3)
Goi M 1a giao diém chGa (D;} va (Dy)
1 3 3 1 1
Mva2)=> x+=-=2x+—-> X=—=-"C>XxX==
2 4 4 2 4
1Y 1 5
1 =3.| — o
= ¥ (4]+2 4

Vay toa 48 cia M la ['}i , g]

Vi (D), (D,), (Dy) déng qui tai mot diém nén M thue (Ds)
Do dé toa d9 cua M nghiém diang phuong trinh cua (Dj)

@ =2 ettt b Pe e 114
4 4 4 4
<:>-1-m=—5-—3¢>m=—7
4 4

9, @Bub‘ng thdng (D)) : y = x + 1 cét truc Oy tai A0 ; 1) va cit
truc Ox tai B(- 1;0)
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*
Pudng thing (Dy): y =+/3x-1 cdt truc-Oy tai M@©O ; - 1) va

cdt truc Ox tai N{w\go: : OJ
YA

-

Tiu AOBA vudng tai O, ta co : tga_:%g—z‘—ﬂzlz:ru:flﬁo

Tiu AMON vuong tai O, ta c6 :
—~ OM |1 3
t N — — —
3

=V3=p=N;=60° (vi p=N; dd)

Viy o = 45° B = 60°

10. (B) Huong dén cach gidi
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Muén viét phuong trinh mét duong thang di qua hai diém
cho trudc trong mdt phdng toa dé ta lam nhu sau :

Buée 1 : Xde dinh dang phuong trinh cia duong thdng la
y=ax+ b

Buée 2 : Thay gid tri ciia x va y la toa dé cia hai diém da
cho vao dang phuong trinh da néu & budec 1 ta sé dugc hé
phuong trinh chita dn la a va b

Budce 3 : Gidi hé phuong trinh trén bing phuong phap so sinh ta
sé dugce gia tri cua ava b

Buge 4 : Thay gia tri cia a va b vao y = ax + b ta sé dugc
phuong trinh ciia duong thdng



A. Phuong trinh cia dutong thang OM di qua goc toa dj c6 dang
y = ax (1)
Toa do ciia M(2 ; 2) nghiém ding (1) >a= M -2
; XM o 2

Vay phuong trinh cia OM la y = x
B. Phuong trinh cta dudng thing MNcoé dangy =ax+b (2)

Toa d6 cua M(2 ; 2) va N(4 ; 0) nghiém ding (2), ta c6 hé
2=2a+b {b=2—2a (3)

huong trinh : =
P 8.5 {0=4a+b b =-4a (4)

B)va{4)=>2-2a=-4a<=a=-1
. (4) >2b=(-4(-1)=14
Vay nghiém cia hé la: (a;b) =(- 1 ; 4)

Thay a = — 1 va b = 4 vao (2) ta duge phuong trinh cia MN la:
=-Xx+4 y
’ OH = HN =2 P,
.Ta c6 : ol 3
Galne {OH L HM P
— OH vua 12 dudng trung 2,,__,___,‘,__M
tuyén vira 1a dudng cao clia
e G H NN
AOMN (H la hinh chiéu cia 0 9 4 X
M trén Ox) s
— AOMN cén tai M (1) -ny

Ta conc6 : OM : y = x
= OM la dudng phan gidc caa géc xOy

= MON = 45° " (2)
Tu (1) va (2) suy ra AOMN vuéng can tai M

D.Ta ¢6 : Soyy = %.MH.ON . %.2.4 - 4 (cm?)



ON TAP CHUONG I

1. (O Ham s& bac nhdt y = (m - 2)x + 4 déng bién khi hé s6 cia x
lam-2>0m>2
2. (D) Ham s6 bac nhét y = (4 - 3k)x + 1 nghich bién khi hé s§ ca x 12

4 -3k<0s k>§~

3. @ Khi hai dudng thing cdt nhau tai mot diém trén truc tung
thi tung do goc cha chang bang nhau:
b=bhayl+m=5-moms=2

4, Thaya=3vaoy=3x+b,tadugc:y=3x+b (%)
Thay xy=-3vay;=-3vao (*),taduge:-3=3.(-3)+b=b==6
Vay ham sé phai xdc dinh la: y =3x + 6

5. ®Ta cé: ('D):y=ax+b(1)vé D):y= VBx (2)
Khi (D) // (D) & a= 5
Vi (D) di qua H nén toa do cua H(J5 ; -3) nghiém dung phuong
trinh cta (D)
(D=>-3=/6/5+beb=-8.Vay(D):y= J5x-8

6. @ Khi duong thing (D) y = ax + b di qua hai diém M(0,5 ; 2)
va N(- 1 ; — 5,5) thi toa do cia M va N nghiém ding phuong
trinh y = ax + b.

2=05a+b b=2-0,5 1
Tir d6 ta c6 hé phuong trinh: B { a (1)

BBy b |h==Eb+a (9)
(I)va(2) =>2-0ba=-55b+ac<a=>5
2 =b=-55+5=-05
Nghiém cua hé phuong trinh la: (a; b) = (5 ; - 0,5)
Vay ham 86 duge xdc dinh la: y = 5x - 0,5
7. ©Khi dé thi (D) cdt truc Ox tai diém c6 hoanh dd x = — 1 thi
 toa do ciia diém nay la: (= 1 ;0)

Thayx:— lva y = 0 vao y=[4-%m}x+m—4,tadugc:

[‘4~—%mJ(—1)+m-—4=0 @ —4+%m+m—4:0

<:>%m+m—8=0¢>m+3m—24=0<:>4m—24=0<:>m=6
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8. @Tacéz (D):y=(m-3)x+5 (a=m-3;b=5)
(Dy):y = {1—%m}x+2n-—1 [a‘=1+—;—m;b'=2nrl)

A.(D1)Cét(D2)@m—3¢1-ém -;:;m;t.g

m—3—1-rlm m—+8-
B. (D)) // (Dy) < ¢ T 2 ed T3
3

5#2n-1 n #

8
C.(Dy) = (D3) & 2 <> 9 g
3

D.(Dy) L (Dy) < (m - 3){1-—%11}}: -1

om’-fm+4=0c(m-1Xm-4)=0
m-1=0 m=1
= {m—-ﬁl:O e {m“—-‘ﬂl
9. Tacé: (D):y=—-mx+4 (1)
(D) :y=2x-3 (2)
(Dg):y=x+1 (3)
Goi M 1a giao diém cia (D) va (Dy) :
(2)va(3)=>2x-3=x+1<=x=4
B)¢<=>y=4+1=5
Toa d cua M 1a (4 ; 5)
Néu (D)), (Dy), (D3) déng qui thi (D;) di qua M nén toa do cda
M nghiém diang phuong trinh caa (D)

(1]':>5=-m.4+4¢am=._.}1_

10. DA. [P ] B. [S C. [P D. (S}
* @Giai thich:
Tacé:(D):y=(1-3m)x +2m -3 (*)
e (D) di qua gbc toa dd (0 ; 0), (*) trd thanh :

(1—3m).0+2m—3=0¢::>m=g

e (D) tao véi truc Ox mot géc nhon thi 1 - 3m >0 < m < %
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e (D) cit truc hoanh tai diém (2 ; 0), (*) tré thanh :
1-3m)2+2m-3=0<m-= _lli

e (D) cédt truc tung tai (0 i —%] , (*) tré thanh :

(1-3m).0+2m- 3= o < 2m -3 = o ﬁrm:E .
2 2 4

11.©H

12.

13.

80

b) Vé hé truc toa dd Oxy

¢) V& diém A(1;1) ta duoe OA =J2. V&
cung tron (0; OA) cit truc hoanh
tai diém V2

a) Ve diém B(V2 ;1) ta dugc OB =3

d) Vé cung tron (O ; OB) cdt tia Oy tai
diém 3 d6 1a diém P(0;+/3) cén va.

* Ghi chd : Bai todn trén giip hoc sinh vé dugc dé thi cia c4dc ham

s6 bac nhit y = ax + b trong d6 gia tri cia a, b 1a cdc can thic bac
hai.

®

c¢) Vé hé truc toa do Oxy

d) V& diém A2 ; 1) ta dugec OA =5 -

a) Vé cung tron (O ; OA) cdt tia Oy tai
diém 5 :

b) V& diém B{ ; V5)

e) V& dudng thdng OB. D6 1a dé thi cia ham s6 y = V5 x

* PJ thi cha ham s§ y =v5 12 mot dudng thdng di qua gdc toa
do va qua diém (1 ; V5)

A.DPudng thdng (D,) di qua géc toa do nén (D,) la d6 thi cia
ham s6 ¢6 dang y = ax.

Do (D,) di qua diém (1 ;- 2)suy ra a =

LA

z-_2_=ﬁ2
1

Vay (D,) 1a 44 thi cia hAm sd y = — 2x



B. Pudng thing (D,) 1a d6 thi cia ham s c6 dang y = ax + b (¥) _
Do (Dy) di qua hai diém (0 ; 2) va (- 2 ; 0) nén toa d0 hai
di€ém nay nghiém dang (*)

Tu dé ta c6 hé phuong trinh : {2 =a0+b = {b =2
0=a(-2)+b a=1

Nghiém cia hé la (a; b) = (1; 2)

Vay (D) 1a d6 thictaham s6y = x + 2_

C. Tuong tu cdu B), ta c6 (D3) la d6 thi chia hAm s§ y = —%x +1

D.Giai tuong tu bai 7 §4, ta c¢6 (D,), (D) va (D3) dong qui tai

diém [_3;5‘_}
33

Gi1x=20
14. @Tacé:y:]x’:l—xv X

-xXxvdix<0

— Tavé dd thi chay = x vdi x = 0 (1a tia Om)

— Va vé d6 thi cia y = — x véi x < 0 (1a tia On)
IN
n m

|
[y
O
v
v

X+2viix+220x2-2
15. a co: = 2| =
®1‘ 5 3= 154 2 [*(x+2}vdix+2<0¢>x<—2
— Tavé ddthiciay = x + 2 v6i x > - 2 (1a tia Am)

— Vavé dd thiciay=-x-2vé6iac<-2(atia An)
- YA
n m
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16. D) Pb thi cia ham s6 y = 2x+6 13 dudng thdng di qua hai
diém (0;/6) va {*if-;nJ

Cach ve :

~ V& diém A(1 ; 1) ta dugec OA = /2

— Vé cung tron (O ; OA) cit tia Oy tai
diém /2 -

~ Ve diém B(2; v/2) ta duge OB = /6

— Vé cung tron (O ; OB) cdt truc Oy tai
diém V6 va cdt truc Ox tai diém -J6
(xem hinh vé&)

— Vé duong thadng qua hai diém (0;\/_6) va [~

do thi cia ham s6 y = 2x + /6 7N

17. BPudng thing (D) : y. = 2x + 6
' cidt truc tung tai M(O ; 6) va
cit truc hoanh tai N(- 3 ; 0)
AOMN vudng tai O, ta cé :
OM 6

(gl = b e = =
e

= o =63°26'

18. (O

Goi H la hinh chiéu cia A trén truc Ox ta ¢6 OH = 1 (hoanh

d6 cha A)
A.AAHB vuong tai H, ta cé:
et YA
th=E=§=1:>B=45°
BH 3
B. AAHC vudng tai H, ta cé6:
—~ AH 3
tgC, =—==-=-0,75
17 CH %
= C, = 36°52' x
= C, = 180° - 36°52' = 143°08’
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C. Tu AABC, ta cé:

BAC =180° - (B + C;) = 180°

- (45° + 36°52")

= 98°08'

D.Ta c6 : Sppe = l AH.BC - %.3.7 - 10,5 (cm?)

19. .I‘a co: (Dy):

Dy):y=—x+2 (2)

y;_x+2 (1)

— (D;) va (Ds) ¢6 cung tung d6 goc (b =

-~

b’ = 2) nén hai dudng

thang nay cidt nhau tai diém C ndm trén truc tung c6 toa do

C(0; 2)

— (Dy) cdt truc hoanh tai A, tacéd ya=0

(l):b%x+2=(}<:’x:m4

Do d6 A(- 4 ;0)

~ (Dy) ¢4t truc hoanh tai B, ta c6 yg = 0 YA
2)=>-x+2=0x=2 clo
Do dé6 B(2 ; 0)
AI:A-O—C~g 1 L &-o6033 4 B S
OA 4 2 -4 O 9 X
oc 2
tgB=—==-=1= B =45°
&5~ 0B

= C=180°-(A+B)=180°
B. Ta cé:

e AB = 6cm

e ACZ=0A%+0C*=42+22=20
= AC = /20 = 4,47 (cm)

e BC®’=0B*+0C*=2%+2%=8
— BC = /8 = 2,83 (cm)

~(26°33' + 45°) = 108°27'

= CVapc = AB + AC+BC =6 +4,47 + 2,83 = 13,3 (cm)

O. Ta:ob: Sipiw %AB.OC . %.6.2 - 6 (cm?)

20. ©(D1) : ¥y = — x di qua gdc toa d6 va qua diém (1 ;- 1)
(D2) : y = 2x di qua gdc toa d¢ va qua di€m (1 ; 2)
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(D3) : y = 4 song song vdi truc hoanh va cat truc tung tai H(O ; 4)
n :

(D3)

V¥

y=-Xx X=-4
<
y=4 ¥ =4

Do dé6 M(— 4 ; — 4)
e Toa df cua N 1a nghiém cta hé phuong trinh:

{y=2x‘:{xz2
y=4 x=4
Do dé N(2 ; 4)

- Goi H 1a giao diém cta (D3) va Oy
Tacc MN=HM + HN =4 +2 =6 (cm)

Do d6 Souy = %MN.OH . %.6.4 - 12 (cm?)
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PHAN HINH HOC
Chuong I. HE THUC LUONG TRONG
TAM GIAC VUONG

Vindél.  MOT SO HE THUC VE CANH VA
PUONG CAO TRONG TAM GIAC VUONG
A KIEN THUC CAN NHO

E] Hé thuc gilta canh géc vudéng va hinh chiéu cha né trén
canh huyén
Pinh li 1
Trong mét tam giac vudng, binh phuong méi canh géc vuéng bdng

tich cia canh huyén va hinh chiéu cia canh géc vuéng dé trén

canh huyén.

b® = ab’

¢ = ac’

Dinh li 2
Trong mét tam gidc vuéng, binh phiwong dudng cao iwng vdi canh
huyén bdng tich hai hinh chiéu ctia hai canh goc vudng trén canh huyén.

h* = b’¢’
% Dinhli3
Trong mét tam gidc vubng, tich
hai canh géc vuéng bdng tich cia ] b be = a.h
canh huyén va dudng cao tuong h
ung.  R= -
- BB
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Pinh 1i 4

Trong mét tam gide vudng, nghich ddo cia binh phuong duong cao
tuong wung véi canh huyén bang téng cdac nghich ddo cia binh
phuong hai canh goc vuéng.

A
B H C
B. BAITAP

1. Cho tam gidc ABC vudng tai A, duong cao AH.

Khing dinh nio sau ddy ding?

A. AAHB ~ ACAB B. AAHC ~ ABAC

C. AAHB ~ ACHA D. A), B), C) déu ding
2. Cho tam giac MNP vuéng tai M, duong cao MH.

Khing dinh nao sau diy sai?

A.MN? = NP.NH ; MP? = NP.PH

B. MH® = HN.HP ; MN.MP = NP.MH

1 1 1

CNE " et

D. A), B) ding ; C) sai
3. Cho tam gidc ABC vubong tai A dudbng cao AH c¢6 AB = 9cm

AC = 12cm.

Khéng dinh nao sau day sai?
" A.BC=15cm  B. AH=62cm C. BH =54cm D. HC = 9,6cm
4. Cho tam gide OEF vudéng tai O dudng cao OIl. C6 IE = 3cm

IF = 12cm. Tinh OE, OF

A. OE =35 ; OF = 6y/5cm B. OE =53 ;0F = 3/2cm

C. OE =4y2;0F = 6/3cm D. Mot két qua khéc
5. Cho tam gidc ABC vuéng tai A, duong cao Al c6 AB = 13cm
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Al = 12cm. Dién tich AABC bing:
A. 90,8cm> B. 189,5cm®>  C. 202,8cm? D. 220cm®



i tain: gide ABE wong tah A, dibng o Al o AB = %AC _ Bem . Db
dai cia AH bang:
A. 3J3cm B. 2/5cm

C. 5J3cm D. A), B), C) déu sai

. Cho tam giac ABC vuong tai A. Cho biét % =~§» a BC = 2/13cm. P

dai dudsng cao AH cia AABC bing: (V13 = 3,6)

A. 2,5cm B. 2,8cm C. 3,1cm D. 3,3cm

. Cho tam giac ABC vudng tai A c6 AB = 18cm, AC = 24cm. Céc dudong
phan gidc trong va ngoai ciia goc B cit dudng thang AC 14n lugt tai M
va N. D6 dai doan thang MN bang:

A. 45cm B. 47cm C. 50cm D. 54cm

. Cho tam gidc MON vuéng tai O, dudng phan gidc cia géc O cdt canh

huyén MN thanh hai doan chm va 8%cm. Dién tich chia AMON

bang:
A. 42cm? B. 48cm® C. 54cm? D. 108cm®

Cho tam gidc ABC c6 ba canh ti 1& v6i 3, 4, 5 va chu vi cha tam
gidc d6 1a 48em. Hai tam gide ABC la tam gidc gi? |

A. Tam gidc cdn B. Tam gidc vudng
C. Tam gidc vudng can D. Tam giac déu
DAP AN
Bai 1 2 3 4 5 6 7 8 9 10

Céu | D D B A C B D A C B
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Van dé 2. Ti SO LUGNG GIAC CUA GOC NHON
A.  KIEN THUC CAN NHO

El Dinh nghia ti s& lugng gidc cia géc nhon UB
Tam gidc ABC vudng tai A =§ a%
5 . %
B =a la géc nhon 2 %,
AC 1a canh ddi cua goc & "g %
¥ @
AB 1a canh ké cta géc a 2 C
Dinh nghia Canh ddi cua o
Céc ti s6 lugng giac cua géc nhon o ~ Céng thic
Ti s6 giita canh d6i va canh huyén duge _— canh doi
goi la sin cha géc a. canh huyén
Ti s6 giita canh ké va canh huyén dugc —— canh ké
goi la cosin cua géc a. _canh huyén
Ti s6 gitta canh d6i va canh ké dugc goi i canh d6i
la tang cta géc a. canh ké
canh ké
cotga = ———
Ti s6 gita canh ké va canh déi duge goi canh doi
la cotang caa géc a. [ 1 ]
cot goo = ——
tga )
El Ti s6 lugng gidc cua hai géc phy nhau

Dinh ki Néuhmgéc e B e sin goc nay béing cosin goc kia
' S e tang goc nay bang cotang gbc kia -

e sina = cosPp sinP = cosa
e tga = cotgP ~tgPp = cotga

Cu thé, néu a+ B=90° thi {
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'3] Ti 86 Iugng gidc cua cac goc dac biét
L)
a 30’ 45° 60°
: [ V2 J3
sin a = — —
2 2 2
cos a V3 ﬂ x
i 2 2 2
tg a ? 1 V3
cotg a J3 ] ﬁ
S R | 3
R. BAITAP
1. V6i hinh vé da cho. Hay dién vao chd trong dé duoc cau ding :
A. sinE = I
B. cosE ="
C. tgk ="=
...... E K
D. cotgE = —Z

2. Cho tam giac OPQ c6 OP = 7,2cm, OQ = 9,6cm va PQ = 12cm. Tinh s6
do cédc géc cia AOPQ. (Lam tron két qua dén d)
A. O =60° P =50° Q = 70° B. 0 =170° P =50° Q = 60°
C. 0=90°, P=53,Q-=37 D. Mot k&t qua khac

3. Cho tam gidc ABC c6 B =60° C =45 va AB - 10cm. Tinh chu vi
AABC. (Lam trdn két qua dén chir sé thdp phan thi nh4t)
A. 35,9cm B. 38,1cm C. 42,5cm D. 48,3cm

4. Cho tam gidc ABC vudng tai A, Biét cosB = -g Hay tinh cdc ti lugng

gidc caa géc C.
A. sinC =%. cos C =§,th = %,coth=§
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B. sinC =i, cos C = §, tgC = i cot gC = 3
5 5 3 4
C. sinC =—5—, cos C =§, tgC = § cot gC = 5
4 4 5 3

D. A), B), C) déu sai
5. Vdi géc nhon o tuy y. Khdng dinh nao sau day sai?

sin a co

A. tga = = B. cotga = ‘Sa
cosa sina

C. tga.cotga =2 D. sina+cos’a =1

6. Xét bai todn: “Dung géc nhon a, biét sina = % Hay sip xép mot

cach hgp li cdc cau sau dé duoc 15i gidi cua bai toan da cho.
a) Dung cung tron (A ; 5dvdt), cung nay cit Oy tai B
b) Dung goc vuong xOy va mot doan thang lam don vi dé dai (dvdt)
c) Trén Ox vé diém A sao cho OA = 3dvdt
d) OBA 1a géc o cAn dung
S4p xép nao sau day hop li ?
: A.c);b);d); a)

B.b);c);a);d)
C.a);c);b);d)
D.d);a);c);b)

7. Hay ndi hai trong cdc cau sau day dé dugc dang thic dang :

1) sin38° 5) sin21°20’
2) tg41°31’ \ 6) tg33°42’
3) cos68°40’ 7) cos52°

4) cotgh6°18’ 8) cotg38°30°

Khéng dinh nao sau day dung? .
A.1)>7);2)—>4);3)-»>5);4) - 8)
B. 1) > 7);2) > 5);3) > 6);4) > 8)
C. 1)>7;2)>6);3)>8);4) » 5)
D. 1)>7);2)>8);3) >5);4) > 6)
8. Rut gon P = cos®a + cos’a.cotg’a (0° < o < 90°)
A. P = cotg’a B. P =1 + cotga
C. P=1 - cotga D. A), B), C) déu sai

X
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9. Rat gon Q = sinu + sin“u.tg’a (0° < « < 90°)

AQ=1+tga B.Q=1-tga C. Q=tg’x D. Q= ——
tg“a
; 2cos® o - 1 & .
10. Rutgon M= ——v———— (0" < a < 90")
Sin @ + COS @
A.M = sina.cosua B. M = cosa — sina
C. M = cosa + sina D. Mot két qua khac

DAP AN

Bé"—]l._ﬁ_-_._mﬁ_-“.j.f’ 6 | 7181 910
CadDCABICBDACB
Vandé 3. MOT SO HE THUC VE CANH VA GOC

TRONG TAM GIAC VUONG
A. KIEN THUC CANNHO -

& Cac hé thuc :

b = a.sinB = a.cosC

¢ = asinC = a.cosB

b = e.tgB = c.cotgC
A b C c = b.tgC = b.cotgB

& Ap dyng “GlAI TAM GIAC VUONG”
Trong mét tam gidc vuéng, néu biét trude hai yéu té (trong do cé it
nhdt mét yéu té vé canh va khéng ké géc vudng) thi ta sé tim duge
tdt cd cdc yéu té con lai clia tam gide vubng do.

Bai toan nay goi la bai toan “giai tam giac vuéng”.

B. RAITAP

1. Giai tam gidc ABC vuéng tai A. Cho bi&t AB = 14cm, C = 30°
A.AC = 15¢m ; BC = 26(m ;B = 60°
B. AC = 12/3cm ; BC = 14/3cm ; B = 60°
C. AC = 14+/3cm ; BC = 28cm 3 B =60°

D. AC = Y3 .\ . BC = 14em : B = 60°
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2.

3.
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Giai tam gidc ABC vudng tai B. Cho bi6tA = 52°, AC = 15cm. (Lam
tron két qua dén chi s6 thap phéan thir nhat)

A. C = 38°, AB = 8 4cm, BC = 10,5cm

B. C = 38°, AB = 9,2cm, BC =11, 8cm

C. C = 38°, AB = 9,8cm, BC =12, 4cm

D. Mot két qua khac :

Giai tam gidc ABC vudng tai A. Cho biét AB =7+2ecm, AC = llcm.
(Canh 1am tron dén chit s8 thap phéan thd hai, géc lam tron dén db ;
J2 =1,41)

-

A. B=48°;C =42°; BC =14,80cm
B. B=51°:C =39 ;BC =15,10cm
C.B=53°:C=37°;BC =16,09cm

D. A), B), C) déu sai

]

y QY O

. Cho tam gide MNP ¢6 N = 70°, P = 38° dudng cao MI = 8cm. Dién tich

AMNP béng : (Lam tron két qua dén chir s§ thap phan thi hai)
A. 42 65cm? B. 48,08cm> C. 51,54cm® D. 52,68cm?

. Cho tam gidc ABC c¢6 AB = 12cm, AC = 16cm, BC = 20cm. Tinh céc

goe cua AABC. (Lam tron dén d9)

A.A=80":B=62°;C=238° B.A=90°;B=53;C=37
C.A=90°:B=58;C=232° D. Mt két qua khac

Cho hinh thang ABCD sao cho AB = AD = 10cm, BC = 1l4cm,
A =120°, BC vudng gbc véi dutmg chéo BD. Chu vi cia ABCD bing :

A. 48cm B. 54cm C. 62cm D. 68cm

Hinh vé cho biét :

AABC 1a tam gidc déu canh 8cm va AMB = 42°. Tinh AM. (Lam trdn
két qua dén chir s6 thap phan thi hai)

A.AM = 10,3dcm

B. AM = 10,83cm 8cm
C. AM = 11,05cm
D. AM = 12,43cm 42° ‘ A s



8. V6i hinh vé da cho. Tinh dién tich tam giac OMN. (Lam trdn k&t qua
dén chir s hang don vi)
A. SOMN = 7(‘.‘11‘].2

B. Somy = 8cm®

C. SOMN = 901’!12

D. SOMN = 1].Cm2

9. Cho tam gidc ABC can tai A c¢6 A =300, dudng trung tuyén BM. Tinh
g6c CBM. (Lam tron két qua dén do)
A. 45" B. 51° C. 58° D. 60°

10. Cho tam gidc ABC vudng tai1 A ¢6 AB = ¢, AC = b, BC = a. Tia phén

gidc caa géc B cidt AC tai D. Tinh tg—]g

B a+c B b
Aat’ _—= B- t —_—=
g2 b-c g2 a-c
g gt 2 D. A), B), C) déu sai
2 a+c¢
PAP AN

93



ON TAP CHUONG I

A. KIEN THUC CAN NHO

Tam gidc ABC vudng tai A.
BC=a, CA=b,AB=c
Puing cao AH = h

BH = ¢’ 1a hinh chiéu cia AB
trén BC. :
CH = b’ 12 hinh chiéu ctia CA trén BC.

..............................
e

B = a, ¢ = B
Hé thudc lugng trong tam giac vuoén
b? = ab’ h? = b’
¢® = ac’ ah = bc
a?=b? +c? L—L.Fi
h? b? 2
Ti 86 lugng giac clia gé¢c nhon
g Pinh nghia
doi do
sincr.zE (O:) tgﬂ-=E(:
a (huyén) c (ké)
ké ké
cosa = ( ) : cotga = & ( )
a (huyén) b (déi)

Ti s6 lugng gidc cia hai géc phu nhaua + p = 90°

sina = cosf cosa = sinf

tg a = cotgp cotga = tgp

Ciac hé thudc giwa canh va goc trong tam gidac vuéng

B = a.sina = a.cosf

C = a.sinf} = a.cosa

B = c.tga = c.cotgp

C = b.tgh = b.cotga




B. BAI Tﬂp H

1. Cho hinh 1. P% dai x, y bang: 0
A.x = 1,58cm sy = 2,76em 'é . y
B. x = 2,88cm vy = 3,84cm ™ -
C. x = 3,1lcm ¥y =4,24cm [ 4,8cm
D. x=3,lem .y = 3,84cm . Hinh 1
2. Cho hinh 2. P dai x, y bing: ' 9
A. x =4V2cm ; y = 5J/11cm y
B. x =3y3cm;y =4/3cm
. x=4\/§cm;y=4«f1_1cm E
D. x=4V1lecm;y = 5/6em
3. Cho hinh 3. Khéng dinh nao sau day sai?
A. AAMB vubng tai M .
B. AOAM la tam gidc déu
C. x=Jymn
D. A), B) ding ; C) sai
4. Cho hinh 4. S6 do géc PNQ bang : (K&t qua lam tron dén phiit)
A. 30°52'
B. 32°32'
C. 33°41
D. 35°
5. Cho hinh 5. Cosa bang : B
A. -\/2—5- B. % i
. 2a a ) <
“ V3 > e A 4 C Hinh5
4 V3a
6. Cho sina = % (0° < @ < 90°). Khong dung bang ciing nhu méy tinh bd

tai hdy tinh cosa.

A. co::usca.=l B. cosaz—a
4 4

V7
4

C. cosa= D. Mot k&t quéd khic
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7. V6i géc nhon a tuy y. Khdng dinh nao sau day sai?

A. (1 -cosa)l + cosa) = sin? a

B. 1+sin?a+cos?a=2cos?a

C. sin' - sinacos? a = sin® a

4 2 2 : *

D ,sm a + Cos u+2sm @ cos a-l

e ol

A. Sacp = 48cm”
B. Sapcp = 50cm’
C. Suicp = 5lem” .
D.Ssscp = 55¢m?
9. Hinh 8 cho bi&t : . .

A . B
Tinh dh b canhy G ' _
(L@mnﬁr__bn.\ket qua -dén cha _ 45
s thap phan thd nhat)
A. CD =13,7¢m 70° |, 4
B xCD = 14,2cm D H K C
Q £D = 14,5cm Hinh 8
IX-_'CT) =15,7cm

10. Cho tam gidc ABC can tai A c6 BC = 12cm va dién tich bing 24em® Gée
BAC ¢6 s6 do 1a : |

A. 110°25° . : B. 108°42' _

C. 112°3¢' D. A), B), C) déu sai
11. Hiph;9 cho-biét : — ’ 3t
5d [ptl,{ccr’ durng vudng gée vdi mat dat.

Béng cua cot cd chiéu bdi 4nh sdng mat troi dai 15m. |

Géc nhin mat troi 1a 42° reey Y 1
- |Cot cor

Tim chiéu dai cta cft co sy

A.13m ¢ B. 14m | Mat ast

C. 15m ... .. D.K&t quakhéd A —
m .')_B:.’.z; L) .I)._n H *qua c Hinh 9 15m: ) 200 0
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12. Tit dinh cGa mdt thdp chuong cao 26m (hinh 10) ngudi ta nhin thay
mot tang da dudi goc 30° so véi dudng nam ngang qua chan thap.

Hoi khoang cédch tif tang d4 dén chan
thap bing bao nhiéu ? (Lam tron két
qua dén chif s6 hang don vi)
A.38m
'B. 40m
C. 41m
D. 45m _
13. P& do chiu cao cia mot cdy thong dinh O, nguoi
ta 14y hai diém B va C trén mat dat véi
BC = 2m. Géc nhin dinh O tir B 1a 47°, tit C 1a
38°. Tinh, chi¢u cao h cia cay thong ké tif ma
. dat,

wog

=

WMat dat
Hinh 10 '

“A.4m )
gk B | d Mat dat
D. A), B), C) déu sai Hinh 11

14. Mot khac séng rong khoang 280m. Mot chiéc dd cheéo qua séng bi
dong nuéc ddy xién nén phai chéo khodng 340m mdéi sang duge by
song kia. B C
Hbi dong nuéc da ddy chiéc do di mét j::;::;::::
géc béing bao nhiéu d6? (Xem hinh v&) v\ voA wni@nvnnana

KO y : VRV 2L SV RV TRV
A'-35 - B- 38 mmmxﬁ(ﬁmmmw\hm
C. 42° . D. 41 | ——
15. Mot khic song rong khodng 320m. Mot con thuyén di 'chuyé'ﬁgxgrqt
qua khi¢' song nudc chdy manh mat 8 phat. Tinh van toc ‘¢dd con

thuyén, bi€t ring dudng di cta con thuyén tao vei bd mot géc 35°

(Xem-hinh vé) B . C
D. Mot két qua khéc

A



16. Giai tam gisdc ABC vudng tai A. Cho biét : AC = 410cm, B = 54°17’
A. C = 35°43', AB = 196, 54cm, BC = 405,93cm

-

B.C -=|35°43', AB = 294,96cm, BC = 504, 93cm
@ C = 35°43', AB = 299,93cm, BC = 506,87cm
D. A), B), C) déu sai
17. Cho tam gidc ABC vudng tai A c6 AB = 15cm, AC = 20cm. Pudng cao
AH, trung tuyén AM. Tinh s6 do goc AMH. (Lam tron két qua dén do)
A. 50° ~ B. 54° C. 60° D. 74°
18. Cho hinh thang cAn ABCD.(AB // CD) sao cho dudng chéo BD vudng
géc v6i canh bén BC. Cho biét AD = 12cm, BD = 16cm. Tinh
sinC + cosC
sinC — cosC
AM=3 B.M=45 C. M=7 D. M =383
19. Cho tam gidc MAB sao cho A =30° B =40°, AB = 50cm. V& MI

vudng géc vdi AB tai I. Tinh MI. (Lam trdon két qua dén hang don vi)
_A. MI = 14cm B. MI=16ecm C. MI=17cm D. MI=2lcm

M=

20. Tinh gid tri cia biéu thic P = coq:a + tga. Cho biét cosa = g
l1+sina 4
KD’ B. P-4 C. Pwt D P=d
3 3 5 8"
DAP AN
Bai 1 2 3 4 5 6 7 8 9 10
Cau | B C D C A B C

Bai (11 | 12 | 13 | 14 | 156 | 16 | 17 | 18 | 19 | 20
Cau | B | D C A B B D C A B
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HUGNG DAN GIAI
1. MOT SO HE THUC VE CANH VA DUONG CAO TRONG

TAM GIAC VUONG
; 1P @ Nhic lai: Néu hai tam gidc vuéng c6 mdt géc nhon bang nhau thi
hai tam gidc d6 dong dang A

A.AAHB ~ ACAB (vi H=A =90°
va B chung)

B.AAHC -~ ABAC (vi H- A - 90° \
va C chung) B/ ul C

C.AAHB ~ ACHA (~ ACAB)
2. @ AMNP vuodng tai M, dudng cao MH :
Theo hé thic lugng trong tam gidc vuéng, ta c6 :
A.e MN?=NP.NH M
e MP?= NP.PH
B.» MH® = HN.HP
e MN.MP = NP.MH

1 1 1 -
MHZ MNZ = MP? " H :

C.

5. ®

A. Ap dung dinh 1y Pytago vao AABC vudng tai A, ta ¢6 :
BC? = AB? + AC? = 9% + 12% = 225 A
= BC = V225 = 15 (cm) P e,
B. Theo hé thic lugng trong tam b
gidc vudng, ta co :
AB.AC = AH.BC hay 9.12 = AH.15 B H C

= Ly 7,2 (cm)
15

C. Theo hé thic lugng trong tam giac vudng, ta cé :
AB? = BC.BH hay 9* = 15.BH
= BH = ﬂ = 5,4 (cm)
15

D.Tacé : HC = BC - BH = 15 - 5,4 = 9,6 (cm)



4, @Theo hé thic lugng trong tam gidc vuéng OEF (O =90°),
dudrng cao OI, ta c6 :

¢ OE? = EF.EI , " E »
OE?’=(3+12).3 =45 S I
= OE = V45 = 3J5 (cm) 5
e OF? = EF.FI &}
OF? = (3 + 12).12 = 180

— OF = 180 = 645 (cm) ¢ =
Vay OE = 3J5em, OF = 61/5cm :
5. (O Ap dung dinh 1i Pytago vao AABI vuéng tai I, ta c6 :
AB?* = AI® + BP®
= BI* = AB® - AI’ = 13- 122 = 25
= Bl = 425 = 5 (cm)
Theo hé thie lugng trong tam gidc vudng, ta cAé -

AB? = BC.BI °
AB? 18°
BC s — 4 = 338 (cm) &
= B 5 (cm ~:§‘

DD dé S_ABC = -;—AIBC

B

" %.12.33,3 - 202, 8 (cm?)

6. (B)Tac6: AB.= ~ AC = bem = AC = 10em
g

Ap dung dinh i Pytago vao tam gidc vuéng ABC, ta c6 :
BC?= AB® + AC® = 52 + 10° = 125 5

= BC = 125 = 55 (cm) H

AABC vudng tai A, dudng cao AH
Ta c6 : AH.BC = AB.AC

AB.AC 5.10
. 7 v =2
. AB 2 AB? 4
1 £ S Yk e e
7 BT AC 3 “=>Ac2 9
AB? 4
B, Syt 5 mes’; IR
AB? + ACZ 13
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Ma AB? + AC? = BC? = (2V13)? =52 B

H
2
62 13
=5 AB? =292 _ 46
1 A C
= AB=\/E=4(cm}
(1):>i=2:>AC:4—'%=6(cm)
AC 3 2 V5101

_ABAC 46 12
BC 213 13

Tac6 : AHBC = ABAC > AH = 3,3 (cm)

8. @

Ap dung dinh li Pytago vao AABC vudng tai A, ta c6 :
BC? = AB? + AC = 182 + 247 = 900 -,
= BC = V900 = 30 (cm)

Do BM la duong phan gidc cia ABC :
AM AB 18 3

~ MC BC 30 5 N T P
AM 3 AM 3 24.3
P Mo MO Beb D gg g o AT =0l
e e

AC -
Ta c6 BM va BN la cac dubng phan gidc trong va ngoai cia géc B
nén BM L BN
Tiu AMBN vuéng tai B, dudng cao BA, ta cé:
BA? = AM.AN hay 187 = 9.AN
2. :
= AN = '%:36@..11) — MN = AM + AN = 9 + 36 = 45 (cm)

9. © Goi I 1a giao diém cta tia phan gidc cla géc O va canh MN.

63 { iz A
OM IM °7 45 3
Ta c6 : Sl g 1
“TONTIN g4 60 4 -
7
oM2 9 OM? 9 M N
= —=—> = —
ON? 16 OMZ+ON? 9+16 L =43t I
—_— e i
MN2 25 s !
OM 3 igion .0

=— (2)
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Ta ¢6 : MN = MI + IN = 6$+8%=15(cm)

(2) = OM = 3.MN =.3.15 - g
5 5
(1)ﬂ0N=£%L£:%9212\cm)

Thes 862 Risge = %OM.ON = %.9.12 - 54 (cm?)

10. gi a(cm), b(em), c(em) 12 d6 dai ba canh caa AABC.
a ‘b c

Theo dé baitac6: {3 4 5
a+b+c=48cm

Tacs:2_P_c_a+brc 48
"3 4 5 38+4+5 12
Do dé '% 4 =>a=12 (cm)
b
e —=4=Db=16(cm)
4
C
L 3_423’(::20(01'11)
Ta c6 : a% +b? =122 +162 =400 (1) ,
- e? =207 = 400 (2)

(1) va (2) = ¢® = a + b’
Theo dinh ly Pytago ddo ta c6 AABC la tam gidc vudng

2. Ti SO LUONG GIAC CUA GOC NHON

1. Tu AIEK vubng tai ], tacé : 1

Aostnl=. |50
EK | huyén
B. cosE = ;}3{ (hki ]
uyen E K
(dm]
IE ( ké
D. cotgE = — -
g8 = 1 (351
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OP2 4+ 0Q% =(7.22 +(9,6)2 =144 (1
2. @ Tacs + 0Q? =(7,2)% +(9,6) (1)

PQ =12° - 144 (2)
(1) va (2) = OP? + 0Q* = PQ? 0
= AOPQ vudng tai O (theo dinh ly Pytago dao)

120

= SinP = E;:; =0,8 = f’:530

= Q=90°-P =90° - 53° = 37°
Vay 0.=90°, P =53° Q = 37°

A
3. @ Vé AH vudng gbc véi BC tai H
Tu AAHB vuéng tai H, ta c6 : Qés'
N
e sinB = Al hay sin 60° = ilil
AB 10 "
J3 - 45
M f
= AH =10.5in60° = 10.72:i = 5v3 (cm) B H C

e cosB= -]i—% hay cos 60° = %1— = BH =10.cos60° = 10.% = 5cm

~ AAHC ¢6 H =90°, C = 45°
= AAHC vuéng can tai H = AH = HC = 5/3 cm
Tac6:BC=BH +HC=5+ 53 =5+5.1,73 = 13,65 (cm)
Ap dung dinh ly Pytago vao tam gidc vudng AHC, ta c6 :
AC? = AH® + HC® = (5V3)% + (53)? = 150 = AC = 150 ~ 12,25cm
. Do d6: CVapc = AB + AC + BC = 10 + 12,25 + 13,65 = 35,9 (cm)
4. AABC vubng tai A = B +C = 90°

Do dé: sinC =cosB=§
Ta ¢6: sin’C + cos’C = 1
2

=>c032(}.—;1—sin2C=1—(i} =-9—=>cosC—_-§
. 5] 25 5)

4
sinC 5 4 cosC 3
Ta c6 : tgC = = - _ cotgC = =i
gC cosC 3 3 = ge sinC 4

5

- . 4 3 4 3
V-“ C:__.; C:-—;t c:-—-; t Cz_
ay sin 2 cos z g 1 cotg .
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coso sina cosa
= tga.cotga = .— =1
cosa Sina

in '
R cotga =

5. Ta c6:tga =
© g cosa sin a

6. B

b) Dung gbc vudng xOy va mot doan thing lam don vi do dai (dvdt)
¢) Trén Ox vé diém A sao cho OA = 3dvdt

a) Dung cung trdn (A ; 5dvdt), cung nay cit Oy tai B

d) OBA 1a géc o cAn dung

7. ©
1

) sin38° 5) sin21°20’
2) tg41°30° 6) tg33°42’
3) cos68°40’ ' 7) cosb2°
4) cotg56°18’ 8) cotg38°30’°

* Giai thich :
Tacé: e 38°+ 52° = 90° = sin38° = cosH2°

e 41°30’ + 38°30" = 90° = tgd1°30" = cotg38°30’
o 68°40" + 21°20’ = 90° = c0s68°40’ = sin21°20’
e 56°18 + 33°42’ = 90° = cotg56°18’ = tg33°42’

e Nhic lai : Néu hai géc phu nhau thi :

— Sin géc nay bang cosin goc kia

— Tang géc nay béing cotang géc kia

8. @Ta c6: P = cos’a + Eosza. cotgza = cos’a(l + cotg2u) )

2
cos” a
ma cotg’a = =
sin“ a
2 . 2 2
cos” a sin” a + cos” a
(*) = P=cos’a|1+ = cos” &| — -
: sin“ a sin“ a
cos? a 2 2
= —5— (visin’a + cos’a = 1)= cotg’a
sin” a

9. © Ta ¢6: Q = sin’a + sin’a. tg’a = sin? a(l + tgza)

g sin” a . D cos’ a + sin? a sin a
= sin“a|l+ 2 = sin“a 5 = 5 =tg2a
cos“ a cos“ a cos“ a
2cos?a-1 2cos?a-(sin®a+ cos? )
10.(B) Ta ¢6: M = = = —
sina + cos a sin o +.cCos &

cos? @ — sin

2a = (cosa + sina)(cosa — sin a.)

- - =cosa —sina
sina + cosa sina + cos a
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3. MOT SO HE THUC VE CANH VA GOC TRONG
 TAM GIAC VUONG

1. (O Tinh B, AC va BC :
AABC vubng tai A, ta co :
e B+C=90°
= B =90°-C = 90° - 30° = 60°
e AC = AB.tgB = 14.tg60°
= AC = 143 (cm)

A

. cosB=—iA——B—:>BC--AB = =E=28(cm)
BC cosB  cos60° 1
2
Vay B =60° ; AC = 14/3cm ; BC = 28cm
2.'Tinh If’:‘:,AB,BC: A
AABC vudng tai B, ta cé: 52 15¢
e A+C=90°
= C=90°-A =90° - 52° = 38°
¢ AB = AC.sinC = 15.8in38° N
B C

= 15.0,61566 ~ 9,2cm
e BC = AC.sinA = 15.5in52° = 15.0,788 = 11,8 (cm)

Vay C = 38°, AB = 9,2cm, BC =11, 8cm
8. (@ Tinh B, C va BC: B
AABC vudng tai A, ta c6:

AC 1
tgB = ~=1,1145= B = 48°
B S ama g = 72

Tacé: B+C =90°
= C=90° - B =90° - 48° = 42°
Ap dung dinh ly Pytago vao AABC, ta c6:
BC” = AB” + AC” = (7V2)* + 117 = 219 = BC = V219 ~ 14,80 (cm)
Vay B =48°, C = 42°, BC = 14, 80cm
4. @ AMIN vubng tai I, ta cé:
1 1

¢ NI = Ml.cotgN = 8.cotg70° = 8. = 8. = 2,91 (cm
or8 g tg70° 2,75 :

s
A 1lem
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5.

6.

T

106

e PI = MI.cotgP = 8.cotg38°

- BB 10,26 (cm)
tg38° 0,78
=>NP=NI+IP=291+ 10,26 = 13,17 (cm)
= Sy = = 8.18,17 = 52,68 (cm?) 10°
2 N
ABZ + AC2 =122 +16% =400 (1
Ta co: % ¥ ) B
BC? = 202 = 400 (2)
(1) va (2) = AB? + AC? = BC® § gocm
= AABC vudng tai A =
; AC 16 ~ A C
sinB=—=—=0,8= B =53
e BC 20 Loeem.

Ta ¢6: C=90° - B = 90° - 53° = 37°.Vay A = 90°, B = 53°, C = 37°
(C) AABD can tai A (vi AB = AD = 10cm)
—~ =~ 180°-A 180°-120°

10cm

= BI = D1 = 2 2 = 300
P S 14cm
= D, = B, =30° (so le trong)
ABCD vuéng tai B, ta cé: D2 C
; BC BC 14 14
Dig et = DD B == =28
sinDy === = 0D, - aEr ‘(cm)
2

Do d6 CVapep = AB + BC + CD + DA
=10+ 14 + 28 + 10 = 62 (cm)
@.V‘é dudng cao cua tam gidac ABC
Do ABC la tam gidc déu nén AH cung la dudng trung tuyén.
Suy ra : HB = HC = 4cm A

Tu AABH vudng tai H, ta ¢6 :
AH? = AB> - BH?=8%-4%2-48 ‘8cm
=> AH = /48 = 43 (cm)
Tu AAHM vudng tai H, ta cé: 42° e
. AH M B H = C
sinM = —
- AM

L AM - AH _ 43 _ 6,928
sinM  sin42° 0,669

~ 10,34 (em) (V3 = 1,73)



8. @ AOPN vudng tai P, ta c6 :
OP = ON.sinN = 9.5in38"
=9.0,616 = 5,54 (cm)
NP = ON.cosN = 9.c0s38"
= 9.0,788 = 7,09 (cm)
AOPM vudng tai P, ta c6 :
OP 5054 554 554

TtgM  tges’ Y3 1,73
Ta c6: MN = NP - MP = 7,09 - 3

=3, 2_ (cm)

2 = 3,89 (cm)

Do d6: Soyx = ~ OP.MN = 2 5,54.3,89 = 10,78cm? = 11cm?

9. (B Ve dubng cao AH ciia AABC cit BM tai O. Do AABC can tai A

nén AH cang la trung tuyén
caa goc A.
O la trong tdm cia AABC
:> — ———
A.'I. = A2 = 150
AAHB vuéng tai H, ta c6: tgA, =

AOHB vudng tai H, ta cé: tgB; =

Nhéan (1) va (2) vé theo vé, ta dugc :

déng thoi 1a dudng phén giac
A

BH
e T
AH 3

OH
— (2
BH &

B

0
tgAl.thl‘ = i}l—; : gg = AE = :—;- (vi O 1a trong tdm)
1 1 1 1 -
= tgB,; = - = = = 1,2442
o = 3tgA, “3tgl5°  3.0,2679  0,8037
= B, = 51°12' ~ 51°
10. © BD la dudng phan giac cua géc B, ta cb:
AD _AB_c R
DC BC a
AD C b.c a
= AD oo
DC+AD a+c a+c 9
- AC
AABD vudng tai A, ta c6 : m >
bc A ................. D .................................... C
sl b
AD b B b
tgB, =— =8+¢ . Vay tg— =
g51 AB c a+c w8 2 a+c
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ON TAP CHUONG |

1. . Ap dung dinh 1li Pytago vao AHIK vuéng tai I, ta c6 :

HK? = TH? + IK? = (3,6)? + (4,8) = 36 = HK = V36 = 6 (cm)
Tu AHIK vudng tai I, dudng cao 10, ta cé:

"H

e TO.HK = IH.IK ,;
¢ 2 ! Q".

= Olog HHIK (RE848 . o' ) gl T Y

: HK 6 ' ©| x
. IK2 = KO.HK @ -
K2  (4,8) I hbad g

. KO y_HK = ,6 = 3,84 (cm) Hinh 1

2. © AOEF vuéng tai O, dl.rcfng cao OM, ta cé :

Véy X =2 88cm : B 3,84cm

e EF=EM+ MF =5 + 11 = 16 (cm)
. OEz;-;x?=EF.EM=16.5=80
:>x'% J80 = 45 (cm)

e OF*=y®=EF.FM = 1611 = 176
=y = V176 = 4J/11 (cm)

3. D

108

A.Ta c6: OA = OB = OM = ban kinh
= OM la dudng trung tuyén iing véi canh AB va bang %AB

= AAMB vubng tai M

B. AOAM c6 MI vira la decmg cao, vifa 1a trung tuyém nén r&OAM
can tal M _

= OM = MA | (1)
Ta con ¢6 : OM = 0A = ban kinh  (2)
(1) va (2»= OM = OA = MA
V4y A0AM 1a fam gidc déu

C &AMB vuf)ng ta.l M dm‘:an cao MI,

' ta cé : :
M= x*=IAIBLmnSx=vmn




4. (C) Tac6: OM = ON = OP = béan kinh
— OP la dudng trung tuyén ung véi canh MN va bing %MN

= AMPN vudng tai P
Tiu AMPN dudng cao PQ, ta cé :
PQ* = QM.QN = 4.9 = 36

= PQ = J36 =6

PQ | 3
Ta c6: tgPNQ = QN =—=0,666... Hinh 4

el ey

- PNQ = 33°41°
$ ol _ a
5. (@) Ta co: {BC ={28)" ~4a 1)

AB?Z + AC? = a? + (V/3a)? = 4a% (2)

(1) va (2) = BC? = AB? + AC? B
= AABC vudng tai A £ 5 H

a=C=30° (vi cung phu vdi CAH ) '-; _ 23.

Vay cosa = iz_?i

A
" - 3a
6. ©Tacé: sinu:gﬂsinzu:?_ V3
4 16 Hinh 5

. . 92 2
Ta con ¢6: sin“a + cos“a = 1

2 .2 9 7
= cos‘a=1-8s1nfa=1- —=— = cosa = r:

16 16
7. @

A.(1 - cosa)(1 + cosa) = 1 - cos’a = sin’a

B.1+sina+cos’a=1+1=2
1

C. sina - sina.cosa = sina(l - cos® @) = sina.sin
—— et .

2 3

a= sjn o
sin? a
2

D. sin‘o + cos’o + 2.sin’a.cos’a = (cos® a + sin? u)zls =12 =1

L

8. (D) Ve BH LAC tai H

Tir AABH vudng tai H, ta ¢6: | pLan = A =

BH = AB.sinBAH = 108in42° = 6:69°@f) /.5 DJAH «
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Sapc = %BH.AC g %.6,69.10 - 33,45 (cm?)
AACD vudng tai D, ta cé:
e CD = AC.sinCAD = 10.s8in30° = 10.% =5 (cm)
e AD =.AC.cosCAD = 10.cos30°

= 10.-\};—5 = 5J3 (cm)

Bt %CD.AD -2 5573 = 21,63 (cm?)

SaBcp = Sasc +Sacp = 33,45 + 21,63 = 55,08 ~ 55cm”
9. (A Tir AAHD vubdng tai H, ta c6:

e AH = AD.sin70° = 6.0,94 = 5,64 (cm) A B
"o DH = AD.cos70° = 6.0,34 =2,05 cm) '+ D
e ABKH Ia hinh chit nhat 4
= HK = AB = 6cm, BK = AH = 5,64cm Ars
e ABKC ¢6 K = 90°, CBK = 45° 70° L
- D H K C

= ABKC vudng can tai K
= CK = KB = 5,64cm Hinh 8
Tac6é:CD =CK + KH + HD= 5,64 + 6 + 2,05 = 13,7 (cm)

10.© Vé duding cao AH, ta c6: Sppc = %AH.BC

Hay 24 = —%AH.IZ::» AH = j—z =4 (cm)

AABC cén tai A nén duong cao AH cing la phan gidc cuia
géc BAC, dong thoi 1a dudng trung tuyén dng véi BC

A=A, =1BAC A
HB - HC = 2 BC = 6em 112
AAHB vudng tai H, ta cé:
B al C
. Hinh 9
= A]. =56°18' .

(*) = BAC = 2.A, = 2.56°18' = 112°36'
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11. @ Goi chiéu dai cha cot cd 13 1, ta cob:
| = 15.tg42° = 15.0,9 = 13,51 ~ 14 (m)
Vay chiéu cao cot co xdp xi 14m
12.(D) Goi x 1a khoang cach tit ting d4 dén chan thép, ta c6:
tg30°=3§:)x= 26 =E§-=45(m) 3
X tg30° V3
3
Vay khoang cdch tir tang da dén
chan thap xdp xi 45m 30° X O
13. (OTu hai tam gidc vuéng OAC va OAB, ta c6: ~ Hinh 10
AC——OA(I}VQ AB = oa (2) g
tg38° (g47°
Trir (1) va (2) vé theo vé, ta co :

AC—ABzOA[ T ]
BC tg38° tg47°

26m

(8] 0
hay 2=0A[tg47 —thS]

tg38°.tgd7°
1,07 - 0.78]
1,07.0,78

0,29 2
2=0A.—— =0A.0,35 OA = ——= 1=
0.83 = 035 5,71 = 6 (m)

¥ L]

2=OA{ Hinh 11

Vay chiéu cao cdy théng xap xi 6m

280

14. @ Ta cé: cosa = =0,8235 = a = 34°33' ~ 35°
340

Vay dong nugc da ddy chiéc do di modt gée xdp xi 35°
15.(B) Ta c6: C = A = 35°

— sinC = sin 35° = gall
AC
o5 A0 B0 o SR e b 6,558 fin)

sin35° 0,574
Van tdc cha con thuyén 1a 0—'5588—ﬂ x4 (km/h)
16. (B) Tinh C, AB, AC:
AABC vudng tai A, ta c6:
e B+C=90°
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= C=90°-B =90° - 54°17' = 35°43'

o tgB= ig
AB . 410cm
o AgoBt . G0 Al 294,96 (cm)
tgB  tg54°17" 1,39 , 54°17’ -
i gl B B A 2R e B
BC sinB sin54°17 0,812

Vay C = 35°43', AB = 294,96cm, BC = 504,93cm
17. (D) Tir AABC vuéng tai A, ta c6:

A
e BC =152 + 202 = 25 (cm)
. o _;_BC T8 B ) ~ 15cm 20cm
» AH.BC = AB.AC
B — C
_, ap.ABAC 1520 ., M
BC 25
Tu AAMH vuéng tai H, ta c6:
sin AMH = AH sitl 0,96 = AMH = 73°44' ~ 74°
AM 12,5
18.(C) ABCD la hinh thang can = AD = BC = 12cm
Tu ABCD vubéng tai B, ta c6: A B
¢ CD =122 +16% = 20 (cm) |
. BD 16 4 12cm 16cm
e SiINCz—e— == -
CD 20 5
e cosC = FEE = E - E D C
CD 20 5
4.3
inC+cosC 5 5
DodéM:sm =BT
sinC-cosC 4 3
' 5 5
19.( @)
Tiu hai tam gidc vudng MIA va MIB, ta c6:
MI MI MI
e tgA=— = Al= = (1)
Al tgA  tg30°
MI MI MI
e tgB=— = BI-= = (2
S S tgB  tg40° }
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Cong (1) va (2) vé theo vé: AI+BI:MI[ - + . }

AB tg30° tg40°
_ AB M
:>MI—__l +_1H (*)
tg30° tg40°
Ta c6 : AB = 50cm
1 _ 1 14 Jratin 1 402
tg30° 0,58 R SR
11 o 50¢
tg40° 0,84
: 50 50
Flos Ml= e =" =13 @1 Y= 14
R wl bl A e L Loy
cos a
20. Taecd: P= — + tpox
@ 1+sina &
__cosa  sina _ cos” a +sina + sin? &
l+sina cosa (1 +sina)cosa
L Lempe 1 1 4
(1+sina)cosa cosa 3 3 .

4
* Mot cach nhd dinh nghia chir s6 lugng gidc ctia géc nhon
“Tim SIN 14y déi chia huyén
COSIN hai canh ké huyén chia nhau
Con TANG ta hay tinh sau
Poi trén ké duéi chia nhau khé gi
COTANG tinh chang ngui suy
Ké trén déi dudi ta ghi vao lién”
* Hoac c6 cach dé nhé khic:
SIN di hoc (d6i chia huyén)
COSIN khong hu (k& chia huyén)
TANG doan két (d6i chia ké)
COTANG két doan (ké chia déi)
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Chuong II. DUONG TRON
Vin dé 1. SU XAC DINH DUGNG TRON

TiNH CHAT P01 XUNG CUA DUONG TRON
A. KIEN THUC CAN NHO

1] Nhic lai vé dudng tron
e DPudng tron tdm O bdn kinh R (véi R > 0) 14 hinh gém céc diém
c4dch diém O mot khodng bang R.
e DPudng tron tam O ban kinh R duge ki hiéu la (O; R), cing ¢6 thé ki
hiéu 12 (O) khi khéng can chu y d&€n ban kinh
¢ Vi tri tuong d6i cia mot diém vai dyong tron.
Xét dudng tron (O; R) va mot di€ém M c6 OM = d, ta c6 :
* M ndm trén duong tron (O; R) < d=R
* M ndam trong duong tron (O; R) < d <R
* M ndm ngoai duong tron (O; R) < d >R
2] Xéc dinh auang tron
Dinh li
e Qua ba diém khong thng hang, ta vé duge moét va chi mot dudng tron.
e Vdi mdt difm O va mot s6 duong R cho truée ta xdc dinh duge duy
nhit mot dudng tron tdm O ban kinh R. R
* Goi d,, dg, d; 1ﬁn luot 1a trung truc
cia ba canh AB, AC, BC.
Giao diém O cua d;, dy, d; la tdm
dutng tron di qua ba diém A, B, C. = v ¢

* Duong tron qua ba dinh cia tam gidc duge goi la dudng tron
ngoqi tiép tam gidc dé, con tam gidc & trong duong tron goi la
tam gidc ndi tiép dudng tron.

* Chi 3§

a) Qua hai diém cho sdn, ta dung duge vé sé dudng tron, tAm cha céc
dudng trdon nay thudc dudng thing trung truc cia doan thing ndi
hai diém da cho.

b) Khong c6 dudng tron nao di qua ba diém théng hang.
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c) * Tam cia dudng tron ngoai tié’f:n tam gidc
vudng 1a trung diém canh huyén cua tam C
gidc vuong do.
* NEu mdt tam gidc ndi tiép dudng tron c¢6 mot canh la duong
kinh cta dudng tron thi tam gidc d6 la tam gidc vudng.
3] Tam a6i xing
*  Pudng tron 1a hinh ¢é tdm d6i1 xding. A
e Tam cua dugng tron la tam doi xdng cua
dudng tron d6 (hinh a). Hinh a R
E Tryc déi xung
*  Pudng tron la hinh ¢6 truc d8i xing.

e Bat ki dudng kinh nao cia dudng tron cing A
1a truc déi xing cha dudng tron dé (hinh b). * B Hinh b
B. BAITAP

1. Khing dinh nao sau day ding nhat?
A.Tap hop cdc diém c6 khodng cdch dén diém O c6 dinh bing
4cm 12 dudng tron tdm O ban kinh 4cm
B. Pudng tron tdam O ban kinh 4cm gbdm tdt cd nhing diém c6
khodng cdch dén O biing 4cm
C. Hinh tron tdm O bdn kinh 4cm gém t4t cd nhing diém c6 khodng
cdch dén O nhd hon hoac bing 4cm.
D. A), B), C) ddu ding
2. Khéng dinh nao sau day sai :
A. Qua mét di€m, ta vé dugc vé s6 dudng trdn
B. Qua hai diém, ta vé dugc vd s6 dudng tron
C. Qua ba diém, ta v& dugc mot va chi mot dudng tron
D. A), B) ding ; C) sai.
8. Cho dudng trdon (O ; R) ngoai ti€p tam gidc ABC vudng tai A
Khéng dinh nao sau day dang :
A. Piém O nim bén trong AABC
B. Piém O nam bén ngoai AABC
C. Piém O n3dm tuy y trén canh BC
D.Piém O la trung diém cta canh BC "
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4. Cho dudng tron tdm (O ; R) dudng kinh AB, qua trung diém H cia OA
vé dudng thing vudbng goc véi AB cit dudng tron tai M. Tinh theo R
dién tich AAMB

2 2 2

R 2J§ c. B 3\1’9? p R 4\/5

5. Cho tam gidac ABC ¢6 AB = 3,6cm, AC = 4,8cm, BC = 6cm néi tiép
dudng trdn (O ; R). B dai R bang :

A.3cm B. 4,5cm C. 5cm D. 5,5cm

6. Cho tam gidc MNP vudng tai M ndi ti€p dudng tron (O; 10cm),
MNP = 41°. Tinh chu vi AMNP. (Lam tron két qua d&én hang don vi)

A. 38cm B. 48cm C. 52cm D.61lcm

7. Cho hinh chit nhat ABCD c¢6 AB = 18cm, AD = 24cm.

Khing dinh nao sau day ding?
A. Giao diém O clia hai dudng chéo AC va BD la tdm dudng tron
di qua A, B, C, D.
B. B4n kinh R ctia dudng tron (O) bang 15cm
C. BD la truc dé6i xing cia dudng tron (O)
D. A), B), C) déu ding
8. Trén mit phédng toa do Oxy 14y diém P(2; 1)
Khing dinh nao sau day ding?
A. Piém P nim bén trong dudng tron (O ; V5)

B. Piém P nim bén ngoai dudng tron (O ; V/5)
C. Pi€ém P nam trén dudng tron (O ; V5)

9. Xét bai todn: “Néu cach dung dudng tron tdm O ngoai tiép tam giac
ABC”. Hay sdp xép mot cdch hop li cdc clu sau dé duge 1oi gidi cha
bai todn da cho.

a) Dung dudng tron tdm O ban kinh OA
P6 1a dudng tron ngoai tiép AABC cin dung
b) Dung d va d’ theo thy tu 12 dudng trung
truc cha ABva BC,dva d’ cdt
nhau tai O
¢) Dung tam gidc ABC
Sép x&p nao sau day hop li :
A.c), b), a) B. b), c), a) C. a),b), ) D. c¢), a), b)
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10. Cho géc vuéng xOy va diem M nam bén trong géc dé. Ve dudng tron
tam I di qua O va M cat Ox d A va cit Oy ¢ B. Goi M’ 14 diém doi
xing cua M qua AB.
Khang dinh nao sau day ding?
A. Piém M’ nim bén trong dudng tron (I)
B. Diém M’ ndm bén ngoai dudng tron (I)
C. Piém M’ nim trén dudng tron (I)
PAP AN
Bai 1 2 3 4 5 6 8 9 10
Cau D C D B A B D C A C

-]

Vandé 2. DUONG KiNH VA DAY CUA PUONG TRON

LIEN HE GIUA DAY VA KHOANG CACH TU TAM DEN DAY
A. KIEN THUC CAN NHO

|1] So sanh dé dai dudng kinh va day
Pinh i 1
Trong cdc ddy cua mcj.f duong tron, ddy lon nhdt la duong kinh cia
duong tron dé.
@ Quan hé vudng goéc gilta duong kinh va day
Dinh li 2
Trong mét duong tron, duong kinh vubng géc vdi mét déy thi di

qua trung diém cua ddy Gy.
Dinh li 3 ‘
Trong mét duong tron, duong kinh di qua trung
diém cida mét ddy khéns i qua tém thi vubng A B
goc vai ddy dy.
* Dudng tron (O) dudng kinh CD

* Day AB khéng qua tdm O = JA=1B
* CD 1 AB tail

Pinh li 4
Trong mét duong tron :
a) Hai ddy bdng nhau thi cich déu tam.
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b) Hai ddy cdch déu tdm thi biang nhau.

e AB va CD la hai day caa dutng tron (O).

e OH va OK la khoang cach tif tAm O dén AB va CD
Tacé AB=CD < OH = OK
Pinh 1i 2
Trong hai day cia mét dudng tron :

a) DAy nao 16n hon thi ddy dé gan tam hon.

b) Day nao gan tAm hon thi day dé6 16n hon.

e ABva CD la hai ddy cua duong tron (O).

¢ OH va OK la khodng cdch tit O dén AB va CD.
Tac6 AB>CD < OH < OK

R. BAITAP

1. Xét dudng tron (O) duong kinh AB vudng géc véi day CD tai 1. Goi E
va F 14 hinh chiéu cta O trén AC va AD (E € AC)
Khing dinh nao sau ddy ding?
A. AACD la tam gidc can B. OE = OF

C. EF = %CD D. A), B), C) déu diing

2. Cho dutng tron (O ; 34cm) ¢6 Ol vudng géc véi day MN (I € MN) sao
cho OI = 30cm, thi d9 dai cia MN béng: |
A. 30cm B. 32cm C. 34cm D. 40cm

8. Cho dudng tron (O ; R) ddy AB = 19,2cm. Goi H 1a hinh chiéu cia O
trén AB. Cho biét OH = 7,2cm. P dai R bing :
A. 12cm B. 13cm C. 14,5cm D. 15,6cm

4. Cho dudng tron (O) dudng kinh AB va diay CD vudéng géc véi OB tai
trung diém I cia OB. Tit gidc OCBD 14 hinh gi?
A. Hinh thang can B. Hinh chif nhét
C. Hinh thoi D. Hinh vudng

5. Cho dudng tron (0), dudng kinh AB va didy CD khdng cdt dudng kink
AB. Goi M va N theo thd tu 12 hinh chiéu cia A va B trén dudng
thdng CD. Goi I 12 trung diém ctia day CD. AMON 1a tam gic gi ?
A. Tam gidc can - B. Tam gidc déu
C. Tam gidc vudng D. Tam gidc vudng cidn
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6. Cho dudng tron (O) va hai day biang nhau AB va CD. Hai dudng thang
AB va CD cat nhau tal diéem P nam ngoai (0). Goi H va K theo thi tu
1a trung diém cha hai day AB va CD.

A.OH = OK B.PH = PK
C. OPH = OPK D. A), B) dung ; C) sai

7. Cho dudng tron (O ; 6,5cm) c6 duong kinh MN va day MP = 12cm. Ve
ddy PQ wvudong goéc véi MN tai H. Tinh 46 dai day PQ.
(Lam tron két qua dén chir s6 thap phan thit nhat)

A. 8,5cm B. 9,2cm C. 10,4cm D. 10,8cm

8. Cho dudng tron (O ; 15ecm) va day AB = 24cm. Tinh sd do cdc goc

trong AOAB. (Lam tron két qua dén dg)
A. 0=106° ;A =B =37 B. 0-100°;A=B=40°
C.0=-110°;A=-B=35° D. A), B), C) déu sai
9. Cho dudng tron (O ; R) va hai dudng kinh vuéng géc AB, CD. Trén
2A0 .

ban kinh AO lay doan Al = , vé tia CI cdt (O) tai E. Tinh thec R

d6 dai day CE.

" RV10 & 3RV10 C. 3RV10 - 15RV11

3 4 5 4
10. Cho tam gidc ABC cén tai A ndi ti€p dudng tron (0). Goi E va F theo
thd tu 12 hinh chi€u cia O trén AB va AC.
Khéng dinh nao sau day dung ?

A. OE = OF " B. AO 1a tia phan gifc cia BAC
C. AAEF céan tai A D. A), B), C) déu ding
DAP AN

(b |
(o]
-]
Go
o

Bai I 2 3 4 10
Cau | D B A C A D B A C D

119



Van dé 3. V| TRi TUGNG P01 CUA DUONG THANG

VA PUGNG TRON
A. KIEN THUC CAN NHO

E] Ba vi tri tuong dGi clia dudng thing va dudng trén
Xét dudng tron (O: R) va dudng thing (a).
Goi OH = d 1a khodr = cédch tir tAm O dén (a).

Vi tri tuong doéi cua duong Sé diém | Hé thitc giita d va

thang (a) va duong tron (O; R) | chung | R
Pudng thing va dutmng tron cit nhau. 2 d<R
Pudng thdng va dudng trdon tiép . 1-R
xuc nhau. B
Pudng thing va dubng trdn khong -

; : 0 d>R
giac nhau.

d<R
I1| Tiép tuyén cla dudng tron
1) Dinh nghia
Khi dudng thidng (a) va duong tron (O) chi ¢c6 mot diém chung C,
ta no1 :
e (a)va (O) ti&p xuc v6i nhau tai C hoac
e (a)la ti€p tuyén cta (O) tai C va C la tiép diém.
2) Dinh li .
Né&u mot dudng thdng 1a tiép tuyén cia mot dudng tron thi dudng
thdng d6 vudng goc véi ban kinh di qua tiép diém.

. * Puong thdng (a) la tiép
Gid thiét tuyén cia dugng tron (0).
* C la tiép diém.

Két ludgn (@) L OC tqi C.
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3

3) Cac dau hleu nhﬂn blet tiép tuyén cia dudng tron

a) Néu mot dudng thiang va mot dudng tron chi c6 mot diém
chung thi duong thang dé 1a tiép tuyén cua dudng tron.

b) Néu khoang cdch tir tam duong tron dén dudng thing bing ban
kinh cGa dudng tron thi dudng thang d6 1a ti€p tuyén ctia dudng
tron. :

| Duong tron (O; R) va duong thdng (a).

|
g ewn |
Gid thiét |
@ e | a' khodng cdach tit O dén (a) va d = R.
I
|

Keét luan (@) la tiép tuyén cua (O)

c¢) Néu mot duong thing di qua mot diém cha dudng tron va vubng
géc vCi ban kinh di qua diém dé thi dudng thdng néi trén la
tiép tuyén cia dudng tron.

* Duong thdng (a)

Gid thiét | * C thuéc (0).

* (a) L OC tai C.

_Ké't ludn (a) la tiép tuyén cia (O)

4) Hai tiép tuyén cit nhau
Dinh li
Néu hai ti€p tuyén cua mot duong tron cit nhau tai mot diém thi :
e Di€m d6 cach déu hai ti€p diem.
" o Tia ké tir diém d6 va di qua tdm dudng trdn ia tia phan gidc
cia gée tao bai hai tiép tuyén.
e Tia ké tir tam dudng tron va di qua diém dé la tia phan gidc
cia géc tao bdi hai ban kinh di qua hai tiép diém.
¢ Duong thing di qua diém dé va qua tdm dudng tron la dudng
trung truc cia doan thing néi hai ti€p di€m.
Tiép tuyén tai A va B cia (O) cdt

Gid thiét nhau tai M (A va B la tiép diém). a

* M1 = M» M<
Két ludn - -
: * 01 = 02

MO la trung true cua AB. B

*
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6)

5) Dudong tron ndi ti€p tam gidc

Dudng tron bang tié€p tam giac

* dudng phdn gidc cia cdc goéc

Pudng tron tiép xtc vdi ba canh
cua mit tam gidc goi la duong
tron ndi tiép tam gidc, con )

tam giac goi la tam giac ngoai

ti€p dudng tron. B<= H =
Tam cta dudng tron noi tiép tam gidc la giao diém cla cdo

dutrng phén gidc cua cdc gdc trong ctia tam gidc.

* AB, AC, BC la tiép tuyén ciia (I).
H, P, K la tiép diém

* JH = IK = IP = ban kinh cua (I)

* A7 = Az, By = B2, C; = Cg

Gid thiét

K6t lugn | PUong tron (1) noi tiép tam gide ABC.

Dudng trdn tiép xdc vdi mot canh cla mét tam gide va tiép xuc
v6i cac phan kéo dai cia hai canh kia goi 1a dud¥ng tréon bang
tiép tam gidc. |
Tam dudng tron bang ti€p trong géc A cia tam gidc ABC la
giao diém ctia dudng phan giac
trong cua géc A va dudng phan
gidc géc ngoai tai B (hoac tai
C), hosc 13 giao difm cia hai

ngoai tai B va C.
Moéi tam gidc c6 ba dudng tron bang tiép.

* BC, Ax, Ay la tiép tuyén cia (J).
L, M, N la tiép diém

Gid shit | yr . JM = JN = biin kink cda (1)
* A; = A2, By = B2, C; = C»
EKé’t _ Duong tron (J) la duong tron bang

tiép tam gidc ABC.
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1.

R. BAITAP

Tir diém A nim bén ngoai dudng tron (O ; 8cm) sao cho OA = 12em. Ké
tia Ax tao vdi AO mét géc 30°. Goi H 1a hinh chiéu cia O trén Ax.
Khang dinh nao sau day diang?

A. Tia Ax va dudng tron (O) khong ¢6 diém chung nao

B. Tia Ax va dudng tron (O) chi ¢6 mdt diém chung

C. Tia Ax va dudng tron (O) cé hai diém chung

. Cho dutrng tron (O ; R) va dudng thing a. Goi d 12 khodng céch tir

tam O dén a.
Pién vao ché tréng (..) dé duge cac khing dinh diung :

Vi tri tuong doi cua a va (0) | Sé diem chung | He thuc gitad va R

a va (O) cat nhau

d=R

.a va (0) khéng giao nhau R W

3.

Cho dutrng tron (O ; 5cm). Mot dudng thang di qua di€ém A nim ngoai
duobng tron cét dusng tron tai B va C sao cho AB = BC.
Ké dutng kinh CD. Tinh d¢ dai AD.

A. 10cm B. 12cm C. 15cm D. 16cm

. Cho dudng tron (O ; R), ban kinh OA, day CD la trung truc cia OA. Ké

tiép tuyén véi dudng tron (0) tai C, ti€p tuyén nay cit dudng thing
OA tai L

Khing dinh nao sau day dung?

A. AOAC 1a tam gidc déu B. Tt gidc OCAD la hinh thoi

C. CI=RyJ3 D. A), B), C) ddu ding
. Cho dudng tron (O ; R) va diém P nim bén ngoai dudng trdon sao cho

OP = 2R. K& hai tiép tuyén PM va PN v6i dudng tron.

Khéng dinh nao sau day sai?

A. MON =120° B. APMN la tam gi4c déu
C.MN =R D. A), B) ding ; C) sai

. Cho tam gidc déu ABC ngoai tiép dugng tron (O ; 2cm). Dién tich cha

tam gidc ABC bang :

A. 6cm? B. 12\f§cm2 C. 3—4@ cm? 10\'6 em?

D.
3
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7. Cho tam gidc ABC vubng tai A ¢6 AB = 6ecm, AC = 8cm ngoai tiép
dutong tron (I ; r). Tinh r.
A.2cm B. 2,5ecm C. 3,3cm D. 4,4cm
8. Xét bai todn : “Cho géec xAy (khdc goc bet) va ldy diém D tuy y trén
canh Ax. Hay néu cach dung dudng tron tdm O tiép xuac vdi Ax tai D
va tiép xuc v6i Ay”. Hay sdp xép moét cdch hop li cac cau sau dé dugc
1&i gidi cta bai todn trén.
a) Dung tia phan gidac At cua goc xAy cat d tai O
b) Dung dung tron (O ; OD). D6 la dudng tron can dung
¢) Qua D dung dudng thang d vudug goc véi Ax
d) Dung géc xAy khac géc bet va 1ay diém D trén canh Ax.
Sép x€p nao sau day hop li . d
A.c), b), a), d)
B. d),a), b), ¢)
C. d), c), a), b)
D. a), b), d), c)
9. Cho hinh thang ABCD ¢6 A =D=90° va B = 2C ngoai tiép dyufmg
tron tAm O : - v
Khing dinh nao sau diy sai?
A. Chu vi hinh thang ABCD bang hai lan téng hai canh day

B. AAOD la tam gidc déu

c. oB-EC
2

A

D. A), B), C) déu ding
10. Cho tam gidc ABC ngoai tiép dudng tron tAm I. Goi J 1a tdm dudng
tron bang ti€p trong goéc A tiép xic v6i BC, AB, AC theo thd tu tai D,
E, F. Khdng dinh nao sau day sai?
A.Ba diém A, I, J thang hang
B. AIBJ la tam giac vuéng
C. Bén diém B, I, C, J cung thudc mét dudng tron
D. A) va C) déu ding ; B) sai
DAP AN
Bai 1 2 3 10
Cau C X A D C B A C B D

=S
o
(o]
-3
o ]
w0

124



Van dé 4. V| TRi TUONG DOl CUA HAI DUONG TRON
A. KIEN THUC cﬁn NHG

E Ba w tri tuong d6i chia hai dudng tron
Xét hai duong tron (O; R) va (O’; r).
bat OO’ =dvagiastR>r

a) Hai duong tron cdt nhau tai hai diém

o Tinh chdt: Khi hai dudng tron cidt nhau
thi dudng noéi tdm la trung truc cla
doan néi hai giao diém cua hai duong
tron do (OO’ 1a trung truc cua AB).

e HéthicR-r<d<R+r

b) Hai duong tron tiép xic nhau

e Tinh chdt: Néu hai dudng tron tiép xic nhau thi ti€p diém nam
trén dudng ndi tdm (A 1a tiép diém = A € 00))

Tiép xuc ngoai Tiép xuc trong

d=R+r
¢) Hai duong tron khéng cdt nhau

Ngoai nhau Chda nhau Péng tAm

d>R+r d<R-r d=0

Izl Ti€p tuyén chung cla hai dudng tron

o Tiép tuyén chung cia hai dudng tron la dudng thidng tiép xdc vdi ca
hai dudng tron do.

a) Hai duding tron cét nhau c6 hai tiép tuyén chung ngoai (hmh a)
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b) Hai dudng tron ti€p xic ngoai c¢6 hai ti€p tuyén chung ngoai va
mot ti€p tuyén chung trong (hinh b).

¢) Hai dudng tron tiép xdc trong chi ¢6 mot tiép tuyén chung (hinh c).

d) Hai dudng tron ngoai nhau c6 hai tiép tuyén chung ngoai va hai
ti€p tuyén chung trong (hinh d).

e) Hai dudng tron chita nhau khéng c6 tiép tuyén chung.

f) Hai dudng tron dong tam khdng c6 tiép tuyén chung.

R. BAITAP

1. Cho hai dudng tron (O ; R) va (O’ ; R') cit nhau tai A va B.
Khéng dinh nao sau day ding?
A. AB la dudng trung truc cua OO0’
B. OO0’ 1a dudng trung truc cia didy AB
C. Ti¢ gidc OAO'B 1a hinh thoi
D. A), B), C) déu ding
2. Cho hai dudng tron (O ; 18cm) va (O’ ; 15¢m) cdt nhau tai A va B sao
cho AB = 24cm. Tinh 49 dai OO’.
A.llcm B. 13cm C. l4cm D. 15cm
3. Cho hai dudng tron (O) va (O’) cidt nhau tai A va B. Goi I la trung
diém cta OO’. Qua A vé dudng théng vudng géc véi IA cdt (O) tai C va
cdt (O’) tai D. So sanh AC va AD.
A.AC=AD B. AC < AD
C. AC> AD D. Khong so sanh dugc
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4.

Cho hai dudng tron (O) va (OQ’) ti€p xic ngoai tai A. Vé hai ban kinh
OM va O'N song song véi nhau thuéc cing mét nira mat phang c6 by
OO'. Tam gidc MAN la tam gidc gi?

A. Tam gidc can B. Tam gidc vudng

C. Tam gidc déu | D. Tam gidac vudéng can ,

Cho hai dudng tron (O ; 8cm) va (O ; 5cm) tiép xic ngoai tai M. Goi
AB 1a tiép tuyén chung cha hai dudng tron (A e (0),
B € (0). Tinh dé dai AB. (Lam tron két qua dén chir s6 thap phan
thit hai) o

A. 8,75¢cm B. 10,85cm C. 12,65cm D. 14,08cm

Goi O 1a trung diém ciia doan thidng AB. Vé cdc dudng tron
(O ; OA) va (B ; BA). Ké mét dudng thing qua A cdt hai dudng tron
(0) va (B) theo thu tu tai C va D.

Khéng dinh nao sau day dung?

A. Hai dudng tron (O) va (D) tiép xuc trong tai A

B.AC =CD

C.OC // BD

D. A)iB), C) déu ding

Cho hai dudrng tron (0) va (O’) cdt nhau tai A va B. Mot dudng thing
qua A (khdong di qua hai tadm) cét (O) tai C va cdt (O) tai D. Vé cic
dutng kinh AOE va AOF _

Khing dinh nao sau day sai? |

A.Ba diém E, B, F thidng hang B.EC / FD

' C.00 - —%EF | D. A), B) ding ; C) sai

9.

Cho hai dudng tron (O ; R) va (O’ ; R) cidt nhau tai A va B sao cho tdm
duyng trdon nay ndm trén Ang tron kia. Tinh theo R dién tich ti

gidc OAO'B |
2 2 2
o 2‘5 B. B f C. R2J5 p. B 2‘/5

Cho hai dutng tron (O) va (O’) tiép xdc ngoai tai M. Ké ti€p tuyén

chung ngoai AB va CD véi A, C thudc (O) va B, D thude (O)

Khing dinh nao sau day sai?

A. AIBD ~ AIAC | B. ABOD ~ AAOC

C.BD // AC D. A), C) ding ; B) sai
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10. Cho hai dudng tron (O ; 5em) va (O’ ; 3em) tiép xic ngoai nhau tai A.
Vé tiép tuyén chung ngoai BC (B.€ (0) va C ¢ (0). Vé dutng tron (I ;
r) tiép xdc véi BC tai M va tiép xac ngoai véi hai dudng tron (O) va
(O’) tai N va P. Tinh d6 dai r. (Lam tron két qua dén chir sé thap
phén thd hai) "
Khéng dinh nao sau day ding?

- A.0,75cm B. 0,95cm C. 1,24cm D. 1,83cm
DAP AN
Bai 1 2 3 4 5 6 7 8 9 10

Cau | B C A B C D C A D B

ON TAP CHUONG I

A.  KIEN THUC CAN NHO

STT Hinh vé "~ Néi dung
: o Tam gidc vuong thi noi tiép dudng tron
~ A (dudng trdon nay c6 tdm la trung di€ém
_ /'\  canh huyén va ban kinh bing nda canh
1 3 . huyén).

e Tam gidc ndi tiép dudng tron va ¢6 mot
canh 12 dudng kinh cia dudng tron thi
dé la tam gidc vudng.

_ B e Dudng tron la hinh cé tdm déi xdng.

2 e Tam cia dudng tron 1a tdm déi xing
cua dudng tron do.

e Dudng tron 1a hinh cé truc déi xing.

e Bat ki dudng kinh nao cia dudng trdon
ciing 14 true doi xing caa dudng tron dé.

e Dudng kinh nao di qua-trung diém cua
mot day thi vuong gée véi diy 4y va

dao lai.
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Hai day bang nhau thi cdch déu tdm va
dao lai
AB=CD < OH=0K

DAy 16n hon thi gan tam hon va déo lai.
AB>CD <« OH< OK
Puong kinh 1a day 16n nhét chia dutmg tron.

Khi dudng thdng (a) va dudng tron (O)
chi c6 mét diém chung thi ta bao :
» “Pudng thing (a) va dudng tron (O)
tiép xic nhau”
hay
“Putng thing (a) 12 ti€p tuyén cta dudng
tron (O)”
Piém chung H goi la tiép diém.

L ]

(a)

Néu mot dudng thang la tiép tuyén cla
dutng tron thi dudng thang dé vudng
géc véi ban kinh di qua tiép diém.

e Déo lai, néu mo6t duong thing di qua mot
‘diém cia dudng tron va vudng géc vdi
ban kinh qua diém dé6 thi dudng thing
néi trén 14 mot tiép tuyén cia dudng

tron

Néu mot dudng tron c6 hai tiép tuyén
cdt nhau tai mot di€m thi : :

a) Piém d6 cach déu hai tiép diém

(MA = ME!

b) Tia ké tir didm dé6 va di qua tam
dudng tron 1a tia phan gidc cia géc
tao bdi hai tiép tuyén (MO la tia phén
gidc cia géc AMB)

c) Tia ké tif tAm dudng tron va di qua
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diéem d6 1a tia phan gidc cha géc tao
bdi hai ban kinh di qua hai tiép diém
(OM la tia phan gidc cia géc AOB)

d) Pudng thing qua diém d6 va qua tAm

dutng trdon la trung truc cia doan |
thang noi hai tiép diém.
(OM la trung truc ctia AB)

 d = khodng cdch tu tém O dén duong

thdng (a).

' dvaR

Dudng tron (O) va
duong thing (a)

d<R Cét nhau (c6 hai diém chung)

Tiép xic nhau (c6 mét di€m
chung), dudng thang (a) la
mot tiép tuyén cba dudng
tron (0)).

d>R Khéng c6 giao diém.

10

e DPudng trdn ndi tiép tam gidc 12 dudng

tron ti€p xuc véi ba canh cia tam gide
(trong trudng hgp nay ta bao “tam gidc
ngoai tiép duong tron”).

Pudng tron néi ti€p tam gidc c6 :

Tam 1a giao diém c4c dudng phan giac
"céc gb6e trong cha tam gidc.

B4dn kinh bing khodng cich tif tdm
dung tron dén mot canh cha tam giéc.

11

Puding tron bang ti€p tam gidc 1a dudng
tron tiép xue v6i mot canh clia tam gidc
va tiép xic véi phan kéo dai cha hai
canh kia. '

Tam dudng tron bang ti€p trong géc A
1a giao diém cia dudng phén gidc trong |
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cua goc A va duong phan gidc goc ngoai
tai B (hodic tai C), ho#c 1a giao diém cia
hai duong phan gidc cua céc goc ngoai
tai B va C.

- MBai tam giac ¢6 ba duting tron bang tiép.

Vi tri tuong déi cia hai dugng tron (O; R) va (O’; r)

d = 00’ = D) dai doan néi hai tam cua hai duong tron

Hai dudng tron cit nhau (c6 hai giao
diém).
Piéukién R-r<d<R+r

Pudng néi tam hai dudng tron la dudng

trung truc ctGa doan théng néi hai
giao diém.

e Hai dudng tron cét nhau c6 hai tiép
tuyén chung (hai tiép tuyén chung ngoai).

13

Hai dudng tron tiép xuc nhau (c6 mot
giao diém)

e Diéu kién

a) Hai dudng tron ti€p xdc ngoai :

d=R+r |

b) Hai dudng tron tiép xic trong :

d=#-1r (R>r)

 Tiép diém nim trén duyng thing ndi
hai tAm.

e Tiép tuyén chung.

a) Hai dudng tron ti€p xic ngoai cé ba
tiép tuyén chung (mot ti€p tuyén
chung trong va hai tiép tuyén chung
ngoati).

b) Hai dudng tron tiép xic trong c6 duy

nhat mot tiép tuyén (chung ngoai).
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Hai dudng tron ngoai nhau (khéng c6
giao diém)
e DPiéukién d>R+r

14 ;
Hai dudng tron ngoai nhau c6 bén tiép

tuyén chung (hai ti€p tuyén chung

trong va hai tiép tuyén chung ngoai).
Hai dudng tron chda nhau (khong c6
diém chung)

e DPiéukién d<R-r

e Hai dudng trdon chia nhau khéng c6
ti€p tuyén chung.

15

2. RAITAP

1. Cho tam gidc ABC cin tai A n6i tiép dudng trdon tAm O. Goi D va E
theo thit tu 1a hinh chiéu cha O trén hai canh AB va AC.
Khéang dinh nao sau day dang?

A. OAB = OAC |

B. AADE cén tai A -
C. AO la duong trung truc cia canh DE

D. A), B), C) déu dang .

2. Cho dudng thdng xy. Tam O cia dudng tron c6 ban kinh 4cm va tiép
xtic v6i duting thing xy, tdm O nidm trén dudng nao ?
Khing dinh nao sau day ding nhat? _
A. O ndm trén dudng thing song song vdi xy
B. O n&im trén dudng thing song song vdi xy va cdch xy 4cm
C.0 ndm trén hai dudng thidng song song v6i xy va cung

cach xy 4cm '

D. A), B), C) déu sai

3. Cho dudng tron (O ; R) va diém P ndm ngoai dudng tron sao cho OP =
2R. Ké ti€p tuyén PM (M 1a tiép diém) va dudng thdng d vudng géc
v6i OP tai P. Goi N la giac diém cia tia OM va d. Tinh s6 do géc
ONP. : : .
A. 30° B. 45° C. an D. 90°
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4. Cho dudng tron (O ; 6cm) va day AB = 8/2cm . Puding thing qua O
vuong géc vGi AB cat ti€p tuyén cia (O) tai A & C. P66 dai cia OC
bang: ' »

A. 15cm B. 18cm C. 20cm D. 22cm

5. Cho tam giac ABC c6 dudng tron noi tiép tiép xic véi AB, BC, AC

theo th tu tai M, N, P, BC = a va chu vi bing p. Tinh AM theo a va p

A AM=p+a B.AM:p—z’ac.AM=2p-aD.AM=g-a

6. Cho dudng tron (O) va diém A e (0). Vé dudng tron tdm I duong kinh
OA va day AM cua (O) cét (I) tai N. Vé tiép tuyén cta (O) tai A cit tia
ON tai P. Khéng dinh nao sau day sai?

A. OP la dudng trung truc caa AM

~ B.A PAM la tam gi4c can
C. PM la tiép tuyén cia duong tron (O)
D. A), B) ding ; C) sai

7. Cho hai dudng tron ngoai nhau (0) va (O’). OA va OB 1a hai béan kinh
song song va cung chiéu véi nhau. AB cit dudng tron (O’) tai C. OA va
O’C c4t nhau tai I. |
Khéng dinh nao sau day ding nhat?

A. AIAC cén tai |

B.I la tAm cta mot dudng tron ti€p xuc ngoai vdi hai dudng tron (O)
va (0) |

C. A), B) déu ding

D. A) ding ; B) sai

8. Cho hai dugng tron (O ; 10cm) va (O’ ; 6cm) tiép xic ngoai tai M. Tiép
tuy€n chung AB (A va B 12 tiép diém, A € (O)) cdt duyng thdng OO’
tai C. P6 dai CO’ bang:

A. 16cm B. 24cm C. 28cm D. 34cm

9. Cho tam gidc ABC ¢6 B > C. Dudng tron (A ; AB) cdt canh AC tai M
va cdt tia déi cha tia AC tai N. Tu M vé MP song song vdi BN (P €
BC). Khdng dinh nao sau day ding?

A. MP - BM.tg 2—C B. MP - BM.tg 2+ C

C. MP = BN.tg(B -C) + D.A), B), C) déu sai
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10. Cho hai dutng tron (O) va (Q') tiép xuc ngoai tai A. Ké hai dudng
kinh AOB va AO’C. Goi MN 1la tiép tuyén chung cua hai dudng tron,
M e (0Ob N € (0). Goi D la giao .diém caa hai tia BM
va CN.

Khéng dinh nao sau day ding?

A. AMAN vudng tai A

B. T gide AMDN la hinh chit nhat

C. DA la tiép tuyén chung cua (O) va (07
D. A), B), C) déu ding

11. Xét bai todn: “Cho dudng tron (O;5cm) tiép xic véi dudng thang xy.
Hay néu cach dung dudng tron (I ; 3cm) tiép xic véi dudng thing xy
va tiép xic ngoai v4i dudng tron (0)”

Hay sdp xép mot cach hop li cdc cdu sau dé dude 11 gidi cia bai toan
trén.
a) Dung cung tron (O ; 8cm) cdt d tai I
b) Dung dudng thidng d song song véi xy va cach xy 3cm
c¢) Dung dudng tron (O ; 5cm) va tiép tuyén xy
d) Dung dudng tron (I ; 3cm)
b6 1a dudng tron cdn dung }:777 Y
Sdp x€p nao sau day hop i : d I :_
A.a), c),d), b)
B.b), a), ¢), d)
C.c), b), a), d)
D. A), B), C) déu khéng hop Ii

12. Cho hai diém A va B tiy y trén dudng trdn (O). V@ tiép tuyén xy tai
A, vé BH vudng géc v6i xy tai H. V& phan gidc ngoai tai B cia tam
gidc OBH cét tia AO tai C.Khéng dinh nao sau day ding?

A. Diém C thudc dudng tron (0)

B. Piém C nam bén trong dudng troén (0)

C. Piém C nim bén ngoai dudng trdon (O)

DAP AN
Bai | 1 10| 11 | 12
Cuw|D|C|A|B|/D/ D|C|B|A|D|C|A

N
w
<N
m_
(o))
-3
@
o
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HUGNG DAN GIAI
1. SU XAC PINH PUONG TRON

TINH CHAT POI XUNG CUA PUONG TRON
1. @ A), B), C) déu ding

2 -0

A. Qua mot diém ta vé duge vo s6 dudng tron (H.1)

B.Qua hai diém ta vé dudge vo s6 dudng tron, tam nhing dudng
tron dé déu thuoc dudng trung truc cia doan thang néi hai
diém da cho (H.2)

C.Qua.ba diém khong thidng hang ta vé dugec mot va chi mot
dudng tron. TAm dudng tron dé la giao diém céc dudng trung
truc cua cdc doan thang tao bdi ba diém d6 (H.3)

D. Qua ba diém théng hang ta khong vé duge dudng tron nao (H.4)

Ny

Hinh 1
C
Hinh 4
Hinh 3

3. (D) Nhic lai dinh Iy sau : o 3

a) Tam clGa dudng tron ngoai tiép tam gidc vudong la trung diém
cia canh huyén .

b) Néu mét tam gidc c6 moét canh 1a dudng kinh cua dugng tron
ngoai tiép thi tam giac d6 1a tam giac vubng
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4. (B) AAMB ndi tiép dudng tron (O) c6 AB 1a dudng kinh nén AAMB
vuéng tai M
Tu tam gidc AMB dudng cao MH, ta c6 :
MH? = HA HB (%)

Do HA = HO = lcm:%R

= HR oo - T LR
2 " 2 .
2
)= MH? - LR 3R -3 _ mu. [3B" _RV3
2 "2 4 1 2
2
Ta c6 : SAMB=~MHAB—EE£2R~RJ§
2" 2 2
' BC? = 62 = 36 1
5. @Tacé:[ ' s

lAf}z + AC? = (3,6)* + (4,8)® =36 (2

(1) va (2) = BC? = AB? + AC? = AABC vudng tai A
= BC la duong kinh dutmg tron (O ; R) ngoai tiép AABC

= RleCzl.fi:S(cm)
2 2

M

6. AMNP vu6ng tai M ngi tiép dutng
tron (O ; 10cm) nén canh
huyén NP la dudng kinh caa (O)
= NP = 20cm '
Tit AMNP ¢6 M = 90°, N = 41°. Ta c6 :
MN = NP.cos41° = 20.0,7547 = 15,0941 ~ 15 (cm)
MP = NP.sin41° = 20.0,656 = 13,1211 =~ 13 (cm)
CVyne = MN 4+ MP + NP = 15 + 13 + 20 = 48 (cm)
% @ Theo tinh chat hinh chit nhat: “Hai dudng chéo cia hinh chi
nhat bing nhau va cdt nhau tai trung diém cia méi duong”
e ABCD la hinh chi nhat (gt)
= 0A =0B = OC = OD
Do d6 O la tdm dudng tron di
qua A, B,C, D
e AABD vudng tai A noi tiép dudng tron
(O) nén BD la duong kinh cha (O).

1]
N4l
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Do d6 BD la truc déi ximng cua duong tron (O)
Ta c6 : BD = \;[ABQ + AD? = \J'JISQ +24% = /900 = 30 (cm)
Y\

= R :—I-BD :1.30:15cm
2 2

8. (D Tac:0P*=2%+1%= 5= OP= J5 ﬂ \P
Vay diém Pgam trén dudng tron (O ; V5) :

9. @ L&i gidi cua bai toan nhu sau : \.
~¢) Dung tam giac ABC

b) Dung d va d’ theo thd tu 1a dudng trung truc cia AB va BC, d
va d’ cdt nhau tai O

a) Dung dudng tron tdm O ban kinh QA
b6 1a duong tron ngoai tiép AABC can dung
(Xem hinh vé ¢ dé bai) X

10.(C) Ta 6 : |

e M va M’ d6i xiing nhau qua AB

= AB la dudng trung truc caa MM’ (1)

e AAOB vubng tai O (gt)

= AB la duong kinh cia 0
dugng tron (I) hay I € AB (2) B ¥
(Hva(2) =>IM=IM.MaMe()nénM e ()

=V

2. PUGNG KiNH VA DAY CUA DUGNG TRON
LIEN HE GIUA DAY VA KHOANG CACH TU TAM DPEN DAY

1. @ ' L
A.Tacé: AB L CD tail (gt) (1)
= IC = ID @ . N
(1) va (2) = AB la dudng trung truc 0 |
cua ddy CD = AC = AD= AABC can tai A
B. Tac6 : AC = AD (cmt)

= OE = OF (hai ddy bang nhau thi cdch déu tdm)
C.Tac): EA = EC (vi OE 1L AC) (3)
va FA = FD (vi OF L AD) (4)

(3) vA (4) = EF 1 dudng trung binh cia AACD = EF = %cn
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2. (B) Tir AOIM vuéng tai I, ta c6 :
MI = YyOM? - O12 = /342 _ 30%
= /256 =16 (cm)
Do OI L MI (gt) = MI = IN
- MN = 2MI = 2.16 = 32 (cm)

3. (A)Tac6 OH L AB (gt)

= HA =HB = -%AB :-;-.]9,2 = 9,6 (cm)

Tu AOHA vudng tai H, ta ¢¢ :
OA = JOH? ; HA?
- Ja.2? 9,6

'.,G:L_.:—l =12 (cm)

4. @Ta co :
e« I0=1B(gt) (1)
e IC=ID®iOBLCD) (2
« CD L OB (gt) (3)
(1), (2) va (3) = Ty gidc OCBD

1a hinh thoi (vi ¢é hai dudng
chéo vudng géc vdi nhau tai trung diém cia méi dudng)

* Ghi chi: Hoc sinh ¢6 thé ching minh AOBC va AOBD la hai
tam gidc déu dé suy ra OC = BC = BD = OD. Tir d6 suy ra ti
gidzc OCBD 1a hinh thoi

5. (A)Ta c6: AM / BN (cung vubng gbéc véi CD)
= Tu gidc AMNB 1a hinh thang vudng
Ta ¢6 : IC = ID (gt)

= 0I L CD (1)

= Ol / AM // BN
Trong hinh thang AMNB c¢é
OA = OB (gt) va OI // AM // AN

=>IM=IN" (2)

Tir (1) va (2) ta ¢6 OI vira 1a dudng cao, vifa 1a t-ung tuyén
cia AMON nén tam gidc nay can tai O
6. (D |
Ta cé : HA = HB (gt) => OH 1L AB
KC = KD (gt) = OK L CD
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Do: AB = CD (gt) = OH = OK

Hai tam gidc vuong OHP va OKP c6 ﬁ\

OP : canh huyén chung ; T, P
OH = OK (emt)

Do d6 AOHP = AOKP

—» PH = PK va OPH = OPK

7. (B) AMNP nai tiép d fong tron (O) ¢c6 canh MN 1a dutmg kinh cta (O)
=> AMNP vudéng .ai P

= NP = VMN® - MP? = 132 -12% = /25 = 5 (cm) ’
Tt AMNP duong cao PH. ta ¢6 :
PH.MN = PM.PN

PMPN 125
PH - Ry @
= MN 13 o)

Ta ¢6 : MN L PQ (gt) => HP = HQ
= PQ=2HP-=24,6=92(cm)

8. (A) Ve OM L AB = MA = MB = 12cm
Tit AOMA vudng tai M, ta c6 :

"} -
CosA= DM _12_4 .8 Ka3p
OA 15 b

AAOB c6 OA = OB = 15¢m
— AAOB can tai O = A = B = 37°
. = 0 =180° - 2.37° = 106°

' Vay cée gée trong AOAB la: O = 106°, A=B=37°
2AO 2R
9. (©Taco: Al=== =22 ﬁ m
A e rrmpg st T ﬁ H
= Ol=R - -25 = E
3 3

24
3
Tu AOCI vudng tai O, ta c6 : E

002 +OI2 =JR2 +[E)2 = JIORZ = R\/I_O
3

9 3

ACED noi tiép dudng tron (O) c6 canh CD la dudng kinh
= ACED vuéng tai E

139



Hai tam gidc vuong COI va CED ¢6 C chung
=5 AGOL ~ #CED = =0 . &
CE CD

_ cg.COCD _R2R _6R _3RV10
CI  RJIO Vi0o 5
== p
10. (D)'Ta c6 AABC cén tai A = AB = AC = OF = OF
| Hai tam giac vuong AOE va AOF c¢6 :

OA : canh huyén chung | F
OE = OF (cmt) = AAOE = AAOF Q)
b, Al - AQ (1)

(1) = AO la tia phan giac cuaa BAC
(2) = AAEF céan tai A

3. V] TRi TUONG POl CUA DPUONG THANG
VA DUONG TRON u
1. (O Tit AAOH vuong tai H, ta c6 :
OH = OA.sinA = 12.sin30°= 12.0,5 = 6 (cm)
= OH < R (ban kinh) A
Viy tia Ax va dudng tron (O)

cdt nhau tai hai diém
2. Dién vao cho trong () :

| Vi tri tuong ddi cta a va (O) | S6 diém chu%'—r_llé thue gia d va R
a va (0) cdt nhau 2 d<R
a va (0) tiép xac nhau | 1 d=R
a va (0O) khong giao nhau 0 | d>R
3. @ Ta cé6:

e AB = BC (gt) (1)
¢ ACBD noi tiép dudng tron (O)
¢6 canh DC 1a dung kinh nén
CBD = 90° hay DB L AC (2)
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(1) va (2) = DB la duyng trung tuyén déng thoi 12 dudng cao
cua AACD nén tam gidc nay can tai D = DA = DC = 10cm
4. (D

A.Goi J la giao diém cua OA va CD.
Do CD la dudng trung truc cia OA

=>CA=CO=R
Dods OA=0C=CA=R (1)
Vay AOAC la tam gidc déu

B. Chitng minh tuong tu trén, ta co :
OA=0D=AD=R (2)
(1)va(2)=0C=0D=AC=AD=R
Vay tit gide OCAD la hinh thoi

e Cdch khdc : Tacé: CD L OA (gt) (1)
JO = JA {gt) (2)
JC = JD (vi OA L CD) (3)

(1), (2) va (3) = OCAD la hinh thoi
C. Xét tam gidc OCI, ta c6 :
. 90° (ti€p tuyén vudng goc vGi ban kinh di qua tiép diém)
. 60° (vi AOAC déu) = CI =-OC.tgCOI = R.tg60° =R\/3
5. (© .

A.Ta ¢c6 PM L OM (tiép tuyén vudng géc v6i ban kinh di qua
tiép diém)
= OMP = 90°
Tit AOMP vudng tai M, ta c6 : <
OM R 1
cnsPOM:E)? R "5
= POM = 60°
Ta c¢6: POM = PON = 60° (theo tinh chat ciia hai tiép tuyén
c&t nhau). Do d6 : MON = 120°
B. Ta c6 : PM = PN (theo tinh chit clia hai tiép tuyén cit nhau)
— APMN can tai P (1)
Tit AOMP, ta ¢6 : O, + P, =90° = P, = 90° - 60° = 30°

OCI
COI

= P| =P, = 30° (theo tinh chat cua hai tiép tuyén cit nhau)

Dods MPN =60° 2)
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(1) va (2) = APMN 14 tam gidc déu

C. AOMN cén tai O, cé MON = 120° (cmt)

— OMN = ONM = 30° = MON > OMN = MN > ON

* Nhic lai : Trong mot tam giac canh déi dién vdi géc l6n
hon thi 16n hon

6. (B) Ghi nhd :
e Trong tam gidc déu ABC, dugng cao AH dong thoi la duong

7. @Dub’ng tron (I, r) ti€p xic vdi cdc canh
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phan gidc ctia-A , duong trung tuyén, dudng trung truc ciia BC.

e Do d6: Trong tam gidc déu ABC, diém O la tdAm dudng tron
ndi tiép dﬁng thoi la truc tdm, trong tdm, tdm aQudng tron
ngoai tiép cha clia tam gidc dé.

Tir d6 ta co : K}:K.;::a()” va AH = 3.0H = 6cm

AAHB vuéng tai H, ta c6: cos A; = %

AH 6 6 '
. cosA; cos30° @
2
=5 AB = AC = BC = 443 (cm) (AABC dédu) - C

Ta c6: Sppc = %.BC.AH - %.4\/5.6 - 1243 (em?)

AB, AC, BC theo thd tu tai M, N, P.
Ta da biét ti€p tuyén wvudng géc

v6i ban kinh di qua ti€p diém.
Dodé: IM LAB;IN LAC;IPLBC B P C

Ta c6: Spp = %IM.AB 1 %.r.AB (1)
1 1

Saic = 5 INAC = .r.AC (2)
. 1 1

SBIC = E IP.BC = 5 .r.BC (3)

Cong (1), (2) va (3) vé theo vé :

Sams + Saic *+ Spic = %.r(AB +AC+BC) (4)
SABC




Banes = %AB.AC = 6—; = 24 (em?)

BC = V6% + 8% = J100 =10 (cm)

(4) = 24 =%r{6+8+10}-—¢» r :'48:24 = 2 (cm)

Ma

8. (O Lui giai cia bai toan nhu sau :
d) Dung géc xAy khac goc bet va 14y diem D trén canh Ax.
¢) Qua D dung duﬁﬁg thing d vudng géc véi Ax
a) Dung tia phan giac At cua géc xAy cat d tai O
b) Dung dudng tron (O ; OD). Bé la dudng tron can dung
(Xem hinh vé & dé bai)
9.
e DPugng tron (O) tiép xic vdi cdc canh AB, BC, CLC, DA theo
tha tu tai M, N, P, Q
o B+C =180° (hai gbc trong
cung phia)
Do B =2C (gt)
= B =120° C = 60°
Theo tinh chat cia hai
tiép tuyén cit nhau, ta c6 :
e A =A,=D, =D, =45 (vi A=D=90°)
B, =B, =60°;C; =C; =30°
e AM = AQ. BM = BN, CN = CP, DP = DQ
A. Chu vi ciia hinh thang ABCD béng :
AB + BC+CD + DA=AM+ MB + BN + NC + CP + PD + DQ + AQ
= AM+MB+ AQ + BN + NC+CP +PD + DQ
‘ 2AB ) 2CD
= 2(AB + CD)
Vay CVascp= 2(AB + CD)
B. Ta cé : Kz = ﬁ; =45° (cmt) = AAOD vudng can tai O

C.Tacé: B, =60° C; =30° (cmt)
= ABOC vudng tai O hay ABOC bing nia tam gidc déu canh 1a BC,

ta thdy OB d6i dién véi goc G = 30° nén OB = %BC
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e Cach khac: Tir ABOC vuéng tai O, ta c6 :

sin C; = @- = OB =sin30°.BC = %BC

BC

A.I1a tam dudng tron ndi tié€p AABC nén I thude tia At 12 phéan
gidc caa géc BAC
J 12 tam dudng tron bang tiép trong goc BAC nén J thude tia At
Vay A, 1, J thdng hang vi cung thujc tia At

B. BI 1a phéin giac cua géc ABC va BJ la phén giac cua géc CBE
Ma ABC va CBE 1a hai géc ké bu nén BI L BJ
Vay -AIBJ vudng ¢ B

C. Tuong tu cdu B) ta c6 AICJ vuéng ¢ C
Hai tam gidc vudng IBJ va ICJ c6 chung canh huyén IJ nén noi
tiép dudng tron dudng kinh 1J
Véy B, I, C, J cung thudc mot dudng trdn

* Ghi nhd:

— Tam cha dudng tron ndi ti€p tam gidc 12 giao diém céc phan
gidc cua tam gidc dé

— Tam cha dudng tron bang tiép trong géc A cia AABC la giao
diém chia hai dudng phan gidc cdc géc ngoai tai B va C hoac
l1a giao diém cGa dudng phidn gidc géc A va dudng phan gidc
géc ngoai tai B (hodc C). V6i mot tam gidc cé ba dudng tron
bang ti€p
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4. V] TRi TUGNG POI CUA HAI PUGNG TRON

1. ®Tac6:0A=0B=Rva OA=0B=R
Do dé O, O’ thude dung trung truc cua day AD
Vay OO’ 1a dudng trung truc cia day AB -
* Chu y
Tac6 :0A=0B=RvaOA=0B=FR
Ma R =R (gt) > OA = OA, OB 2 OB
= AB khoéng phai la duong trung truc cia O’.
Tu d6 td giac OAO'B khong phai 1a hinh thoi
2. (©

Goi I la giao diém caa OO’ va AB
Ta ¢6 : OO’ 1a dudng trung true cia AB
AIO = AIO' = 90°

Nén

lAzIBz%.AB:m (i)

Tit AAIO vudng tai I, ta c6: OI = V132 -122 = J25 = 5 (cm)

Tir AAIQ’ vudng tai I, ta c6: O'1 = V152 - 122 = 81 = 9 (cm)
Dod6:00' =5+ 9= 14cm

5 ®

Ve OM L ACtaiM

ON L AD tai N

:NA:ND:%AD (2)

Hinh thang vuong OO'NM ¢6 : 10 = 10’ (gt) va IA / OM // ON
= MA = NA
(1) va (2) = AC = AD

1. ® |
AOAM cén tai O = AOM =180° - 24, (1)
AO'AN cén tai O' = AO'N =180° - 24, (2)
Cong (1) va (2) vé theo vé ta duoc :
AOM + AO'N = 360° - 2(A, + Aj)
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——— — 0 - ¥

O 2 = 360 (A02M+ AO'N) (3)
Ma AOM + AO'N =180°
(vi hai goc trong cung phia)

360° - 180°

(3)= A +A, = = 90°

Ta c6 : MAN =180° - (A, + A,) = 180° - 90° = 90°
Vay AMAN vudng ¢ A

5. ©

V& BC // 00’ (C e OA) (1)
Ta ¢6 OA // O'B

(vi cung vudng géc vé1 AB) (2)
(1) va (2) = OCBO' 13 hinh binh hanh
= OC = OB = 5cm va BC = 00’ = 13cm
Ta cdn ¢6 AC = OA - OC = 8 - 5 = 3 (cm)
Tiur AABC vudng tai A, suy ra:

AB = VBC? - AC2 =132 - 3% = 160 ~ 12,65 (cm)

6. D

) {A, O, B thing hang (1)

OB = AB-0A (2)
(1) va (2) = Hai dudng trdn (O ; OA)
va (B ; BA) ti€p xtGc trong ts_ii A
B. AABC noi tiép dudng tron (0)
¢6 canh AB 1a dudng kinh nén tam gidc nay vudéng tai C
= BC L AD = AC = CD |
C.Tac6é: OA=0B, AC=CD
= OC la dudng trung binh cia .ﬂ.ABD = OC / BD
* Céach khac : Ta c6 :
~ AAOC cén tai O = OAC=0CA (1)
— AABD can tai B = OAC = BDA (2)
(1) va (2) = OCA = BDA = OC / BD

146



7. (©

A. AABE noi tiép dugrng tron (O) ¢6 canh

AE 1a dudng kinh nén ABE = 90°

Tuong tu ta c6 ABF = 90° NO
= EBF = ABE + ABF = 90° + 90° = 180° N

Vay E, B, F thang hang wB i
B. Tuong ty trén ta c6 ACE = ADF = 90°
= EC 1CD,FD 1 CD
— EC // FD (cung vubdng goéc véi CD)
C.Ta c6: OA = OE va O'A = (S’F

—+ 00" 14 duibing trung bink eTaAKER o DO = %EF

8. (&

Tacé:0A=0B=0A=0B=R
— T4 gidc OAO’'B 1a hinh thoi

g 00’ AB
= BD0AOB < 9

AOAQO’ 1a tam gidc deu c6 Al 1a dudng cao.
o B = DAY B T M

2 2
2
DO d(:'ll 5 SvofB = RRN@ = it Jg
| 2 2
* Ghi nhéd:

Cho tam gidc déu canh a, duding cao h. ta c6 :

a3 _2m3 o a'3

2 2 4
. ® .
A.Theo tinh chdt cda hai tiép
tuyén cit nhau, ta cé :
IB=IDvaIA=IC
= Hai tam giac IBD va IAC
cung can tai |
Hai tam gidc can nay c6 géc & dinh chung 1a géc AIC.
Nén ching dong dang

h
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10.

148

B.—> By =A,=>90°-B, =90° -A, (vi B=A =90°)
B, A _
"Hai tam gidc cin BO'D va AOC c6 mot géc ¢ ddy bing nhau

(EI = K{ ) nén ching déng dang
C.Tacé: B, = A, (cmt)
Hai g6c nay & vi tri déng vi va bing nhau nén BD // AC

Gogi y cach giai : .
Qua I vé EF // BC, ta tinh dugc :

e BC=EF = J(R+R) -(R-R)* = 2JRR’

e IE=JR+1r?-(R-1? =2JRr

e IF =R +1?-(R -1)? = 2JRT

e IE + IF = EF -
Hay 2JRr + 2JR'r = 2JRR’

= Jr(JR + VR') = JRR'

= r(v5+3)? =5.3
15 15

= r= — = = 0,95 (cm)
8+2J15 15,75
Vay r = 0,95cm



ON TAP CHUONG It
1. D "

A. AABC can tai A
= AB = AC = OD = OE
AAOD = AAOE (ch_cgv)

— OAB = OAC

B.ODiAB::AD:DB:%AB

B ¢
OEJ_AC:>AE=EC=%AC M

= AD = AE (vi AB = AC) = AADE can tai A
C.Ta c6: AD = AE, OD = OE
= A va O thudc dudng trung truc caa DF
Vay AO 1a dudng trung truc cua DE
2 ©

Yo

0 0

d

Tam O cha tdt cd cdc dudng tron c¢6 ban kinh 4cm va tiép
xtic v6i dudng thidng xy nidm trén hai duong thidng d va d
song song vdi Xy va cung cach xy 4cm
(Hoc sinh tu ching minh)

3. @ Ta ¢6 :
PM 1 OM itié’p tuyén vudng géc véi
bén kinh di qua ti€p diém)
Tu AOMP vudng tai M, ta c6 :

, OM R 1 Ty
smOPM=E=Eﬁ=E = OPM = 30°
ma OPM = ONP (cung phu vé6i MPN)
Do d6 ONP = 30°
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4, (B) Tacé :
e OCLAB=DA=DB= 4/2 cm
e AOAD vubéng tai D, ta ¢6 :

OD = /62 - (4v2)% = V4 = 2 (cm)

o AC L OA (tiép tuyén vudng géc
v6i ban kinh di qua ti€p diém)

e AOAC vudng tai A, dudng cao AD
Ta c6 : OA? = OC.OD

0A2 g2
0 e S i A8 Com)
= oD 2 e

X

.
(

5. @ Theo tinh ch4t cha hai ti€p tuyén cit nhau, ta c6 :

AM = AP ; BM =BN ; CN =CP

P=AM+ AP + BM + BN +CN + CP

2AM 2BN 2CN
= 2AM.+ 2(BN + CN)
BC

=>2AM=p-2BC=p-2a
= AM =

6. D

A.Tac6: OP L AM (1) = NA=NM

—a

bo |

A
M
®
PR e
_ Na

(2)

(1) va (2) = OP la dudng trung truc cia AM (3)

B.(3) = PA = PM = APAM cén & P
C. Hai tam gi4dc OAP va OMP c6 :
- OP: Canh chung
PA = PM (cmt)
OA=0M=R
Do d6 AOAP = AOMP (c.c.c)
— OAP = OMP = 90° (vi OAP = 90°)
. =OMLPM

P

= PM 1a ti€p tuyén (M la ti€p di€m) cta dudng trdn (O)
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e Caich khac
Ta ¢6 OP la duong trung truc cia AM nén OP la truc d6i xding cha
ta giac OAPM

= OMP = OAP = 90° (vi OAP =90°)

= OM L OP

= PM 1a tiép tuyén (M la tiép diém) ctia dudng tron (O)

7. ©

A.Ta cé: » E{ = 1‘3“{ (so le trong)
e B, =C, (AO'BC can tai O
» C, =C, (d6i dinh)

= A;=C,

= AIAC c4n tai I .

B. Ta cé - {O, A, I thdng hang (1)
OI = OA + Al (2)
(1) va (2) = Hai dudng tron (I, IA) va (I ; OA) tiép xic ngoai
tai A
Tuong ty ta c6 hai dudng tron (I ; IC) va (O’ ; O'B) ti€p xic
ngoai tai C ' :
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Ta c¢é : O'B // OA (cung vudng géc véi AB)
Theo hé qua caa dinh li Ta-lét, ta c6 :

CO'_OB_6_3_ CO _ 3
CO OA 10 5 CO-CO 5-3
00’ 2

Do (0) va (O’) tiép xic ngoai tai M nén :
00'=0M + OM =10 + 6 = 16 (cm)
_CO' _3 16.3

(*) = =—=0C0'=—"=24 (cm)
16 2 2

9. @AMBN ndi tiép dudng tron (A), ¢6 canh MN la dudng kinh

nén vudng tai B

= BM 1 BN

= MP 1 BM (vi MP // BN)
Tu ABMP vuéng tai M, ta c6 :
MP = BM.tgMBP (1)
Tiu ABMC, ta c6 :
C + MBP = BMA = ABM (2)
ma ABM = ABC - MBP
(2) = € + MBP = ABC - MBP
— 2MBP = ABC - C

= MBP:#

(1) = MP = BM. th;_E

10. D)

A. Ching minh tuong tu bai 4 van dé 4 (vi tri tuong ddi cha hai
dudng tron), ta c6: AMAN vudng & A
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B. Ta ¢c6 AAMB vuong tai M va AANC vuéng tai N
— AMD = AND = MAN - 90°
Vay ti giac AMDN la hinh chir nhat
C. Hai tam giac OAI va OMI ¢6 :
Ol : Canh chung
OA = OM = bédn kinh
IA = IM (nuda duong chéo cha hinh chir nhat)
Do d6 AOAI = AOMI
= OAI = OMI = 90° (vi OMI = 90°) hay AI 1 OA
Viy Al la tiép tuyén chung cia hai dudng tron (O) va (O)
11.(C) Sau day 1a 15 giai cia bai todn :
¢) Dung dudng tron (O ; 5em) va tiép tuyén xy
b) Dung duding thang d song song véi xy va cach xy 3em
a) Dung cung tron (O ; 8cm) cdt d tai I
d) Dung dutng tron (I ; 3cm). D6 1a dudng tron can dung
(Xem hinh vé & dé bai)
12. (A) Ta c6: OA // BH (ciing vudng goéc véi xy)

=5 ?{; = ﬁ: (so le trong) X

ma X{ = E; (AOAB can tai Q)
-5 -5,
Hay BA 1a tia phan giac cua
goc OBH
Ta con c6 BC la tia phan giac
cua géc Obx (gt)
= BA 1L BC (vi OBH va OBx la hai géc ké bu)
Hay ABC = 90°
= AABC ndi tiép nia dudng tron (0) c6 AC 1a dudng kinh
Vay diém C n3m trén dudng tron (0)
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BE KIEM TRA HOC Ki I

(B$ dé tu luyén)

1. Biéu thic P = [~ wdc mh khi va chi khi

I. CAU HOI TRAC NGHIEM

x% -4 H
A.x>bvaxz-2 B. x>0vax=z2
C. x>20vax=+2 : D. x<Ovaxz-2
: i JA4 =T @4 +J7)
2. Rit gon biéu thie : Q =
- Q J2(1 + J7)
Khéng dinh nao sau ddy ding?
A2 B. 2 s D. 2
2 3 4 3

3. Cho hai dudng thing :
(Dy):y=Bm-2)x+n-5
Da):y=(1+2m)x - 2n + 1
(D) // (D2) khi va chi khi :

A.m:—r3,n=2 B_m:sjnx__%
C. m=3,n=#2 D.m:%,n¢—2

4. Giai tam gidc vudng ABC (A =90°). Biét B = 60°, AB = 4cm.
Khéng dinh nao sau day dung?
A. C =30° AC = 4V2cm, BC = 6cm
B. C = 30°, AC = 4y3cm, BC = 8cm
C. C =30°, AC = 4cm, BC = 6/3cm
D. AC = 4cm, BC = 8/3cm
5. Cho tam gidac ABC vudng tai A, dudng cao AH. Goi D va E theo thu tu
1a hinh chiéu cia H 1én AB va AC |

Khéng dinh nao sau day ding? L
A.AH = DE B. AB.AD = AC.AE

1 1 1
C.: = + D. A), B), C) déu dang -
DE? AB? AC? &
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II.

1.

PHAN TU LUAN
Giai phuong trinh :

7Jx -5 15

e
a) x2—6x+9:4 b) 3\”{*1:8

. Cho dudrng thang (D) :y = (3 - m)x + 4

a) X4ac dinh gia tri cda m dé (D) di qua diém P(- 1 ; 2)
b) Vé (D) véi gid tri ca m vira tim duoc

. Cho hai dudng tron (0) va (O') cit nhau tai A va B. Qua A vé dudng

 thang d song song véi OO’ cit (O) tai C va cit (O') tai D. Ti€p tuyén

cia (0) tai C va Lié€p tuyén cua (O") tai D cat nhau d M. Goi I 12 trung
diém cia BM. Ching minh rdng :

a) Ba diém B, O, C théng hang

b) Tam gidc ICD cén tai I

PE 2

CAU HOI TRAC NGHIEM
Rat gon bidu thite : M = (2 - V5)2 - (2 + VB)?

Khéing dinh nao sau day ding?
AM=-2/5 B.M=-4 C. M=2/5 D.M=4

2
. Tap nghiém ciia phuong trinh % +J20 =0 1a:
A.S = (- 10} B. S=1(0; J10}
C. S = {+10) D. S=0

Cho hai dudng théng :(D,): y =%x+2 va(Dy):y=x+ 1.

Toa d9 giao diém M cua (D) va (Dy) 1a :

A M-1;-2) B. M3;-2) C. M2:;-3) D. M-3;-2)

Pién céc tir thich hgp vao chd tréng :

A.Tam cia dudng tron cd bdn kinh 2cm ti€p xic ngodi véi  dudng
tron (O ; 5em) ndm trén ...

B. TAm cta duyng trdn ¢6 ban kinh 2em ti€p xic trong vé6i  dudng
tron (O ; 5cm) n3dm trén —
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. Cho dudng tron (O ; R) duong kinh AB, M 1a diém tuy y trén (0). Tiép

tuyén tai M cat hai tiép tuyén tai Ava Bd Cva D.

Khéng dinh nao sau day ding?

A. ACOD vubdng tai O B.AC + BD = CD
C.AC.BD = R? D. A), B), C) déu diing

II. PHAN TU LUAN

% (&—\/;)3+2x~f;+y\/_ 3{.]—_ ~¥)

1. Rit gon biéu thic
KJ—*'YM A=Y
(véix,y>ovax=y)
2. Cho ba dudng thidng: (Dy): v = — 3x ; (Do) y = x + 4 ;

(Dg): y = (2 — m)x + 1. X4c dinh gi4 tri cia m dé ba dudng thdng (D,),
(Ds), (D3) cdt nhau tao mot diém.

. Cho hai dudng tron (O) va (O’) tiép xic ngoai tai A. Tir 116t diém P

trén ti€p tuyén chung tai A, hai tiép tuyén PB va PC (B € (0), C ¢
(0"). Hai dudng thing BO va CO’ cit nhau tai D. Ching minh ring :
a) PB = PC

b) Bén diém P, B, D, C cung ¢ trén mot dudng tron

¢) PD la dudng trung truc clia doan thing BC

PE 3

I. CAU HOI TRAC NGHIEM

. Rat gon biéu thie: T =

. V6i gid tri nao cta x dudi day dé gia tri cia biéu thiec :

-3x-12
A.x<-4 B. x<4
C. x<-1 D. A), B), C) déu sai

1 1
7-4J24 +1 J7++24 -1

Khing dinh nao sau day ding ?

A Teos B. T--6 c T--Y8 p r1=0

J6 2

. Dudng théng (d) qua hai diém (0 ; 2) va (- 1; 0) 1a 46 thi cla ham sé:

=

Ay=-x+2 B. y=2x-2 _C.y=2x+2 D.y:—;-x-—l

156



4. Cho tam gidac ABC vuong tai A, duong cao AH = J5cm , AH chia canh
BC thanh hai doan hon kém nhau 4cm. P dai canh BC bing :
A. 5em B. 5,5cm C. 6cm D. 7,6cm
5. Cho tam gidc déu ABC ndi tiép dudng tron (O ; 6cm). Canh cha tam
gidc déu bang :
A. 3J2cm B. 4J/3cm C. 5vV2cm D. 6v/3cm
I1.PHAN TU LUAN
2m

1. Tim m dé do thi cia ham s6 y = (3 —?)x+?13- cét truc hoanh tai

diém c¢6 hoanh d6 x = - 3

2. a) Trén cung mdt mat phéng toa d6 vé db thi cia ham sd :
1 1
=—=—x+1va y=2x+ -
¥y 3 y 4

b) Tinh toa dd giao diém M cta hai dé thi trén
3. Cho hai dung thing :

(D) : y=[%+m)x—3n+2

(Dg):y=5mx +4
X4c dinh m, n dé :
a) (Dy) cdt (Dy)
b) (Dy) // (Dy)
¢) (D)) =(Dy) :
4. Cho ba dudng tron (O ; R) ; (O’ ; R’) va (O” ; r) véi r < R’ < R cling tiép
xuc véi dudng thdng xy va tiép xtc ngoai nhau tung déi mot. Ching
1 " 1
VR VR

1
minh ring : =
Jr
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